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    शोधसार

यस अनुसन्धान कार्यमा  जटिल प्रकृतिका ट्र ान्जिसन धातुहरुको अक्साईड र  तिनीहरुको सुपर
संरचनाहरुको संरचनात्मक, रसायनिक र यान्त्रीक स्थायीत्व तथा ईलेक्ट्र ोनिक, तापजन्यविद्युतीय र
प्रकाश-पे्ररित परिवहन (ट्र ान्सपोर्ट) को प्रकृति एवं चालक-अचालकताको अवस्था-संक्रमण (MIT)
सम्बन्धित मोडेल प्यारामिटरहरुको विषयमा डेन्सिटी फङ्सनल सिद्धान्त (DFT) र डाईनामिकल
मीन  फिल्ड  सिद्धान्त  (DMFT)  अन्तर्गतको  कन्टिन्यअुस  टाईम  क्वान्टम   मोंटे  कार्लो  (CT-
QMC)  मध्ये  हाईब्रिडाईजेशन  विस्तार  एल्गोरिदम  उपयोग  गरी  विभिन्न  भ्यानेडेट्स:  [(Ca1-

xSrxVO3)n, (La1-xSrxVO3)n र  (La1-xCaxVO3)n] तथा टाइटानेट्स:  [(Ca1-xYxTiO3)n,
(La1-xSrxTiO3)n र (La1-xCaxTiO3)n]  पदार्थहरुको विस्तृत अध्ययन तथा अन्वेशण गरिएको
छ । 

उर्जा न्यनूिकरण कर्भहरु, कोहेसिभ र फर्मेसन उर्जाहरुको ऋणात्मक मानको आधारमा ति  भ्यानेडेट
र टाइटानेटहरुको आधारभुत संरचना र सुपर–संरचनाहरुको संरचनात्मक र रसायनिक स्थायीत्व
रहकेो साथ ैतिनीहरुलाई प्रयोगशालामा संस्लेषण र निर्माण गरी जीवनोपयोगी प्रयोगमा ल्याउन समेत
सकिने  निस्कर्ष  निकालिएको  छ  ।  यसै  गरी  विभिन्न  मेकानिकल  प्यारामिटर  जस्तै  ईलास्टिक
कन्सट्यान्ट,  ईलास्टिक  मोडु्यलस,  पोइसन  तथा  पगका  अनुपातहरु,  काउची  दबाब  र
एनाइसोट्र पिक फ्याक्टरहरुका मानहरुको आधारमा, सम्पूर्ण अध्ययन गरिएका संरचनाहरुले यान्त्रिक
स्थायीत्वको प्रत्याभूति गर्दछन् । यि अध्ययनहरुले साइट-प्रतिस्थापित सुपर संरचनाका ईलास्टिक
गुणहरु तुलनात्मक रुपले  आधारभूत  संरचनाहरु भन्दा  न्यनु  देखिएका  छन्  तथापी  तिनीहरुको
उपयोग विभिन्न स्मार्ट  अनपु्रयोगहरुमा हुन सक्दछन्,  जस्तै मोट्र ोनिक अनुप्रयोगहरु  (न्यरुोमोर्फिक
कम्प्यटुिङ्ग, क्वान्टम कम्प्यटुिङ्ग, रजिस्टीभ मेमोरी, कृत्रिम न्यूरोन) तथा उर्जा संकलन अनपु्रयोगहरु
(फोटो  भोल्टाइक,  सौर्य  तथा  रडेियो  आइसोटोपीक  तापजन्यविद्युतीय  जेनेरटेरहरु,  फ्रिजर)को
प्रयोजनका लागि सदपुयोग गर्न सकिने निस्कर्ष निकालिएको छ। 

यहाँ DFT को अध्ययनको आधारमा, केही आधारभूत संरचनाहरु (CaVO3, LaVO3, SrVO3,
YVO3,  CaTiO3,  LaTiO3,  SrTiO3,  YTiO3)का प्राप्त तथ्याङ्कहरु प्रयोगात्मक अध्ययनको
तथ्याङ्कहरुसँग भन्दा सैद्धान्तिक अध्ययनसँग हाम्रो निस्कर्षहरु सहमत देखिन्छन् । हाम्रो गणनाले
CaTiO3 र  SrTiO3 हरुको  व्याण्ड  ग्याप  क्रमशः  2.76  eV  र  3.42 eV  सहित  व्याण्ड
अचालकका गुण देखाउछन्  ।  यसरी नै  CaVO3, SrVO3  र  YVO3 हरु चाहीं सह-सम्बन्धित
चालक गुण देखाउँछन् भने  LaVO3, LaTiO3, र YTiO3  चाहीं मोट-अचालकहरु देखिन्छन् ।
विशेषत:  साइट-प्रतिस्थापित सुपर-संरचनाहरु चाहीं  सह-सम्बन्धित चालक वा  अर्ध-चालक गुण
देखाउँछन् ।
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यसै  गरी  हामीले  DFT  तथ्याङ्कहरुको  प्रयोगगरी  DMFT  सहित  म्याक्सिमम  इन्ट्र ोपी  मोडल
(MEM)  को उपयोग गर्दै मोट ग्याप प्यारामिटरहरु विभिन्न आधारभूत संरचनाहरु र तिनीहरुको
साइट-प्रतिस्थापित सुपर-संरचनाहरु मध्ये भ्यानेडेट प्रणाली, CaVO3 (U =5.0 eV,  β=6.0 (eV )

−1

),  LaVO3 (U  =  4.5  eV,  β=8.0 (eV )
−1),  SrVO3  (U=2.5eV,  β=6.0 (eV )

−1),

La0.50Sr0.50VO3 (U = 4.0 eV, β=10.0 (eV )
− 1) / La0.40Ca0.60VO3 (U = 5.0 eV,

β=10.0 (eV )
− 1)  साथै टाइटानेट प्रणाली, LaTiO3 (U =4.0 eV, β=8.0 (eV )

−1), YTiO3

(U = 5.0 eV, β=10.0 (eV )
− 1), Ca0.33SrY0.67TiO3 (U = 5.0 eV, β=7.0 (eV )

− 1) /
La0.80Sr0.20TiO3 (U  =  3.2  eV,  β=10.0 (eV )

− 1)हरुका  MIT  मोडेल  प्यारामिटरहरु
कोष्ठमा उले्लखीत भए बमोजिम गणना गरिएका छन् । 

हाम्रा  साइट-प्रतिस्थापित  सुपर-संरचना  मध्ये  La040Ca0.60VO3 र  La0.80Sr0.20TiO3

प्रणालीहरुको मोट ग्यापहरु क्रमशः 0.73 eV (U = 5.0 eV, β=10.0 (eV )
− 1) र 0.74 eV (U = 3.2

eV,  β=10.0 (eV )
− 1) प्राप्त  भएका  छन्  ।  त्यसरी  नै  ति  दवुै  प्रणालीहरुको  क्वाजाई  पार्टीकल

सूचालकता चाहीं एकै मोडेल प्यारामिटरको सेट (U = 3.0 eV, β=6.0 (eV )
−1)  मा देखिएको

छ  ।  अर्कोतर्फ  La0.40Ca0.60VO3 प्रणाली  संवद्ध  एक  उच्च  तापमानको  क्वान्टम  क्रिटिकल बिन्दु
(QCP) को मोडेल प्यारामिटर (UC = 2.95 eV, βC=23.58 (eV )

− 1) देखिएकोछ । 

यसरी नै  बोल्ट्ज ट्रयाप एल्गोरिद्मको उपयोगगरी गणना गरिएको विद्युतीय चालकता,  तापजन्य
चालकता,  सि-वेक गुणाङ्क तथा तापजन्यविद्युतीय पावर फ्याक्टर  (TPF)  को आधारमा उले्लखित
सुपर-संरचनाहरु तापजन्यविद्युतीय अनपु्रयोगका लागि उपयोग गर्न सकिने प्रबल संभावना देखिएको
छ  ।  यस  खोजकार्यमा  प्रकाश-पे्ररित  परिवहन  सम्बन्धी  अध्ययनको  लागि  IR  -  UV  (0  –
20.0eV) रने्जको फोटोन उर्जा प्रयोग गरी डाईलेक्ट्रिक फङ्सन, अपवर्तक सूचकांक, ELOSS
फङ्सन,  अवशोषण,  परावर्तन,  समरुल तथा  प्रकाशजन्य चालकताहरुको  अध्ययनबाट उपरोक्त
पदार्थहरु प्रकाश-पे्ररित उपकरण तथा परिवहन कार्यमा उपयोग हुन सक्ने निस्कर्ष  प्रस्तुत गरिएको
छ । 
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ABSTRACT

To unravel the structural, chemical and mechanical stabilities, electronic, thermoelectric,

and optically driven transport properties of pristine and site-substituted complex tran-

sition metal oxides (titanates and vanadates), we have employed the density functional

theory (DFT) and the dynamical mean field theory (DMFT) approach. The continuous

time quantum Monte-Carlo (CT-QMC) with hybridization expansion technique is used

as impurity solver of DMFT and the maximum entropy model (MEM) is employed

for analytic continuation (AC). The study also investigates the metal insulator phase

transition (MIT) of the strongly correlated electronic materials by analyzing the variation

of spectral density with onsite Coulomb interaction (U) and thermodynamic parameter

(β).

Here, the structural, chemical, and mechanical properties of vanadates: (La1−xSrxVO3)n,

(Ca1−xSrxVO3)n and (La1−xCaxVO3)n, and titanates: (La1−xCaxTiO3)n, (La1−xSrxTiO3)n

and (Ca1−xYxTiO3)n systems studied using the first-principles based calculations. The

energy minimization curves, and negative values of cohesive energy (CE) and forma-

tion energy (FE) reveal their higher structural and chemical stabilities, indicating that

these pristines and the site-substituted vanadates and titanates are chemically stable

and viable for laboratory synthesis. The modulus of elasticities, Poisson’s and Pugh’s

ratios, anisotropy factor, and Cauchy pressure of the systems indicate their mechanical

stabilities and the results suggest that superstructures are elastically weaker than pristine

systems.

The DFT calculation shows the pristine CaVO3, SrVO3, LaVO3, LaTiO3,YTiO3, YVO3

and all the superstructures are metallic/semiconducting in nature which contradicts the

experimental information, whereas resembles with other theoretical calculations. The

pristine SrTiO3 and CaTiO3 found to be band insulators with band gaps 3.42 eV and

2.76 eV respectively, which resembles closely to other available information. For the

realistic picture of electronic structures, DMFT approach (CT-QMC data) along with

MEM are employed and found that MIT parameters for pristines and superstructures

of vanadate systems are mentioned in the parentheses, CaVO3 (U = 5.0 eV, β = 6.0

(eV)−1), LaVO3 (U = 4.5 eV, β = 8.0 (eV)−1), SrVO3 (U = 2.5 eV, β = 6.0 (eV)−1),

LaSrV2O6 (U = 4.0 eV, β = 10.0 (eV)−1) and La0.4Ca0.6VO3 (U = 5.0 eV, β = 10.0
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(eV)−1), respectively. Similarly, the DMFT results of pristines and superstructures of

titanate systems are also computed (mentioned in the parentheses) as, LaTiO3 (U = 4.0

eV, β = 8.0 (eV)−1), YTiO3 (U = 5.0 eV, β = 10.0 (eV)−1), LaSrTi2O6 (U = 4.7 eV, β =

6.0 (eV)−1), La0.8Sr0.2TiO3 (U = 3.2 eV, β = 10.0 (eV)−1) and CaxY1−xTiO3 (U = 5.0

eV, β = 7.0 (eV)−1), respectively, and found to be consistent with other results.

The analysis of characteristic sharp quasi-particle peaks reveal that vanadate, La0.40Sr0.60VO3

and titanate, La0.80Sr0.20TiO3 superstructures show metallic phases in same set of MIT

parameters, (U = 3.0 eV, β = 6.0 (eV)−1).

The set of Mott quantum critical point (QCP) for La0.40Ca0.60VO3 system is observed

for an elevated temperatures at (UC = 2.95 eV, βC = 23.58 (eV)−1). The clear Mott

gaps for La0.40Ca0.60VO3, and La0.80Sr0.20TiO3 are computed as 0.73 eV (U = 5.0 eV,

β =10.0 (eV)−1) and 0.74 eV (U = 3.2 eV, β =10.0 (eV)−1), respectively.

The BoltzTraP calculations show that La0.40Ca0.60VO3 and La0.80Sr0.20TiO3 systems have

peak values of electrical conductivities (2.11 × 1020 (Ω.m.s)−1, 3.75 × 10 20 (Ω.m.s)−1), and

thermal conductivities (1.54 × 1015 W/(m.K.s) and 2.68 × 1015 W/(m.K.s) ), respectively,

at room temperature (300 K) for a given chemical potential (µ = −0.14eV ). Both have the

larger Seebeck coefficient (S), and thermoelectric power factor (TPF) indicating that

these superstructures are better candidate for thermoelectric applications. The study of

Seebeck coefficient and Hall coefficient reveal that the thermoelectric phase transition

occur due to the site-substitutions of the superstructures.

The photo-induced behaviors of materials in IR-to-UV regions, including visible region

are investigated using the dielectric function, index of refraction, ELOSS function,

absorptivity, reflectivity, optical conductivity and sumrule. The Drude peaks result

support the model parameters (U and β) of DMFT calculation for the optically driven

MIT in La0.40Sr0.60VO3 and La0.80Sr0.20TiO3 superstructure systems.

Finally, the study of the MIT model parameters and diverse phase diagrams help us to

fabricate these materials to design Mottronic devices (neuromorphic computing, quantum

computing, resistive memory devices and artificial neurons), and energy harvesting

devices (photovoltaics, solar and radioisotope thermoelectric generators and freezers).
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CHAPTER 1

INTRODUCTION

1.1 Introduction

In this work, the stability, electronic transport, and thermoelectric and optically induced

behaviors of the site-substituted complex transition metal oxides: (La,Sr)TiO3/(Ca,Y)VO3,

that include band insulators, Mott insulators, semiconductors and correlated metals are

examined through theoretical and computational approach. These materials are complex

chemical systems with strongly correlated electronic systems due to their couplings

of various degrees of freedoms (charge, spin, orbital, and lattice interactions). The

site-substituted superstructures of complex transition metal oxides (TMOs) in the var-

ious dimensions and morphologies harbors many promising materials of exotic novel

behaviors.

To understand these phenomena, we need to probe the scientific philosophy of physical

sciences in relation to their communities for the benefit of society as a whole. P.W.

Anderson introduced the concept of "More is Different" to explain the complex behaviors

(Popper, 1957; Anderson, 1963). The complex physical systems exhibit exotic behaviors

beyond their microscopic constituents, and there are no simple rules or principles to

examine and predict larger assemblies of matter. Physicists use fundamental laws of

nature to describe natural phenomena. The theory of broken symmetry no doubt help

to interpret and explain these phenomena (Kuhn, 2012). The scale change impact the

understanding of physical phenomena, requiring a different set of fundamental rules and

laws. As for example, the general theory of relativity is crucial for cosmological scales,

while quantum mechanics is important for atomic and subatomic scales.
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1.1.1 Philosophy of the Present Study

The theoretical physicists employed systematic studies to draw logical conclusions,

while majority of the experimental physicists sought emergent behavior in complex

interactions (Losee, 2001; Kuhn, 2012). Kuhn’s normal science paradigm shift (Popper,

Figure 1: The various complex systems evolve through self-organization as the fundamental cause of
emergentism (Sayama, 2015).

1957; Feyerabend, 2017) embraces new standards for right and wrong, emphasizing the

importance of science and technology for human civilization and global justice. Emergent

behavior in physical systems is a complex phenomenon involving various academic

disciplines and complex interactions (Conway, 1970; Anderson, 1972; Bar-Yam et al.,

1998). Emergentism in philosophy explores larger entities’ behaviors through interactions

with smaller, simpler entities, based on the belief in emergence phenomena (Fig. 1)

(Sayama, 2015). Human knowledge has evolved through observation, experimentation,

and trials and errors methods. Philosophers and scientists study various aspects of the

world, including the tiniest quarks to the structure of our universe with the help of a

suitable model (Popper, 1957; Kuhn, 2012) and a testing environment with reasonable

defining parameters are necessary.
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Apart from the fundamental knowledge and philosophical insights, TMOs (Byrd et al.,

1995) have a diverse variety of technological applications, such as dielectrics, ferro-

electrics, magnetic and Mottronics applications. TMO surfaces/interfaces (Dong et al.,

2008; Saeed et al., 2014) play critical roles in catalysis, sensing, fuel cells, and photo-

voltaics. Their conduction qualities range from insulators to semiconductors, metals to

superconductors, and they are sometimes found in the same superstructures.

The complexity of TMOs electronic structures presents significant challenges in physics,

especially in the Hubbard model. The electron-electron interaction in the 3D shell

produces complex correlation phenomena, making early solid state physics difficult to

understand. TMO bulk and surface crystal structures are complex, with dislocations,

defects, and vacancies. Proper lattice positions and theoretical calculations on defect

sites are required to handle and manage these flaws.

Here, we performed the dynamical mean field theory (DMFT) and the maximum entropy

model (MEM) to investigate transport properties and other physical properties of pristine

and site-substituted complex TMOs.

1.1.2 Strongly Correlated Electronic System

Electronic correlations are a fascinating field in condensed matter physics, involving the

interacting electronic systems, which cannot be described by Slater determinants of the

Hartree-Fock (HF) method.

The MIT occurs when electron-electron Coulomb repulsion limits delocalization to

lower kinetic energy. Correlations are the dependence of an object or event on another,

affecting its energy. The techniques to address the correlation effect include upgrading

DFT methods to local density approximation (LDA) plus Coulomb interaction (U),

DMFT and many more (Silver et al., 1990; Vaugier et al., 2012; Rozenberg, 2019).

Mathematically, correlation is a mathematical quantity describing the variation of corre-

lated objects between any two random variables X and Y (Arfken et al., 2011; Vaugier

et al., 2012; Rozenberg, 2019), the expectation value of XY can be expressed as,

E[XY] = E[X]E[Y] + cov(X,Y) (1.1)
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which is not the product of expectation values, where cov(X, Y) 6= 0 "measures" the

degree of correlation between X and Y.

cov(X,Y) = E[(X− E[X])(Y − E[Y])] (1.2)

In physics, the charge density for an interacting system (Vaugier et al., 2012; Rozenberg,

2019). For the interacting system,

〈n(ri)n(rj)〉 6= 〈n(ri)〉 〈n(rj)〉 (1.3)

This is because electrons interact via the Coulomb interaction and the Pauli principle.

Electronic correlations are physical effects beyond static mean-field theories, incorpo-

rating electron interactions through an effective background potential. These approx-

imations preserve the single-particle approximation, as the Hamiltonian is effectively

non-interacting after being determined self-consistently.

Tight-binding approximation (TBA) model (Martin, 2004; Vaugier et al., 2012; Rozen-

berg, 2019) of atomic chain can be expressed as,

ĤTB = −t
∑

〈i,j〉,ω

ĉ†i,σ ĉj,σ (1.4)

where 〈i, j〉 denotes a summation exclusively.

The hoping integral derived from the summation of nearest-neighboring sites (Imada

et al., 1998; Vaugier et al., 2012) is,

t =

∫
〈φσ(r− a)|Ĥ|φα(r)〉dr (1.5)

Hamiltonian decreases exponentially with the lattice spacing a. A Fourier transformation

may be used to solve this Hamiltonian, resulting in the dispersion.

ε(k) = −2tcos(k.a) (1.6)

The system is metallic at half-filling with a single electron per site, crossing the Fermi

level at k = (n+ 1) π
2a

. As lattice spacing increases, band width falls.
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The TBA model assumes electrons are closely bonded to individual atoms, with atomic-

like orbitals overlapping nearby orbitals. The underlying mechanism of transport events

is dictated by the fundamental component of the physical parameter of the materials

under consideration. The charge interaction parameter, (U/t), and spin-orbit coupling

parameter, (λ/t) are the major parameters for metal-insulator phase transitions (Vale et al.,

2018), where t is the electron hopping parameters see (Appendix-I).

As a preliminary observation, the problem of electronic interactions differs greatly

between isolated atoms and atoms in solids. The main distinction is the potential

of non-local and long-range screening inside solids, which significantly reduces the

effective Coulomb repulsion between electrons (Imada et al., 1998; Vaugier et al., 2012).

Condensed matter theories encounter basic concerns about how strong the screening is

and how to account for it in models. The insertion of the well-known Hubbard parameter

U in the single-orbital Hubbard-Kanamori-Gutzwiller model (Hubbard, 1963) were the

early attempts for this purpose.

An effective Coulomb interaction (U) parameter, setting at a lower order of magnitude

than the bare atomic interactions due to screening. It represents the Coulomb energy

cost for inserting and removing electrons at the same atomic site or to the difference

in affinity and ionization energy (Fig.2) (Vaugier et al., 2012), as represented by the

following equation,

U = E(dn+1) + E(dn−1)− 2E(dn) (1.7)

The Hubbard U parameter represents the total energy of a system with n electrons filling

the d shells of an atom. It has evolved from a local intra-orbital parameter to a more

general on-site, inter-site, and interaction parameter.

Figure 2: Schematic representation of electron addition and removal from a given atomic shell (Vaugier
et al., 2012).
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TMOs and related superstructures are being explored for smart materials due to their

rich behavior of complex interactions. These interactions are governed by local broken

symmetry, electrostatic coupling, charge transfer, strain of various external fields resulting

in novel emergent phenomena (Held, 2007).

In recent years, the nanoscale materials’ with low-dimensional structure acts as a fasci-

nating field of research in various scientific and technological disciplines. Quantum ma-

terial interfaces and superstructures engineering have potential applications in everyday

life, including smart device applications based on oxide interfaces, organic superstruc-

tures, van-der-Waals superstructures, and electrostatically constructed superstructures

(Nekrasov et al., 2005; Gibert et al., 2012).

To examine the filling and band control Mott MIT, the ideal cubic phase of LaVO3 is

electronically reconstructed to a supercell, La1−xCaxVO3 (x = 0, 0.40, 0.60, 1). The

study of quantum-matter superstructures and their applications will be a highly rewarding

and exciting field of modern science and technology for decades to come (Zubko et al.,

2011).

The DFT often fails to represent strongly correlated systems (SCS) and DMFT relies on

identifying suitable models for specific materials, with effective dynamical single site

lattice models being popular to address the problem (Kotliar & Vollhardt, 2004; Held,

2007). The successful theoretical explanation of strongly correlated materials relies on

judicious integration of ab-initio electronic structure and advanced numerical many-body

theory, like DMFT (Hirsch & Fye, 1986; Georges et al., 1996).

Furthermore, a comprehensive study of electronic and atomic reconstructions of super-

structures of two different TMOs with various site substitution of Ca-atoms in LaVO3

supercell is investigated for the novel properties of correlated system (Metzner & Voll-

hardt, 1989; Rubtsov et al., 2005; Saeed et al., 2014). The DFT with DMFT can be

used to study Mottronics devices, including resistive switches, sensors, memory devices,

qbits, magnetic storage and etc. (Paudyal et al., 2006; Palczewski et al., 2008; Kaphle

et al., 2015). It is used for theoretical examinations of materials like TMOs, with the

Hubbard satellite prediction being a significant success. The CT-QMC is a family of

stochastic algorithms that extends the entire partition function of a system as a sequence

of Feynman diagrams to solve the AIM at finite temperature. Wick’s expansion is used
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to convert time ordered group diagrams into determinants, and the resultant series are

stochastically summed up using Markov chain Monte Carlo. The quantum impurity

problems explain the behavior of a magnetic impurity placed in an electronic bath (host)

in general.

The Anderson impurity model (AIM), representing an infinite-dimensional lattice system

with an impurity randomly interacting with the surrounding electronic bath, is effective

for understanding magnetic impurities in metallic hosts. This approach can be used to

solve lattice models like the Hubbard model at half filling (Kotliar & Vollhardt, 2004;

Vollhardt, 2012). The filling control method and band control method are used in the MIT

in the La1−xCaxVO3 system (Maiti et al., 2004). The filling control method involves the

substitution of holes or electrons, while the band control method involves site substitution

of La -ion with Ca -ion. These experimental methods provide valuable insights into the

complex behavior of the system (Blaha et al., 2002; Sevik, 2010).

The transport coefficients are extremely important for predicting and designing novel

materials in a variety of domains, including superconductors, transparent conductors,

transparent insulators, intermetallic phases, and efficient thermometric materials. Be-

cause of the weak orbital overlap, TMOs have narrow conduction band (CB), with

localized electrons having low carrier mobilities.

TMOs are potentially recognized as thermoelectric (TE) materials with a scalability for

higher temperatures, in addition to the fact that perovskite materials are advantageous for

the construction of high efficiency solar cells (Walia et al., 2013; Shi & Jayatissa, 2018).

They have higher Seebeck coefficients (S), lower the electronic part of thermal conduc-

tivity (κ). For the pristine CaVO3 and LaVO3 and their superstructures, we estimated the

Hall coefficient (RH), molar specific heat capacity (C), magnetic susceptibility (χ), and

so on (Chuang et al., 2001; Nekrasov et al., 2005; Sevik, 2010).

In addition to their electronic and thermoelectric properties, the elastic properties of

TMOs is another avenue of exploration. Knowledge and understanding of their behavior

under severe constraints of high pressure and temperature environments are crucial for

new advances and innovations in materials in contemporary technologies of various

fields(Reinle-Schmitt et al., 2012).
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There are several approaches of DMFT that can be employed, including CT-QMC

(Werner et al., 2006; Gull et al., 2007), numerical renormalization group (NRG) (Bulla

et al., 2008), exact diagonalization (ED), and others (Imada et al., 1998). The electronic

structure of undoped and doped LaVO3 was investigated for Mott-Hubbard splittings

(Georges et al., 1996; Kowalski et al., 2019). Mott-insulators with strong repulsive

interaction between electrons can be altered by chemical doping, strain, and external

field application (Imada et al., 1998; Janod et al., 2015). This electronic phase transition

leads to MIT, resistive switching (RS), ferroelectrics, and superconductivity. Researchers

are working on smart electronic devices with ultrafast switching rates and low power

consumption (Inaba et al., 1995; Nekrasov et al., 2005).

Indeed, the computational physics emerged out from the computers’ ability to solve

intractable physical problems, making it a speciality and reality (Chatterjee et al., 2019).

The MEM, based on Bayesian statistical inferences (Jarrell & Gubernatis, 1996; Bergeron

& Tremblay, 2016), is used to reconstruct noisy and oversampled quantum Monte Carlo

(QMC) data. This technique can investigate the Mott-Hubbard MIT of TMOs materials

(Parragh et al., 2012; Prezioso et al., 2015).

In many-body problems, the electronic Green’s function (GF) is typically estimated in terms of

imaginary-time or Matsubara frequency using numerical methods such as QMC. The imaginary-

time GF, G(τ ) is related to the spectral function (SF), A(ω) via a Laplace transform, (iων → ω),

also known as the analytic continuation. A little change in G(τ ) correlates to a large difference

in A(ω) during its computation, possibly leading to the unphysical situation. That is, the simple

inversion of the integral computation is proven to be ill-posed causing a higher numerical noise,

resulting in some unphysical situations (Gull & Skilling, 1984; Silver et al., 1990).

The MEM, which is based on the conditional probabilities to obtain the most probable spectrum,

is one of the main mathematical tools for solving such problem. Maximum entropy method

efficiently solves optimization issue assuming default Gaussian probability distributions (Guber-

natis et al., 1991; Jarrell & Gubernatis, 1996; Yoo et al., 2005). Well-designed quantum matter

heterostructures are environmentally friendly and commercially viable. Studying structural,

electrical, and electrical properties using theoretical models like DMFT, DMRG, and CT-QMC

can reveal emergent phenomena like MITs, TC superconductivity (Calandra & Gunnarsson, 2002)

and much more.
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Theoretical study on the Hubbard model’s electric-field-driven breakdown of a Mott

state agrees with an intuitive explanation for the beginning of transition (Stoliar et al.,

2017). In all pristine and superstructures of TMOs, the Mott mechanism facilitates the

transition from a low resistance state (LRS) to a high resistance state (HRS) and vice

versa (Rückamp et al., 2005).

Mott insulators are a class of strongly correlated materials with a variety of emergent new

properties that make them suitable for designing artificial neurons for neural networks.

This can be accomplished by exploiting the RS that happens in these materials in the

presence of an external field (Von Neumann, 1986; Janod et al., 2015; Stoliar et al.,

2017). The Mott-FET, which serves as a paradigm for a new category of electronic

devices in the Mottronics family, employs the MIT as its fundamental mechanism i.e. a

transition from LRS to HRS or vice versa. Intensive research is now being undertaken to

control the mechanisms that rely on voltage, strain, pressure, and optical stimulations

(Kravtsov et al., 2011; Yao et al., 2020).

One of the fundamental aims of thermoelectric research is to improve the efficiency of

various heat-to-electricity conversion technologies. The current goals in this field of

study is to create unique and smart material systems with increased conversion efficiency

(Hicks & Dresselhaus, 1993; Honda et al., 2002; Bell et al., 2009). The ground breaking

work of Hicks and Dresselhaus inspired the concept of decreasing dimensionality to

increase the figure of merit for the best values in bulk materials (Hicks & Dresselhaus,

1993; Hirayama et al., 2012).

With the motivation of above mentioned examples and methodologies, we have em-

ployed the first-principles based self-consistent calculations for investigating the relevant

properties of complex TMOs materials. This work intends to investigate the various

properties of various pristines and site-substituted superstructures of titanates (LaSrTi2O6,

LaCaTi2O6, La1−xSrxTiO3 and Ca1−xYxTiO3), and vanadates (Ca1−xSrxVO3, LaSrV2O6,

La1−xSrxVO3 and La1−xCaxVO3) systems.

Furthermore, we also extended our work to investigate the influence of cation site-

substitutions on MIT of compounds using DFT and DMFT along with MEM. The

theoretical insights regarding CT-QMC technique along with the analytic continuation

(AC) through MEM for the various behaviors of the materials has also been described.
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1.2 Rationale of the Study

There are several models and procedures that used to uncover and modify the physi-

cal phenomena of TMOs and their superstructures, including site-substituted hetero-

superstructures (Bell et al., 2009). TMOs are complex quantum materials with correlated

Figure 3: The schematic of rationales for the study of TMOs and its superstructure as quantum materials
(Imada et al., 1998; Tokura et al., 2017; Zunger & Malyi, 2021) .

electronic systems, involving charge, spin, orbital, and lattice interactions. These struc-

tures exhibit unique novel properties due to competing phase transitions in all dimensions

and morphologies (Fig. 3) (Imada et al., 1998; Tokura et al., 2017; Zunger & Malyi,

2021). In order to compute the realistic picture of electronic structure of strongly corre-

lated electronic system and study the Mott-Hubbard MIT, we used self-consistent DMFT

calculations (CT-QMC hybridization technique) (Georges et al., 1996; Kowalski et al.,

2019). Spectral density (SD) distribution was computed using CT-QMC data through the

MEM for statistical inferences (Shao et al., 2017).

The chemical doping, strain, and external field application can change the strong repul-

sive interaction between electrons in Mott-insulators (Imada et al., 1998; Janod et al.,

2015). In fact, ferroelectrics, superconductivity, MIT, and RS are all the outcome of this
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electronic phase transition. Researchers are developing smart electronic gadgets with

extremely fast switching speeds and little power usage (Nekrasov et al., 2005; Xue et al.,

2013; McNally et al., 2019).

These materials have direct applications in modern smart devices, including Mottronics

(resistive switches, sensors, actuators etc.); memory devices (qbits; magnetic storage,

resistive memory devices, artificial neurons etc.); thermoelectric devices (generators,

freezers etc.); and other diverse functional materials (Dong et al., 2008; Pickett et al.,

2013; Yao et al., 2020; Zunger & Malyi, 2021).

In this study, we have used the standard DFT and DMFT along with MEM to explore

the electronic transport behaviors, and thermoelectric and optically driven transport

properties of the pristines and the electronically reconstructed superstructures of vanadate

and titanate systems.

Research Gaps

The present study is focused to go more insight into theoretical models and to work on

the research gaps obtained from the literatures, viz.

• There is a lack of systematic study of the various properties of pristine and site-

substituted superstructures of titanates and vanadates.

• There is a minimal study of the effects on Mott-Hubbard band splittings of cation

site-substitutions of various proportions of cations in the superstructures of titanate

and vanadate systems.

• There is lack of study of thermoelectric and optically driven transport properties

of site-substituted superstructures of titanates and vanadates for predicting and

designing efficient energy devices.

The systematic and comparative study of the model parameters for MIT phase transitions and

other properties of these complex TMOs are crucially important for tunability for the Mottronics

devices, quantum and neuromorphic computing devices, resistive memory devices, machine

learning devices and energy harvesting devices.

To explore the above research gaps, we are motivated to work on system’s properties like stability,

electronic transport, thermoelectric and optical conductivity, and tuning behaviors to gain deeper

insights.
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1.3 Objectives

The objectives of the present study are organized as follows:

1.3.1 General Objective

Investigation of Transport Properties of Site-substituted Superstructures of Complex

TMOs: (La,Sr)TiO3 /(Ca,Y)VO3.

1.3.2 Specific Objectives

1. Study of the various stabilities of pristines and site-substituted superstructures

of titanates: [LaSrTi2O6, LaCaTi2O6, La1−xSrxTiO3 and Ca1−xYxTiO3], and

vanadates: [Ca1−xSrxVO3, LaSrV2O6, La1−xSrxVO3 and La1−xCaxVO3] systems.

2. Study of the electronic transport, and thermoelectric and optically driven trans-

port properties of pristines and site-substituted superstructures of titanates and

vanadates.

3. Study of Mott-Hubbard band splittings of the pristines and their site-substituted

superstructures for investigating its tunability of MIT parameters.

1.4 Organization of Study

The thesis entitled "Investigation of Transport Properties of Site-substituted Superstruc-

ture of Complex TMOs: (La,Sr)TiO3/(Ca,Y)VO3", comprised of the following six

chapters:

Chapter-1: The first chapter presents a brief introduction to the scientific philosophy

and methods of doing science in connection with the research objectives. Motivation

and rationale of study of the SCS in relation to the investigation of MIT, including other

physical properties of the TMOs. It also provides the research gaps of the present study.

Chapter-2: This chapter deals with the review of findings of previous work related

to present study. This provides the idea of various properties of TMOs, and their

superstructures, synthesis process, and their applications. The research questions to be

done with motivation have described which ultimately provides the concept to develop

and modify the objectives of the present study.
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Chapter-3: We present the general theoretical methods, the extended methodology for

the ab-initio study of pristine TMOs and their superstructures. The theoretical back-

ground (DFT, DMFT, MEM and others) for the investigation of structural, mechanical

stability, electronic transport including Mott-Hubbard metal insulator transitions (MIT),

and thermoelectric transport and optically influenced transport properties are discussed.

Chapter-4: The overall results of present calculation with physical reasoning are

explained within this chapter. This explanation includes the study of the structural,

chemical, mechanical stabilities in one section whereas the detail explanation of the

electronic transport properties are given in next section before thermoelectric and

optically driven transport properties of the strongly correlated pristines and their site

substituted superstructures of titanates and vanadates systems respectively.

Chapter-5: The conclusion and recommendations chapter contains the conclusions of

main finding of the present work. Further, what can be done in future is recommended

as a further research possibilities.

Chapter-6: Summary contains the key points of findings of the present work in brief

which describes whole idea of our research work.

Finally, we have included the references, appendices, publications, and participations in

the last portion of the thesis.
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CHAPTER 2

LITERATURE REVIEW

The TMOs are strongly correlated electronic systems with strong electron-electron

interactions comparable to or greater than kinetic energy. These class of quantum

materials unequivocally harbors a large number of novel smart behaviors, which are

extremely useful for the current and future technological needs. In this study, we examine

the structural, chemical, mechanical, electronic transport and other physical properties

of the complex TMOs, which is mainly focused on the investigation of Mott-Hubbard

MIT of these materials. The metallic phase of the Hubbard model (d→∞) is used to

investigate quasi peaks and Hubbard bands in these systems, using generic properties

on the single-impurity Anderson model and self-consistency condition. We are actually

motivated to do this research work based upon the following chronologically ordered

literature reviews as follows.

Thermal issues are a significant limiting factor in complementary metal oxide semi-

conductor (CMOS) scaling, causing over half of electrical failures. Thus, studying

thermal management and logic flow concurrently is crucially important for system-level

approaches (Bar-Cohen, 1987).

The concept of maximum entropy using the Bayesian statistical inferences were intro-

duced by Jarrell et al. (1996), for the analytical continuation of QMC data to analyze the

strongly correlated system (Jarrell & Gubernatis, 1996). The effect on metal insulator

transition (MIT) of materials through filling control, band control, dimensionality, va-

cancy effects, etc. were investigated theoretically and experimentally on various TMOs

(Titanates/Vanadates/Ruthanates/Manganates/Nickelates/Cuprates) (Imada et al., 1998).

Sachdev, in 1999, investigated the competing ground states in low dimensions and

nonzero temperature dynamic features around QCP using a simple model for correlated
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systems in a two-dimensional square lattice electron gas (Sachdev, 1999). Inoue et al.

(2002), used a detailed de Haas-van Alphen effect of the perovskites for testing the

electronic structure calculations in a 3d TMOs through experimental and Fermi surface

study of the cubic perovskite structures (Inoue et al., 2002).

Sekiyama et al. (2004), studied Sr1−x CaxVO3 systems using the bulk photoemis-

sion spectra and the LDA + DMFT with non-perturbative technique (Sekiyama et al.,

2004). Piskunov et al. (2004) studied the electronic structures using HF and DFT with

B3PW, B3LYP correlations for the titanates of (Ba,Sr,Pb) and compared the band gaps

(Piskunov et al., 2004). Ohtomo et al., in the same year, studied polar discontinuities

at hetero-interfaces in crystalline materials, which cause local atomic and electronic

structures, impacting electron mobility in LaAlO3/SrTiO3 systems (Ohtomo & Hwang,

2004; Nazir et al., 2015). By the same year, Maiti et al. investigated the electronic and

transport properties of La1−x CaxVO3, for x= 0.4 and 0.5, studied using the experimental

method (polycrystalline samples were prepared from stoichiometric amounts of predried

La2O3,CaCO3, and V2O5 and characterized by EDAX, XRD, XPS etc.) (Maiti et al.,

2004).

Ferrero et al. (2005), studied the Mott MIT in infinite dimensions using Gutzwiller

variational wave function and dynamical mean-field theory, which was compatible with

various scenarios, including narrow-gap semiconductors and semimetals (Ferrero et al.,

2005). In the same year, Rückamp et al., investigated the competition between orbital

fluctuations (for dominant exchange coupling) and crystal field effect (CFE) splitting

(for dominant coupling to the lattice) at low energies (Rückamp et al., 2005).

Held (2007), investigated the realistic picture of electronic structures of SCSs using

LDA + DMFT (IPT, NCA etc.) and experimental (PES, XAS etc.) for the various

titanates/vanadates/ruthanates systems (Held, 2007). In the same year, Haule studied the

electronic structures of SCS through computational method (DMFT within full-potential

method (Haule, 2007). Dong et al. (2008) studied the metal-insulator physics of early

TMOs (ABO3 type with rare earth using the DFT + U and DFT + DMFT approaches,

with an emphasis on p-d covalency. This led to the metal-insulator phase diagrams for

materials.
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All deep-space probe power sources use thermoelectric (TE) generators like radioisotope

thermoelectric generator (RITEG) and solar thermoelectric generator (STEG) to convert

heat generated by nuclear fissile materials and solar radiation to electricity. Many

low-power devices, such as hearing aids and wrist watches, use micro-thermoelectric

generators (Ryu et al., 2010; Kanatzidis, 2010; LeBlanc, 2014).

The theoretical analysis of Matsubara GFs of quantum impurity models, based on

Legendre orthogonal polynomials, revealed that their direct representation is more

compact, enabling the development of a systematic technique for filtering out Monte-

Carlo noise in physical quantities (Boehnke et al., 2011). Hirayama et al. (2012),

studied the band structure of LaAlO3/SrTiO3 interfaces with strongly entangled bands.

For transition metal-oxide heterostructures, the effective Hamiltonian parameters are

computed using a multi-scale ab-initio approach for correlated electrons and a constrained

random phase approximation (Hirayama et al., 2012; Gandolfi et al., 2017; Santana

et al., 2020). In the same year, Vaugier et al. investigated the materials with strong

electronic Coulomb interactions to compute the local effective Coulomb interaction

matrix, and Hund’s exchange J in TMOs (Vaugier et al., 2012). For mapping the

electronic reconstruction at the interface in LaVO3/SrVO3 heterostructures, the Pulsed

Laser Deposition, HAADF-STEM, STEM-EELS etc. were employed (Tan et al., 2013).

Mahmood et al. (2014), investigated the high thermopower at ambient temperature in

n-type AgNbO3 compared to AgTaO3 utilizing FP-LAPW + LO approach employed

by the BoltzTraP code in the DFT framework (Mahmood et al., 2014). The resistive

switching (RS) in a narrow gap Mott insulators ( V1−xCrx)2O3 , Ni(S,Se)2 , AM4Q8 )

and correlated systems are studied experimentally for designing and testing artificial

neuron (Von Neumann, 1981; Janod et al., 2015; Fournier et al., 2020).

Benedict et al. (2016), examined the essential TE parameters of LaCoO3 (Benedict et al.,

2016), the influence of the exposure of electron beam on various characteristics were

investigated. Transparent conductive oxides (TCOs) of perovskite type are promising

candidates for photovoltaic applications (Zhang et al., 2016; Jellite et al., 2018). ABO3

perovskite oxide with material modification via doping will enhance the conductivity. By

mixing and doping materials, the ideal TCO with improved transparency and electrical

resistivity (crucial optoelectrical characteristics) were obtained (Zitko et al., 2013; Riza
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et al., 2016). Tunability of electron-electron interaction could be useful tool in simulating

quantum devices. Complex oxide hetero-structuring method are used to store qubits

or perform gate operation in quantum computing systems (Zhong & Hansmann, 2017;

Ohshima et al., 2017). Topologically protected qubits or hybrid systems (e.g., N-V

centers) with quantum wires for superconducting qubits are feasible.

It is demonstrated that strongly correlated metallic perovskites are a novel family of

materials with high potential for RS applications due to their inherent MIT features,

which enhance a robust volumetric RS effect. The artificial neuron can be achieved by

taking use of the RS that happens in the correlated materials in an electric field (Pruschke

& Bulla, 2005; Feng & Lam, 2011; Stoliar et al., 2017). Eisenlohr et al. (2019), studied

the Mott quantum criticality in the Hubbard model (Vale et al., 2018; Eisenlohr et al.,

2019) using the DMFT, power-law spectra, and scaling (analytically and numerically).

Madsen et al. (2018), described that the BoltzTraP algorithm interpolates band structures,

calculates semi-classical transport coefficients, explores thermoelectric transport proper-

ties using linearized Boltzmann transport equation (BTE) (Madsen et al., 2018). The

thermoelectric phenomena is a method for converting waste thermal energy into useful

electricity without the need of hazardous chemicals such as CFCs or other components

for cooling the environment (Adewale et al., 2018; Wang et al., 2019).

Nanowires can effectively satisfy the criteria for high performance thermoelectric devices

(Dominguez-Adame et al., 2019). Experimentally grown set of 6 nm thick samples of

high-quality, surfaces namely LaNiO3 on LaAlO3 (LNO/LAO), NdNiO3 on LaAlO3

(NNO/LAO) and NdNiO3 on NdGaO3 (NNO/NGO) using CSD method and characterized

with C-AFM, STM, TEM, PPMS (Gonzalez-Rosillo et al., 2020). The upconversion

(UC) emissions and their ambient dependencies of SrTiO3 polycrystals co-doped in

Er3+ and Yb3+ at different substitution sites were investigated using the experimental

synthesis and characterizations with XRD, PLE (Shin et al., 2021).

Ronchi et al. (2021), reported that the MIT are the basic mechanism for Mottronics

to regulate MIT via voltage, strain, heat, and light stimulations (Ronchi et al., 2021).

Resistive Random Access Memory (RRAM) are promising candidates for universal

memory in future devices due to their excellent scalability, endurance, retention, and

switching speeds, surpassing current technologies like Flash and Dynamic RAM.
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Beck et al. (2023), have investigated the thickness dependence of electronic reconstruc-

tion within the LaVO3/SrVO3 layers. The layer dependent spectral weight at Fermi level

as well as the layer dependent t2g occupations as a function of Coulombian interaction,

U parameter (Beck & Ederer, 2023).

Based upon the above literature review, we are motivated to focus our study on the

structural, chemical, mechanical stabilities, and thermoelectric and optically induced

transport properties of pristines and site-substituted titanates: CaTiO3, LaTiO3, SrTiO3,

YTiO3, LaSrTi2O6, LaCaTi2O6, Ca0.33Y0.67TiO3 and La0.80Sr0.20TiO3 systems, and the

vanadates: CaVO3, LaVO3, SrVO3, YVO3, (La1−xSrxVO3)n, (Ca1−xSrxVO3)n and

(La1−xCaxVO3)n, systems, which are useful for the tuning behaviors TMOs materials

for all smart devices of current and future technological needs.
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CHAPTER 3

MATERIALS AND METHODS

3.1 Theoretical Background

To comprehend the microscopic behaviors of a material, one must address the atomistic

level of investigation, where the individual identity of electrons is ignored. The basic

methodologies for studying their desirable properties varies depending on their atomic

or molecular organizations. We have used the standard DFT for the stability, electronic

transport properties, and optical properties, whereas the DMFT along with the DFT

data for studying the metal-insulator phase transition using MEM. We also perform a

complementary calculation using the MEM for the realistic representation of DMFT

data. The quantum mechanical method of the many body SWE represents the electronic

structure (properties) of a material made of numerous interacting nuclei and electrons

(Martin, 2020).

3.1.1 The Many-Body Schrödinger Equation

The Hamiltonian for the Schrödinger wave equation for a many-body system with

electrons and nuclei (Born & Oppenheimer, 1927) is,

Ĥ = − ~2

2me

∑
i=1∇2

i + 1
2

∑
i6=j

e2

|ri−rj| −
1
2

∑
i,I

ZIe
2

|ri−RI|

−∑I
~2∇2

I

2MI
+ 1

2

∑
I6=J

ZIZJe2

|RI−RJ|
(3.1)

where the indices I, J sum over all nuclei, whereas i, j sum over the electrons with me

and MI representing the masses of electron and nucleus, respectively (Fig. 4).

In short, the equation (3.1) can be expressed as,

Ĥ = T̂e + V̂ee + V̂Ne + T̂N + V̂NN. (3.2)
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Ionic Core

Electron

Figure 4: The schematic representation of interacting ionic cores and electrons in many-body system
(Martin, 2020).

where,

T̂e = − ~2

2me

∑
i=1∇2

i : K. E.of electrons

V̂ee = 1
2

∑
i 6=j

e2

|ri−rj| : Electron and electron Coulomb repulsion energy

V̂Ne = −1
2

∑
i,I

ZIe
2

|ri−RI|
: Electron and nuclei Coulomb attraction energy

T̂N = −∑I
~2∇2

I

2MI
: K. E of nuclei

V̂NN = 1
2

∑
I 6=J

ZIZJe2

|RI−RJ|
: N-N Coulomb repulsion energy

If ψ(RI, rI) is the complete w.f. of the system, so that the Schrödinger equation becomes,

Ĥψ(RI, rI) = Eψ(RI, rI) (3.3)

The Schrödinger equation is exact but unachievable due to a high computational cost.

Born and Oppenheimer proposed the Born-Oppenheimer approximation (BOA) in 1927

to overcome such problems and separate nuclear and electronic motion, providing

essential information for solving the Schrödinger equation (Ashcroft & Mermin, 1976;

Martin, 2020).

3.1.1.1 Born-Oppenheimer Approximation (BOA)

In BOA the nuclei are assumed to be at rest, compared to electron motion calculated

using the Schrödinger equation. An external potential is generated by nuclei, separating
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the wavefunction into nuclear and electronic components (Born & Oppenheimer, 1927)

as,

ψ(RI, rI) = χ(RI).φ(RI, rI) (3.4)

where χ(RI) represents nuclei and φ(RI, rI) represents electronic parts of the wavefunc-

tion. The electronic portion of the Hamiltonian comprises of interacting electrons under

the influence of a static external (nuclear) potential as given by,

Ĥe = − ~2

2me

N∑

i=1

∇2
i −

1

2

∑

i,I

ZIe
2

|ri −RI|
+

1

2

∑

i 6=j

e2

|ri − rj|
. (3.5)

Hence, the Schrödinger equations for the interacting nuclear part of Hamiltonians can be

written as,
[
−
∑

I

~2∇2
I

2MI

+ V̂(RI)

]
χ(RI) = E′χ(RI) (3.6)

The energy eigenvalues of a system with interaction potential, V(RI), are parametrically

dependent on nuclear positions. It can be obtained by solving equations (3.3), which

can be used to solve nuclear motion. The energy of the system can be approximated

using these solutions (3.6). There are various approaches for using independent particle

approximation, viz. (a) the wave-function method and (b) density-functional theory

method. We discuss Hartree (Hartree et al., 1939; Perdew et al., 1996) and Hartree-

Fock (Fock, 1930; Eschrig, 1996) approximations within the wave-function approach.

3.1.1.2 Hartree Approximation

D. R. Hartree (Hartree et al., 1939) was the first to create independent electron approxi-

mation, in which electrons are uncorrelated except for the Pauli-exclusion principle. Each

electron moves under the effective potential of average Coulombian interactions, and the

overall w.f. of electrons is the product of N one-electron w.f., Thus, the many-body wave

function may be expressed as,

ψH(r1, r2, · · · , rn) = φ1(r1)φ2(r2), · · · , φn(rn) (3.7)
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The total energy can be computed as,

ĤψH(r1, r2, · · · , rn) = EψH(r1, r2, · · · , rn) (3.8)

The self-consistent variational approach is used to find the solutions. Although the

Hartree’s principle helps in reducing the complexity of the interacting many electron

system, it ignores antisymmetric electronic wave-functions and does not account for

exchange and correlation energy.

3.1.1.3 Hartree-Fock Approximation

Hartree-Fock (HF) theory introduces anti-symmetric electronic wave function for the

inclusion of spin degree of freedom (Fock, 1930; Hartree et al., 1939; Löwdin, 1955),

where the wave functions are expressed in terms of single Slater (Slater, 1951; Becke,

1993) determinant of N different orbitals with spin indices, σi as,

ψHF =
1√
N!

∣∣∣∣∣∣∣∣∣∣∣∣

φ1(r1, σ1) φ1(r2, σ2) · · · φ1(rn, σn)

φ2(r1, σ1) φ2(r2, σ2) · · · φ2(rn, σn)
...

...
...

φn(r1, σ1) φn(r2, σ2) · · · φn(rn, σn)

∣∣∣∣∣∣∣∣∣∣∣∣

(3.9)

Hence the Hamiltonian equation in the form of φi(r) becomes (in Hartree units),

(
−∇2

2
+ V̂ext

)
φi(r) +

∫
d3r

′ 1
(|r−r′ |)

∑
j6=i φ

∗
j (r

′
)φj(r

′
)φi(r)

−∑j 6=i φ
∗
j (r

′
)φi(r

′
)φj(r)δsisj

= εiφi(r). (3.10)

This Hamiltonian includes exchange potential, which is defined by,

V̂X = −
∑

j6=i

1

|r− r′|φ
∗
j (r′)φi(r

′)φj(r) (3.11)

The Hartree-Fock approximation (Fock, 1930; Hartree et al., 1939; Löwdin, 1955), which

incorporates Hartree and exchange terms in screening potential is,
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[
−∇

2

2
+ V̂ext + V̂sc

]
φi(r) = εiφi(r) (3.12)

with

V̂sc = V̂H + V̂X

The 1st and 2nd terms on l.h.s. of equation (3.12) consists of electron kinetic energy

and electron-ion interaction energy, respectively, and 3rd term represent the electrostatic

interactions between electrons, including self-interaction.

The equation excludes the self-interaction term, following the Pauli-exclusion principle.

The electron correlation, crucial in systems, is not included, which can be taken as E0
exact

- E0
HF . Hartree and Hartree-Fock approximations are useful but require to handle a

large number of variables (3N degrees of freedom) and need of a high computational

cost. DFT, based on the Thomas-Fermi model, is an alternative approach for solving

many-electron wave-functions with a single electronic density variable, extracting all

information from electronic wave-functions.

3.1.1.4 Thomas-Fermi-Dirac (TFD) Model

Thomas and Fermi used electron density to solve interacting particle systems (Thomas,

1927; Fermi, 1928; Dirac, 1930), allowing the total energy as the functional of electron

density with external potential Vext(r) as,

ETF[n(r)] = C1

∫
(n(r))5/3d3r +

∫
Vext(r)(n(r))5/3d3r

+1
2

∫ ∫ n(r)n(r′)
|ri−rj| d3rd3r′ (3.13)

The 1st term on r.h.s. of equation (3.13) relates the KE of non-interacting electrons

in HEG (in atomic units, me = e = ~ = 4π
ε0

=1) with C1 = 3
10

(3π2)2/3. The 2nd

term represents Coulomb interaction between nuclei and electrons, and the last term,

called Hartree energy, which represents electrostatic Coulomb repulsion energy between

electrons.
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The kinetic energy of HEG can be derived using KE density information by summing

up all the free - electron energy states, εk = k2

2
up to the Fermi wave vector, kF =

[3π2n(r)]1/3 as,

T0[n(r)] =
2

(2π)3

∫
4πk2dk = C1(n(r))5/3 (3.14)

The interchange and correlation of electrons were ignored in the Thomas-Fermi model

(Thomas, 1927; Fermi, 1928; Dirac, 1930). Later that year, Dirac expanded the local

exchange term with C2 = -3
4
( 3
π
)1/3 and hence the TFD equation expressed as,

ETFD[n(r)] = C1

∫
(n(r))5/3d3r +

∫
Vext(r)(n(r))5/3d3r

+
1

2

∫ ∫
n(r)n(r′)

|ri − rj|
d3rd3r′ + C2

∫
(n(r))4/3d3r (3.15)

Minimizing energy functional (3.15) for all possible n(r′) with
∫

n(r′)dr′ = N can obtain

ground state energy and density.

Although the Fermi-Dirac model is credited for developing the notion of density-

functional theory, it lacks information on shell structures of atoms and molecular binding

energy. In this context, It fails to describe electrons in solids.

3.1.1.5 Hohenberg-Kohn Theorems

The Hohenberg-Kohn (HK) theorems (Hohenberg & Kohn, 1964) are fundamental

building blocks of modern DFT, establishing density as the basic variable in interacting

particles subjected to external potentials. There are two HK theorems described here

under,

Theorem I : The non-degenerate ground state electron density determines the external

potential, Vext(r) uniquely (one-to-one correspondence between ground state density

and external potential) of interacting particles, except for a constant.

There is a unique one-to-one correspondence of external potential Vext(r) with ground

state density (Fig. 5).

Theorem II: The total energy functional EHK[n(r),Vext(r)] reaches its minimum value

(global minimum) with the ground state electron density n0(r), corresponding to a
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Figure 5: The ground state density of interacting particles system uniquely related to the external potential
(Hohenberg & Kohn, 1964).

constant external potential, Vext(r), such that,

EHK[n(r),Vext(r)] ≥ EHK[n0(r),Vext(r)] (3.16)

for each of the trial electron density n(r).

That is to say there is only one global minimum ground state density, n0(r) for the given

system (Fig. 6). Furthermore, the known GS particle density n0(r) allows to calculate

the various properties of the system.

Figure 6: The global minimum ground state density is a unique parameter for a many-body system
(Hohenberg & Kohn, 1964).

The HK energy functional (excluding nuclear interaction energy) can be expressed as,

EHK[n(r),Vext(r)] = T[n(r)] + Eint[n(r)] +

∫
Vext(r)n(r)d3r (3.17)

The first and second terms on r.h.s represent KE and Coulomb potential energy of

interacting electrons, which are unaffected by external potential and represented by a
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functional of density, F[n(r)],

F[n(r)] = T[n(r)] + Eint[n(r)]. (3.18)

The third term in equation (3.17) reveals unique electron-nuclei interactions, which is a

linear functional of electron density and F[n(r)], it becomes,

E(HK)[n(r); Vext(r)] = F[n(r)] +

∫
Vext(r)n(r)d3r (3.19)

Again, the second HK theorem asserts that the energy functionals minimizing density is

the exact GS density, thereby enabling the minimization of the energy functional (3.19)

with the electron density variations.

All of the GS properties of the system may then be determined in principle using this

information. However, the exact energy functional is unknown in reality. The functional

of the electron-electron interaction term Eint(n(r)) is also unknown. The KS model

(Kohn & Sham, 1965) solves, actually the algorithm difficulty.

3.1.2 The Density Functional Theory (DFT)

The DFT represents many-body particles system by assuming ground state density n0(r)

as a single variable (Kohn & Sham, 1965). This electron density functional explains

electronic properties of solids, molecules, and finite systems, encapsulating information

from many-body wavefunctions and reducing degree of freedom.

A single DFT-based Schrödinger equation, solves N-electron systems with 3N degrees

of freedom. Thomas and Fermi introduced the concept in 1927 (Thomas, 1927; Slater,

1930), followed by Dirac’s correction with exchange and correlation terms in 1930. The

TFD approximation gained practical use with the HK theorems and KS formulation.

3.1.2.1 Kohn-Sham Equations

The Kohn-Sham (KS) equation (Kohn & Sham, 1965), based on HK theorems, studies

the system’s electronic structure using auxiliary particle approximation and exchange-

correlation functional. However, exchange-correlation functional is unknown, requiring

approximations for energy density functional. The accuracy for the calculations is

26



purely dependent on the approximations used in exchange-correlation functionals, such

as LDA and GGA for calculations in analyzing various condensed matter systems.

These approximations are accurate for most of the systems, including semiconductors,

metals, insulators, and molecular systems with covalent or ionic bondings. KS equations

published in 1965 led to accurate analysis of the properties of condensed matter system.

Furthermore, the hybrid systems (Becke, 1993; Casida & Chong, 1995; Adamo & Barone,

1999), and van der Waals effects (Klimeš & Michaelides, 2012) have been added to

standard DFTs to compensate for shortcomings. Electrons move under the potential

VKS(r), rather than the original system’s potential. The Hamiltonian for an auxiliary

independent particle system can be expressed as follows,

ĤKS = −1

2
∇2

i + V̂KS(r). (3.20)

For N-independent electrons, we may have N Schrödinger equations,

[
−1

2
∇2

i + V̂KS(r)

]
ψi(r) = εiψi(r) (3.21)

We may obtain the GS energy densities or energies by solving these equations iteratively

until we reach a self-consistent condition see (Appendix-II).

Each electron will occupy the orbitals with the lowest eigenvalue εi. The density of the

auxiliary system is,

n(r) =
N∑

i=1

|ψi(r)|2 (3.22)

With the density of the orbitals, the GS energy functional for a many-body interacting

system using the KS model (Kohn & Sham, 1965) is expressed as,

E[n(r)] = Ts[n(r)] + EH[n(r)] + EXC[n(r)] +

∫
Vext(r)n(r)d3r (3.23)

The first term (3.23) on the right is (independent-particle) kinetic energy ,

Ts[n(r)] =
N∑

i

∫
ψ∗(r)52 ψ(r) (3.24)
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The second term is referred to as classical electrostatic energy (Hartree energy), and

the third term is referred to as exchange correlation (XC) energy. A self-consistent

solution requires an approximation since the XC energy (Laird et al., 1996; Tao, 2005)

is unknown. This term comprises (a) the difference between the precise KE and the

non-interacting KE assumed in the KS method (b) all remaining many body interactions

between electrons that are not included in the Hartree term, such as exchange and

correlation energies.

The last term denotes the external field, if any, as well as the potential due to nuclei. The

GS of the energy functional can be found by minimizing the equation w.r.t. electron

density while keeping the number of electrons conserved. This approach may be used to

compute the equivalent KS one-particle potential (Kohn & Sham, 1965) as,

V̂KS(r) = V̂ext(r) + V̂H(r) + V̂XC(r) (3.25)

= V̂ext(r) + ∂EH[n(r)]
∂n(r)

+ ∂EXC[n(r)]
∂n(r)

(3.26)

where V̂XC = ∂EXC[n(r)]
∂n(r)

is the functional derivative of XC energy, and is called XC

potential. Similarly V̂H = ∂EH[n(r)]
∂n(r)

is the Hartree potential. The equations (3.21) together

with (3.22) and (3.25) are called KS equations, and can be solved self-consistently.

Furthermore, the Kohn-Sham energy functional after diagonalization is given by,

EKS[n(r)] =
∑

i

εi −
1

2

∫ ∫
n(r)n(r′)

|r− r′| d3rd3r′ +

∫
εXC[n(r)]n(r′)d3r′

−
∫

δEXC

δn(r)
n(r′)d3r′ (3.27)

where, the 1st term in right hand side is the sum of energy of each orbitals, 2nd term is the Hartree

potential, the 3rd term is the XC energy functional, and 4th term is the XC chemical potential.

3.1.2.2 Exchange-Correlation Functional

The KS method calculates particle kinetic energy, Hartree energy, and exchange correlation

energy for a system of interacting particles. It uses the self-consistent approach and the KS

potential for charge density calculation. The XC term requires approximations like LDA and

GGA (Perdew et al., 1996). Additional interactions can be considered based on relevance in the

calculations.
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3.1.2.3 Solution of KS-Equation

The KS approach is an iterative method that starts with selecting an initial electron density

based on atoms’ electron densities. The KS potential is determined using this density,

which is then used to solve KS equations and determine new electron density. The system

is considered conversed if the difference is less than the set thresholds (criteria), and

necessary properties are extracted. If the difference is greater than the threshold, the

previous iteration’s density is mixed with the new ones, and the procedure is repeated

until convergence criteria are achieved. In this study, we have used pseudo-potential

based quantum espresso frameworks and full-potential based WIEN2k frameworks for

the ab-initio calculations, which are described briefly as follows:

3.1.2.4 Pseudo-potentials and Plane Waves

The solution of the SWE for a periodic system satisfy the fundamental property of

Bloch’s theorem (Bloch, 1929)) and may be written as,

ψk(r) = uk(r)eik.r (3.28)

where, uk(r) is the periodic potential that is compatible with the period of the unit cell.

In this scenario, the Schrödinger equation may be solved individually for each value of k.

The functions eik.r are known as plane waves, and k’s are the reciprocal vectors.

These plane waves are orthonormal and independent of positions and energy, making

them suitable for exact variational calculations based on a discrete numerical grid.

However, an infinite sum of plane waves is not practical for real-world computations. In

real-world computations, the wave function should be described by plane waves within

a specific energy cut-off, Ecut. Caution should be used when defining Ecut to ensure

smooth wave function and proper convergence of parameters like total energy. Choosing

Ecut is a trade-off between accuracy and computational resource cost.

In all electron DFT computations, wave functions are used for solving numerous basis

functions, including core and valence electron wave functions. Core electron wave

functions have a significant Fourier component, while valence wave functions are smooth

on the exterior but have wiggles near the nucleus Fig.7 (Mizutani, 2001). Nodal structures

of valence electron wave functions are useful for orthogonality but require larger plane
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wave cut-off and plane waves. A pseudopotential is a virtual potential that freezes core

electrons with nuclei, eliminating the need for separate wave functions. This reduces

wave functions, basis sets, and matrices size, eliminating Coulomb singularity at the

origin and reducing the number of wave functions needed for a coherent model.

r
c

Figure 7: The schematic of pseudo-potential (effective potential) model (red solid lines). The
dashed blue lines depict the Coulomb potential(full potential) and the upper corresponding
pseudo- wavefunction (red solid line) and full wavefunction (blue dashed lines) near the nucleus.
Outside the cutoff radius (rc), the pseudopotential and pseudo wavefunctions are compatible with
the real system or full potential approach (Mizutani, 2001).

As previously mentioned, pseudopotentials replace the strong electrostatic potential of

nuclei and core electrons. This provides the same wave function outside the core as the

true wave function to accustom the real properties.

The electrons in the inner and outer areas of the cutoff radius are referred to as core and

valence electrons, respectively. Because the core electrons are frozen to the nucleus,

potentials with small (rc) are referred to as hard pseudopotentials, while those with

larger (rc) are referred to as soft pseudopotentials. Regardless of whether any of the

pseudopotentials are correct, a good pseudopotential should be soft and transferable

(Martin, 2020). A soft pseudopotential contains fewer valence electrons and needs fewer

plane waves due to the larger (rc). A pseudopotential must perform consistently over a

wide range of chemical conditions in order to be transferable, and softer pseudopotentials

may have limitations in this regard.
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A norm-conserving pseudopotential conserves electronic charge, ensuring accurate

description of scattering features. However, they have high computational cost. Ultrasoft

pseudopotentials reduce this cost by having separate cutoffs for charge density and kinetic

energy. Selecting the right pseudopotential is a complex task with careful consideration

to maintain desirable properties at reasonable costs.

All electron method like Gaussian functions (Pietro & Hehre, 1983), projector augmented-

wave (Blöchl et al., 1994), and linearized muffin-tin orbitals (Jarlborg & Arbman, 1977;

Faleev et al., 2005) treat core and valence electrons equally. The FP-LAPW method

(Blaha et al., 2020) provides an exact basis for all-electron computations, enabling

investigations of electronic structures in various materials and chemical compositions.

3.1.2.5 FP-LAPW Basis and LO Extensions

The FP-LAPW approach divides space into muffin-tin (MT) spheres and the interstitial

region (IR), treating core states as localized in a spherically symmetric atomic potential.

The augmented plane wave basis functions for valence electrons are piecewise defined,

and the LAPW basis sets energy-dependent radial functions with energy-independent

functions evaluated at predefined energy parameters El, linearly superposed to match

plane waves at MT sphere edges. In this basis there are two radial functions for an-

gular momentum quantum numbers l: the solution ul(r,El) and its energy derivative,

u̇l(r,El) = ∂ul(r,E)/∂E|E=El
.

The radial functions, ul(r,E) can be represented linearly in E − El using the LAPW

basis set, providing an accurate all-electron description for various materials (Krasovskii

et al., 1993). The linearization error is determined by energy parameters El and MT radii

RMT , which cannot be chosen using a variational method. Ideally, El and RMT should

not affect the final results within a reasonable error. Implementing LO for the expansion

of the basis can solve this issue.

The spherical effective potential near atomic nuclei is used to compute core states from

the relativistic radial Dirac equation. Core states decrease towards the MT sphere

boundary, ensuring they are orthogonal to the radial functions needed for the LAPW
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basis for valence electrons (Singh, 1991; Betzinger et al., 2011).

φkG(r) =





1√
Ω
ei(k+G)r for r ∈ IR

∑
L

RkG
Lα(rα,Elα)YL(rα) for r ∈ MTα

(3.29)

The equation is based on the unit-cell volume, Ω, reciprocal lattice vectors, G, angular

momentum and magnetic quantum number (L = (l,m)), position vector (rα) relative to

the MT sphere center (Rα) of atom(α) and its spherical harmonics (YL(rα)). The cutoff

parameter Gmax restricts the number of basis functions and implies the cutoff parameter

lmaxα with l ≤ lmaxα via the rule of thumb, lmaxα = GmaxRMTα (Sjfistedt et al., 2000).

3.1.3 The Local Density Approximation (LDA)

The major problem of DFT is to choose a suitable exchange and correlation functionals

is the major challenge of DFT calculation. The LDA is being the most commonly used

approximation (Perdew et al., 1998; Cohen et al., 2007), which is the foundation for all

approximate exchange-correlation functionals and presupposes homogeneous probability

density in the system under investigation. Its core concept is a uniform electron gas and

the premise that Exc may be expressed as follows,

ELDA
XC [n(r)] =

∫
n(r)εXC[n(r)]d3r (3.30)

Here, εXC [n(r)] denotes the XC energy per particle of a UEG with density n(r). We

may calculate the XC potential by taking the functional derivative of ELDA
XC [n(r)] as,

vLDA
XC [n(r)] =

δELDA
XC [n(r)]

δn(r)
= εXC[n(r)] + n(r)

∂εXC[n(r)]

∂n(r)
(3.31)

The XC energy per particle, εXC [n(r)] can be further divide into exchange part and

correlation part as,

εXC[n(r)] = εX[n(r)] + εC[n(r)] (3.32)
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Now, equation (3.30) can be written as,

ELDA
XC [n(r)] =

∫
n(r) [εX[n(r)] + εc[n(r)]] d3r = EX[n(r)] + EC[n(r)] (3.33)

For a spin polarized system,

ELSDA
XC [n↑(r), n↓(r)] =

∫
n(r)εXC[n↑(r), n↓(r)]d

3r

=

∫
n(r) [εX[n↑(r), n↓(r)] + εC[n↑(r), n↓(r)]] d3r (3.34)

The exchange term, εX [n(r)] was derived originally by Bloch and Dirac in atomic units

as,

εX [n(r)] = −0.458

rs
(3.35)

where, rs is the radius of a sphere for an electron, which can be computed by, (4π/3)r3
s =

n(r)−1. The correlated part was first estimated by E. P. Wigner, which can be computed

as,

εC [n(r)] = − 0.44

rs + 7.8
(3.36)

The LDA accuracy is satisfactory in condensed matter systems but less in atomic and

molecular physics.

3.1.4 GEA, GGA, mBJ and Beyond

The LDA employs density information at point r, considering the spatially inhomo-

geneous density n(r). It includes rate of variation in the functional using semilocal

functionals like gradient-expansion approximations (GEA) and GGA. GEA systemati-

cally computes gradient-corrections of the type |∇n(r)|, |∇n(r)|2,∇2n(r), etc. (Perdew

et al., 1998; Kurth et al., 1999; Casida, 2009), such as the lowest-order gradient correction

to the Thomas-Fermi approximation as,

Ts[n(r)] ≈ TW
s [n(r)] = TLDA

s [n(r)] +
~2

8m

∫
d3r
|∇n(r)|2

n(r)
(3.37)
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where, the 2nd term on the r.h.s is called the Weizsäcker term.

Similarly, in the exchange term,

EX[n(r)] ≈ EGEA
X [n(r)] = ELDA

X [n(r)]− 10q2

432π(3π2)1/3

∫
d3r
|∇n(r)|2
(n(r))4/3

(3.38)

The 2nd term on the right hand side is the lowest-order gradient correction to ELDA
X [n(r)],

which do not improve the approximation but worsen it. Higher-order(e.g. ∝ |∇n(r)|α

or ∝ |∇n(r)|β with α, β > 2) corrections are complex to compute. In the 1980s, GGA

was discovered, which incorporates density gradient corrections in exchange-correlation

functional EXC[n(r)], addressing the limitation of power-series-like systematic gradient

expansions.

The exchange correlation energy (Perdew et al., 1998; Cohen et al., 2007), EXC[n(r)] in

GGA is;

EGGA
XC [n(r)] =

∫
f[n(r),∇n(r)]d3r (3.39)

The symbol f is some functional of n(r) and it’s gradient∇n(r).

The XC energy EGGA
XC [n(r)] of the GGA approach consists of exchange and correlation

parts, similar to LDA. There are various methods employed to obtain exchange correlation

functionals, with popular and reliable GGAs being Perdew-Burke-Ernzerhof (PBE)

(Perdew et al., 1998) and BLYP (Lee et al., 1988; Finley, 2004). Additionally, the other

GGA-type functionals are also being used, and the new ones are being developed.

Beyond GGA, the modified Becke-Johnson (mBJ) potential, meta-GGA and hyper-GGA

are also employed for the popular approximations of εXC [(n↑, n↓); r], for the accuracy

and realistic calculations, which are the function of parameters at point r, and different

other parameter selections as depicted by the different rungs of a "Jacob’s ladder" (Perdew

et al., 1998; Kurth et al., 1999; Casida, 2009) of approximation see (Appendix-III). As

the accuracy tend to rise up the ladder, so as the efficiency falls down the ladder.

The modified Beck-Johnson (mBJ) potential as given by,

vBJ
x,σ(r) = vBR

x,σ(r) +
1

π

√
5

6

√
tσ(r)

nσ(r)
(3.40)
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where, nσ(r) = ΣNσ
i=1|ψi,σ(r)|2 is the electron density and

tσ =
1

2
ΣNσ

i=1∇ψ∗i,σ.∇ψi,σ (3.41)

is kinetic energy density, and

vBR
x,σ(r) = − 1

bσ(r)

(
1− e−xσ(r) − 1

2
xσ(r)e−xσ(r)

)
(3.42)

is the Becke-Roussel potential.

To be noted here, the Coulomb potential is modeled using exchange hole, where xσ(r)

involves terms like, nσ, ∇nσ,∇2nσ and tσ. With,

bσ(r) =
[
x3
σe−xσ/8πnσ

]1/2 (3.43)

This is the new scheme of potential to enhance the band gap of the materials. The

TB-mBJ potential consists of a modified version of BJ potential for exchange (which

reproduces the exact KS potential of atoms) and LDA for correlation (Becke & Johnson,

2006; Koller et al., 2011; Blaha et al., 2020). With the exchange part depend on the

kinetic energy density tσ, the TB-mBJ potential is,

vTB−mBJ
x,σ (r) = cvBR

x,σ(r) + (3c− 2)
1

π

√
5

6

√
tσ(r)

nσ(r)
(3.44)

where, c = α + βgp with,

g =
1

Vcell

∫

cell

|∇n(r′)|
n(r′)

d3r′ (3.45)

where, Vcell, the unit cell volume, and α and β are two free parameters, whose values, α

= -0.012 and β = 1.023 bohr1/2 were determined by minimizing the mean absolute error

of the band gap of the crystalline materials.
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3.1.5 Electronic Structures

3.1.5.1 Electronic Bandstructures

In general, the bandstructure gives the detailed picture of allowed energy levels for

electrons in a crystal as function of wave vector (k) (Kittel, 1996; Ashcroft & Mermin,

1976). In condensed matter physics, the bandstructures are approximated through

tight-binding approach (1.4) or plane-wave approach (DFT) method, and so on. In tight-

binding approach, the dispersion relation is obtained by diagonalizing the Hamiltonian

contributed from each atom or ion in the crystal as,

εk = ε0 − 2t
∑

i

cos(k.ai) (3.46)

where, ε0 is the energy of atomic orbital in itself, t =
∫
〈φσ(r − ai)|H|φα(r)〉dr is

associated with the interaction energy (hopping parameters) of the electrons, and ai is

the lattice spacings.

In DFT approach, the bandstructure calculations are computed using the KS equation,

called the dispersion relation.

3.1.5.2 Density of States

The DOS provides the information of the number of electronic states per unit energy

range at each energy level in a material. It can be obtained from the bandstructure

by integrating over all k-space within a given energy range(Kittel, 1996; Ashcroft &

Mermin, 1976; Martin, 2020). The DOS available in the energy given energy range ε to

ε+ dε is,

D(εn(k)) =
∑

n

2

8π3

∫

n

δ(ε− εn(k))dk (3.47)

where, D(εn(k)) is the DOS at energy level (εn(k)), the factor 2 comes from the spin up

and down cases, and the integral is over a primitive unitcell. The Dirac delta function

ensure the counting of the states at specific energy levels only.
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To compute the spin polarization, we have,

P(T) =
D↓(0)−D↑(0)

D↓(0) + D↑(0)
(3.48)

where, D↓(0) and D↑(0) are the DOS of spin-down and spin-up channels at the Fermi

level EF .

3.1.6 Structural and Chemical Stability

3.1.6.1 Structural Stability

The energy minimization technique is used to investigate the structural stability of

prototype cubic ABO3 type cubic perovskites with (A = Ca, La, Sr, Y and B = Ti,

V) metal ions. The optimized lattice parameters within the permissible error bars are

obtained through energy minimization curves. These pristine systems are then promoted

to their superstructures for the studying the effect of site-substitutions on A and B sites

(Maiti & Sarma, 2000; Sage et al., 2008).

3.1.6.2 Chemical Stability

We have computed the cohesive energy (CE) and formation energy (FE) of all of the

titanates and vanadates to study their chemical stabilities. The ground state total energy

and CE per atom (Boudali et al., 2009; Murugeswari et al., 2020) can be calculated using

a set of optimal parameters. The CE, Ecohesive for a compound AxByCz (ABC) can be

calculated as,

Ecohesive =
EABC

total −
(
xEA

atom + yEB
atom + zEC

atom

)

x + y + z
(3.49)

where EAatom, EBatom and ECatom are the isolated spin-polarized atomic energies and x, y,

and z are stoichiometric weights.

Similarly, the FE, Eformation, is the measure of the relative stability of the given system.

For AxByCz (ABC) compound, the FE per atom can be computed as follows,

Eformation =
EABC

total −
(
xEA

bulk + yEB
bulk + zEC

bulk

)

x + y + z
(3.50)
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where EAbulk, EBbulk, and ECbulk are the estimated energies of the bulk(solid) form the

constituent atoms of the unitcell, and x, y, and z are the stoichiometric weights. The

structural and chemical stability (Bouhemadou & Khenata, 2007) are examined through

the negative values of cohesive and formation energies for these compounds.

3.1.7 Mechanical Stability and Elastic Properties

The mechanical and thermodynamical stabilities can be examined through the elastic

information. The elastic constants are used for calculating solid mechanical properties,

structural stability, anisotropy, and bondings. Using structural and experimental data,

this study calculates ground state parameters, including lattice parameters (at T = 0 K

and P = 0 GPa). For computational analysis, many equation of states (EOS) techniques

can be applied.

The bulk modulus B and its pressure derivative (B’) are calculated by fitting total energy

to the Birch EOS (Birch, 1938; Barron & Klein, 1965; Rose et al., 1984). Pressure-

volume data for different pressures are fitted to the Birch-Murnaghan (Murnaghan, 1944)

and Vinet equations of state EOS, providing the necessary information for understanding

the mechanical behavior of the material as given by,





E (V) = E0 + 9B0V0

16

[{
(V0/V)2/3 − 1

}3

B′0 +
{

(V0/V)2/3 − 1
}2 {

6− 4 (V0/V)2/3
}]

,

P (V) = 3
2
B0

{
(V0/V)7/3 − (V0/V)5/3

}[
1 + 3

4
(B′0 − 4)

{
(V0/V)2/3 − 1

}]
,

P (V) = 3B
(

V0

V

)−2/3
{

1−
(

V0

V

)−2/3
}

exp
[
−2

3
(B′0 − 1)

{(
V0

V

)1/3 − 1
}]

,

(3.51)

where E0 is the equilibrium energy, V0 is the unit-cell volume at zero pressure. When a

crystal is deformed using a strain ηi, the stress comes into action to restore the equilibrium

configuration, called Hooke’s law (Birch, 1938) as,

σi =
∑

ij

Cijηj (3.52)

where Cij denotes the elastic constant tensor. We may calculate the total energy of a
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system for limited and small stresses using the following relationship as,

E(η) = E0 + V0

∑

i

σ0
i ηi +

V0

2!

∑

ij

ηiCijηj + .... (3.53)

where E0 and V0 are the energy and volume of the crystal in equilibrium. The elastic

constants may be calculated by using various orders of the strain η and fitting the energy

with a polynomial function.

The nonzero components of the elastic constants tensor for a cubic system are C12 =

C13 = C23, C11 = C22 = C33, and C44 = C55 = C66 (Nye, 1985; Corso, 2016)

For a tetragonal system, the non-zero elastic constant components, C11,C33,C12,C13,C44

and C66 are determined by solving the equations for energy with the corresponding

strains.

For the cubic system, the reduced three independent elastic constants are C11,C12, and

C44 and the mechanical stability criterion for a cubic crystal are given by (Bouhemadou

& Khenata, 2007; Parvin & Naqib, 2017),

C11 + 2C12 > 0,C44 > 0,C11 − C12 > 0,C12 < B < C11 (3.54)

Similarly, the criteria of mechanical stability for the tetragonal system are,





C11 > 0,C33 > 0,C44 > 0,C66 > 0,

2(C11 + C12) + C12 + 4C13 > 0

C11 − C12 > 0,C11 + C33 − 2C13 > 0,

(3.55)

The Zener anisotropy factor (A) for a cubic system contains essential information on

structural stability and may be computed as follows,

A =
2C44

C11 − C12

(3.56)

For a totally isotropic material, the anisotropy factor is one. The Cauchy pressure, CP =

C12 − C44, is connected with the kind of chemical bondings, which offers stiffness and

flexibility information. Within the elastic limit, the values of elasticities are computed as
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follows,





Y = 9BG/(3B + G),

G = (GV + GR)/2,

B = 1
3

(C11 + 2C12) ,

(3.57)

where,

GV = 1
5

(C11 − C12 + 3C15), and GR = [5 (C11 − C12) C44]/[3(C11 − C12) + 4C44]

are the shear modulus in Voigt notation and Reuss notation, respectively. The materials

with higher values of Y (Needs et al., 1986) have a stiffer and more covalent nature.

The Poisson’s ratio,

ν =
3

2

3B− 2G

3B + G
(3.58)

It examines the ductility, whose values for various compounds, respectively, are around

0.1, 0.25, and 0.33 (Cinthia et al., 2015).

Similarly, using the Voigt - Reuss - Hill (VRH) average schemes, the Bulk modulus (BH),

Shear modulus (GH), Young’s modulus (YH), and Poisson’s ratio (ν) of the tetragonal

system are computed as,





YH = 9BHGH/(3BH + GH),

GH = (GV + GR)/2,

BH = (BV + BR)/2,

ν = (3BH − YH)/6BH

(3.59)

Furthermore, the thermodynamical parameter, called the Debye temperature (ΘD) is

computed as,

ΘD =
~
kB

(
6π2

Vcell

)1/3

〈v〉 (3.60)
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With,





〈v〉 =
[

1
3

(
2v−3

l + v−3
t

)]−1/3
,

vl =
[

3B+4G
3ρ

]1/2

,

vt =
(

G
ρ

)1/2

,

(3.61)

where, vl, vt and 〈v〉 are the longitudinal, transverse, and average velocity velocities of

sound in isotropic media, while ~, kB, Vcell and ρ represent known constants (Anderson,

1963; Golesorkhtabar & Draxl, 2013).

The accuracy of elastic-constant calculations for stress and strain measurement requires

proper handling of a function that can only be calculated for a small number of strain

values. Precision is achieved using DFT data and the leave-one-out cross-validation

(LOO-CV) approach to control parameters and estimate errors in energy and stress. The

technique creates a training data set from the samples except one (so called testing data

set), and selecting the best model dataset using polynomial fitting and cross validated

with this testing data set.

We chose the optimal elastic calculation model with the lowest cross validation error

(CVE) computed as,

δ
(n)
CV =

√√√√ 1

N

N∑

i=1

[Ei − p(n)(ηi)]
2 (3.62)

where p(n)(ηi) is the polynomial function at ηi of strain, excluding the value of pair

(ηi,Ei), such that E(ηi) =
∑6

i=1 Aiη
i (Anderson, 1963; Golesorkhtabar & Draxl, 2013).

For cross validation of the DFT data, we used polynomial fitting, which is the gener-

alization of error estimation use to avoid either over-fitting or under-fitting w.r.t. real

information about the elastic properties of the materials.

3.1.8 Transport Properties

The BoltzTraP algorithm is efficient for calculating quasi-particle energies using Kohn-

Sham eigenvalues (Kohn & Sham, 1965) and can be trivially parallelized. It can also

calculate derivatives for the BTE directly from intra-band momentum matrix elements
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(Ohtani et al., 1970; Adewale et al., 2018). However, when quasi-particle energies

cannot be calculated using a fixed multiplicative KS potential, using momentum matrix

elements or alternative interpolation methods may be advantageous (Pizzi et al., 2014;

Berland & Persson, 2018). BoltzTraP codes introduce both eigenvalues and momentum

matrix elements, ensuring accurate reproduction of value and derivative at calculated

points. This approach is suitable for beyond-KS approaches and can handle temperature-

dependent transport distribution functions due to electron-phonon coupling (Ashcroft

& Mermin, 1976; Kittel, 1996; Sevik, 2010). BoltzTraP is mainly used for evaluating

transport coefficients but can also be useful for interpolating periodic functions.

The BTE is a mathematical model that considers the distribution function, fµ(T, µ) in

steady state due to external fields and scattering phenomena for electrons or holes. It

is used to compute the transport properties of TMOs for optimized systems using the

BoltzTraP algorithm, which implements the linearized BTE (Ziman, 1972; Sevik, 2010)

as given by,

∂fµ(T, µ)

∂t
= −vα(i,k)

∂fµ(T, µ)

∂r
|diffusion

− e

h
(E− 1

c
vα(i,k)× H)

∂fµ(T, µ)

∂kα
|field +

∂fµ(T, µ)

∂t
|scattering (3.63)

with fµ(T, µ) = 1

exp
[
µ−EF
kBT

]
+1

represents the Fermi-Dirac distribution, and vα(i,k) =

1
~
∂εi,k
∂kα

denotes the carriers’ group velocity.

The thermoelectric parameters, such as Seebeck coefficient (Sαβ), and TPF etc. are

computed as follows,





Sαβ(T, µ) =
8π2k2

B

3eh2 m∗T
(
π
3n

)2/3
,

TPF = σαβ(T, µ)S2
αβ.

(3.64)

where, e, h, kB and m∗ are the electronic charge, Plank constant, Boltzmann constant and

carrier effective mass, respectively, and σαβ(T, µ), καβ(T, µ), Sαβ(T, µ) are the electrical

conductivity, thermal conductivity, and Seebeck coefficient tensors, respectively.

with,

σαβ(T, µ) = 1
Ω

∫
〈σαβ(ε)〉

[
−∂fµ(T,µ)

∂ε

]
dε, is the electrical conductivity tensor,
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καβ(T, µ) = 1
Ωe2T

∫
〈σαβ(ε)〉 (ε− µ)

[
−∂fµ(T,µ)

∂ε

]
dε, is the thermal conductivity tensor,

Sαβ(T, µ) = 1
ΩTσγα(T,µ)

∫
〈σαβ(ε)〉 (ε−µ)2

[
−∂fµ(T,µ)

∂ε

]
dε, is the thermoelectric Seebeck

coefficients,

〈σαβ(ε)〉 = e2

N
Σi,kτi,kvα(i,k)vβ(i,k)δ(ε − εi,k), is the kernel of transport coefficients

required for computing the thermoelectric parameters (Saeed et al., 2014), which can be

done by the Fourier interpolation of the band structures. Where, α and β are the tensor

indices, Ω is the volume of unit cell and µ is the chemical potential. We calculated the

various TE parameters for the CaVO3 and LaVO3 superstructures (Dehkordi et al., 2015;

Adewale et al., 2018). Acoustic phonons are the largest contributors to overall thermal

conductivity, καβ, in bulk semiconducting and insulating TMOs. However, electronic

thermal conductivity is crucial for highly doped and non-stoichiometric TMOs. The κph

(phonon contribution) and κe (electronic contribution) are defined by the kinetic theory

of electron gas as,

κph =
1

3
vsCvlph (3.65)

and,

κe =
1

3
cvvΛ = LσαβT (3.66)

where vs is the sound velocity, Cv is the constant volume heat capacity, lph is the phonon

mean free path, cv is the electronic specific heat per volume, and v is the electron velocity

that can be taken to equal the Fermi velocity, vF , the electron mean free path, Λ and the

Lorenz number (L = 2.45×10−8 V2K2).

3.1.9 Optical Properties

For optically driven behaviors of materials (Ambrosch-Draxl & Sofo, 2006), optical

properties such as the dielectric function, optical conductivity and electron loss function

(ELOSS) etc. are computed as,
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



εij(ω) = Re[εij(ω)] + Im[εij(ω)],

Im[εij(ω)] =
(

16π2

Ωω2

)∑
i,j 〈ψc

k|p̂i|ψv
k〉 〈ψc

k|p̂j|ψv
k〉 × δ (Ec,k − Ev,k − ω) ,

Re[εij(ω)] = δij + 2
π
p
∫∞

0

ω
′
Im[εij(ω

′
)]

ω′2−ω2 dω
′
,

Re[σij(ω)] = ω
4π

Im[εij(ω)]

Lii(ω) = −Im
{

1
εii(ω)

}
.

(3.67)

And, the index of refraction, extinction coefficient, reflectivity, absorptivity, sum rules

etc. (Tohyama et al., 2005; Nakano et al., 2007) are computed as follows,





nii(ω) =
√
|εii(ω)|+Re[εii(ω)]

2
,

kii(ω) =
√
|εii(ω)|−Re[εii(ω)]

2
,

αii(ω) =
(nii−1)2+k2

ii

(nii+1)2+k2
ii
,

Aii(ω) = 2ωkii(ω)
c

,

Neff(ω) =
∫ ω

0
σ(ω

′
)ω
′
dω
′
.

(3.68)

3.1.10 Metal-Insulator Transition (MIT)

The electron transport determines the electrical conductivity of a material. As a matter

of fact, the electron transport is affected by three distinct effects, viz.

1. the potential of the ions

2. the Coulomb interaction

3. external (electrical or magnetic) fields

The study uses a complex formalism to determine transport parameters in interacting

many-particle systems out of thermal equilibrium. The focus is on conducting properties

near to thermal equilibrium, where external fields cause slight perturbations. The first

step is to categorize insulators using Ohm’s law as,

jα(k, ω) =
∑

β

σαβ(k, ω)Eβ(k, ω) (3.69)
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The conductivity tensor σαβ(k, ω) can be derived from the current-current correlation

function (3.69), using the fluctuation-dissipation theorem. This property can be expressed

as a correlation function in thermal equilibrium. However, the calculation of the conduc-

tivity tensor requires evaluating a two-electron correlation function, and single-electron

properties alone cannot explain electron transport in the solid state.

At zero temperature, an insulator’s static electrical conductivity disappears.

σDC
αβ (T = 0) = lim

T→0
lim
ω→0

lim
|k|→0

Re{σαβ(k, ω)} = 0 (3.70)

Definition of a Drude metal with finite metallic conductivity is,

Re[σαβ(T = 0, ω → 0)] = (DC)αβ
τ

π(1 + ω2τ 2)
(3.71)

where, (DC)αβ is Drude weight and τ is scattering time for uncorrelated electron colli-

sions. The Drude theory, we have,

(DC)αβ =
πne2

m∗
δαβ

with e represents the electronic charge and n/m* represents the ratio of charge carrier

concentration to effective mass. If electron scattering is absent, translational invariance

is restored, resulting in ideal metallic behavior,

Re[σαβ(T = 0, ω → 0, τ−1 → 0)] = (DC)αβδ(ω) (3.72)

The MIT is a fundamentally least understood problem in condensed matter physics,

involving materials like silicon and germanium as insulators and metals like silver and

gold. These materials’ highly stable physical properties make them challenging to

manipulate or modify for modern technology or explore novel phenomena.

Mott Insulator

The Mott insulating behavior of materials involve strong Coulombian repulsion pre-

venting particles’ flow in the system. In general, the ground states have one particle

on each site, suppressing large repulsion between particles. Band insulators, including
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semiconductors, are states produced by quantum interference effects. Electronic states

with charge gaps, such as Mott and Bloch-Wilson insulators Fig. 8(a) (Mott, 1949;

Gull et al., 2011), occur in crystalline systems at isolated occupation numbers. Mott

state are insulating states, in fact arise due to various reasons, and can be characterized

by spontaneous broken symmetry, quasi-particle behavior, low energy neutral particle

excitations, topological order and charge fractionalization. The Mott criteria for metal

insulator transition is,

a0n1/3
c ∼ 0.25 (3.73)

where, a0 = 0.53 Å is the Bohr radius of H-atom and nc is the critical carrier concentration

for MIT to occur.

(a) (b)

Figure 8: (a) The three mechanisms of metal insulator transition (Gull et al., 2011) (b) The schematic
Mott-Hubbard band splittings (Mott, 1949; Vollhardt, 2012).

The Mott transition is crucial for modeling strongly correlated electrons, addressing the

competition between kinetic energy and correlation energy (Mott, 1949; Deng et al.,

2013). The Mott-Hubbard MIT is important for understanding condensed matter physics,

which is the consequence of splitting of CB into two bands, UHB and LHB as shown in

Fig. 8(b) (Mott, 1949; Gull et al., 2011). Proper accounts of itinerant electron systems

are necessary for obtaining a complete electronic picture of strongly correlated materials.

One of the best possible solution is to use the DMFT framework for such materials.

3.2 Dynamical Mean Field Theory (DMFT)

The Hartree-Fock mean-field approximations are insufficient for electronic systems like the

Hubbard model with strong electronic interactions. DMFT preserves system dynamics in large

coordination numbers (1/Z → 0), unlike Weiss molecular-field theory for the Ising model.
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DMFT is diagrammatically controlled and has no additional approximation or physical parameter

constraints, making it an excellent starting point for further improvements.

The interacting system is represented by a single site Hubbard Hamiltonian (Hubbard,

1963) as,

Ĥ = −t
∑

ij,σ

ĉ†iσ ĉjσ + U
∑

i

n̂i↑n̂i↓, (3.74)

The first term on rhs of (3.74) is the non-local part,

Ĥnon−local = −t
∑

ij,σ

(
ĉ†iσ ĉjσ + ĉ†jσ ĉiσ

)
(3.75)

And the second term on the rhs of (3.74) is the local part on site interaction at i is,

Ĥlocal = U
∑

i

ĉ†i↑ĉi↑ĉ
†
i↓ĉi↓ (3.76)

The Hubbard and AIM are used to analyze the fermionic situation at site i as in Fig. 9

(Vollhardt, 2012), capturing interactions on real crystal lattice site i. The impurity

Hamiltonian is the cornerstone of DMFT, and various solutions, including CT-QMC

method, can be implemented reliably (Morosan et al., 2012).

Figure 9: The schematics for a local field interaction in a face-centered cubic (FCC) lattice in the limit of
d→∞ or Z →∞ (infinite dimension) (Vollhardt, 2012; Morosan et al., 2012).
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3.2.1 The Anderson Impurity Model (AIM)

The AIM represents a many-body system Hamiltonian (Anderson, 1967; Georges et al.,

1996; Held et al., 2006) as,

Ĥ =
∑

σ=↑,↓

ε0(k) ĉ†σâσ + Una↑na↓ +
∑

k,σ

[Vk,σ(k)ĉ†k,σâσ + h.c.] +
∑

k,σ

εk,σ(k)ĉ†k,σ ĉk,σ

(3.77)

where ε0(k) is the impurity’s energy level, â†σ (corr. âσ) is the creation (corr. annihilation)

operators on the impurity with spin σ. The energy spectrum of the bath is represented

by εk,σ(k). And, ĉ†k,σ (corr. ĉk,σ) is the creation (corr. annihilation) operators in the bath

with spin σ and momentum k, and Vk,σ(k) is the hybridization parameter (Arita et al.,

2012). The impurity and its fermionic bath have the following partition function (PF):

Z = Tr[exp(−βĤ)] (3.78)

The PF is the path integral over Grassman variables and it is a successful method for

evaluating systems using numerical techniques with imaginary time formalism (Fujimori

et al., 1992). It is expressed as a function of â†σ and âσ, can be expressed as,

Z =

∫
D
[
â†σ, âσ

]
exp(−Seff) (3.79)

where, Seff, represents the effective action of the Hubbard model Hamiltonian, which can

be solved by mapping onto a single-site AIM Hamiltonian (3.77).

Seff = −
∑

σ

∫ β

0

dτdτ ′â†σ(τ)G−1
0σ (τ − τ ′)âσ(τ ′) +

∫ β

0

dτUn̂a↑(τ)n̂a↓(τ) (3.80)

The non-interacting (U = 0) GF,

G−1
0σ (iων) = iων − ε0 −∆σ(iων) (3.81)

The hybridization part of interaction is,

∆σ(iων) =
∑

k

|Vkσ(k)|2
iων − εkσ(k)

(3.82)
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it describes the transition between the electronic bath and the orbitals (Kotliar & Vollhardt,

2004; Gull et al., 2011).

3.2.2 The Continuous Time Quantum Monte Carlo (CT-QMC)

The MC method, which is a kernel of the CT-QMC, generates pseudo random numbers

to simulate natural random processes like electronic fluctuation in lattice sites (Georges

et al., 1996; Held et al., 2006). The theoretical explanations for estimating the Mott-

Hubbard MIT phase transition in solid systems are discussed. The Mott-Hubbard MIT

arises due to quasi-particle electron behavior. The DMFT self-consistent cycle Fig. 10

(Kotliar & Vollhardt, 2004; Gull et al., 2011) of calculation addresses the Mott transition

problem in strongly correlated electronic systems (Hubbard, 1963).

The CT-QMC algorithm is a stochastic process used to solve the AIM at finite temperature,

consisting of a Hamiltonian with some limited number of states and hybridization

processes, enabling particle exchange with the fermionic bath (Dirks et al., 2010). These

algorithms are crucial in the DMFT for approximating fermions’ properties on infinite-

dimensional lattice sites (Werner et al., 2006). MC Integration is essential for converting

the integral of a function to a discrete sum as,

∫ b

a

f(x)dx =
b− a

N

N∑

i=1

f

(
a + i

b− a

N

)
+ O

(
1

N

)
(3.83)

The Monte Carlo approach incorporates sampling, errors, Markov chains, and Metropolis-

Hastings algorithm to get the results (Bauer et al., 2011). The Monte Carlo technique is

a method for computing the sums of probability distributions functions p(x) for sampling

functions f(x) in a given configuration space (Bauer et al., 2011).

∑

x

p(x)f(x),

where, p(x) > 0, and,

∑

x

p(x) = 1 (3.84)

The variable, x = (τ, σ, ...) represents the set of variables under study.
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Figure 10: The schematic of self-consistency cycle for DMFT calculation (Georges et al., 1996; Held
et al., 2006).

3.2.3 The Continuous Time Partition Function in Configuration Space

Monte-Carlo sampling partition function with infinite series on imaginary time parame-

ters is given by,

Z =
∞∑

n=0

∫∫∫ β

0

dτ1, · · · , dτnp(τ1, τ2, · · · , τn) (3.85)

represented by the sum of expansion orders over n slices of imaginary time steps

τ1, · · · , τn. This function is integrated over probability densities p(τ1, · · · , τn) from

τ = 0 to β, imaginary time intervals (Loh Jr et al., 1990).

The partition function of a single parameter is calculated in first order using the integrand

uniquely described by a set of imaginary time {τ1} as given by,

Z1 =

∫ β

0

dτ1p(τ1) (3.86)

The Monte Carlo technique (Reinle-Schmitt et al., 2012) is used to sample Eq. (3.85) up

to first order uniformly distributed random numbers of imaginary time τ1 in the interval

[0, β]. This allows for a better understanding of the integral’s lowest orders and its

contribution to the partition function as,

Z1 = limN→∞
1

N

β∑

0

p(τj) (3.87)
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The second order calculation generates uniformly distributed value pairs in the interval [0,

β] using imaginary time (τ1, τ2). The integral is truncated using Metropolis’ algorithm

(Gull et al., 2011) to accept or reject transitions. The number of MC samples may have

MC error, which scales as 1√
N

with the samples (Nekrasov et al., 2005).

Z1 = limN→∞
1

N

β∑

0

p(τj, τ2) (3.88)

For the potential ordering s, let us define all of the configuration spaces as,

C ={ {..} , {τ1}, {τ1, τ2}, ..., {τ1, ..., τn} },

The PF is a set of continuous imaginary time variables τj , each adding value to the

partition function. To prevent sign problems, the expansion coefficients above are

assumed to be positive (Yoo et al., 2005; Gull et al., 2011), as otherwise, the function is

time-ordered. i.e. τ1, τ2, · · · , τn.

Figure 11: MC configurations are represented by a sequence of operators on the time interval 0 ≤ τ < β,
with full(empty) circles representing annihilation(creation) operators. MC moves involve random insertions
or removal of pairs of operators in different channels (Ferrero et al., 2005; Haule, 2007).

The diagrammatic MC codes are implemented by raising the order for updating the

transition xn → xn+1, adding a link (additional vertex, τj), or lowering the order, removal

of a link ( removal of a vertex, τi ), or local changes on the same site (τj → τ ′j), like a

spinflip or the change over a τ as in Fig. 11 (Ferrero et al., 2005; Haule, 2007).
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3.2.4 Markov Chain Transition

To perform updates using the Metropolis algorithm refer to (Appendix-IV), the probabil-

ity must meet the detailed balance condition. For a given configuration x = (τ1), ..., (τn),

inserting a time vertex (τn+1) to obtain y = (τ1), ..., (τn), (τn+1) ensures the condition.

The transition probability density Wx,y of transitioning from state x to state y is crucial.

The CT-QMC hybridization algorithm is used to determine the partition function for

different configurations (x→ y) with weight, ω(C) with which, the GF of imaginary

time or frequency can be calculated.

3.2.5 CT-QMC with Hybridization Expansion

We must focus on the simplest AIM which can be generalized as a multi-orbital approach.

To calculate an expansion near the atomic limit, we use the hybridization approach

(Georges et al., 1996; Kotliar & Vollhardt, 2004; Held et al., 2006). The effective action

is the sum of local terms and hybridization to the bath.

Seff = Sloc +
∑

σ

∫ β
0

dτdτ
′
ĉ†σ(τ)∆σ(τ − τ ′)d̂σ(τ

′
)

= Sloc +
∑

σ Sσhyb (3.89)

From (3.79), we get,

Z =

∫
D
[
â†σ, âσ

]
exp(−Sloc +

∑

σ

Sσhyb)

=

∫
D
[
â†σ, âσ

]
exp(−Sloc)

[∏

σ

(−1)nσ
nσ!

(
Sσhyb

)n
]

(3.90)

From the path integral QMC using SSE, we may write,

Z =
∑∞

n↑,n↓=0

〈
Tr
∏

σ
(−1)n

σ

nσ!

(
Sσhyb

)n
〉

loc
(3.91)

Z =
∑∞

n↑,n↓=0

∫ β
0

dτσ1 ...dτ
′σ
n↑
∫ β

0
dτσ

′
1 ...dτ

′σ′

n↓

×
∏

σ

(−1)n
σ

nσ!

nσ∏

i=1

∆σ

(
τσi − τ

′σ
i

)
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×Tr

[
e−βĤlocTr

n↑∏

i=1

ĉ†↑ (τσi ) ĉ↑

(
τ
′σ
i

) nσ′∏

i=1

ĉ†↓

(
τσ
′

i

)
ĉ†↓

(
τ
′σ′

i

)]
(3.92)

Which is the sum of continuous variables and product of hybridization functions with

trace involving spin up and spin down operators.

∴ Z =

∫

C

ω(C) ≈ ΣMC
C sign(ωC) (3.93)

where ω(C) is the weights of configurations C in the limit N→∞ gives the probability,

p(C) =
1

Z
ω(C) (3.94)

∴ 〈f〉 =
1

Z

∫

C

ω(C)f(C) ∼ 1

Z
ΣMC

C f(C)sign(ω(C)) (3.95)

The ω(C) is computed as,

ω(C) = Tr× e−βĤlocTr
∏n↑

i=1 â†↑ (τσi ) â↑
(
τ
′σ
i

)

×∏n↓
i=1 â

†
↓
(
τσ
′

i

)
â↓
(
τ
′σ′
i

)

×
∏

σ

(−1)n
σ

nσ!

nσ∏

i=1

∆σ (τσi − τσi ) (3.96)

Unfortunately, this calculations face alternating signs problems, requiring evaluation of

PF using imaginary time step diagram and sum of possible permutations of the electronic

fluctuations.

3.2.6 Computing GF from Partition Function

The impurity GF represents the logarithmic derivative of Z w.r.t. hybridization ∆(τ) as

given by,

Gσ(τ) = − 1

β

δlogZ

δ∆σ(−τ)

[
∵ G(τ) = − δlogZ

δ∆(τ)

]
(3.97)
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G↑(τ) = − 1

Zβ

∫

C

δdet∆↑C
δ∆↑(−τ)

× (−1)n↑+n↓det∆↓CTrC (3.98)

Configurations contribute for a discrete set of imaginary times,

Gσ(τ) ∼ − 1
Zβ

∑MC
C

∑
k,l δ(τ

σ
k − τ

′σ
l + τ)×

[
∆−1
σC

]
k,l

×sign (ω(C)) (3.99)

The study, in reality helps estimate contributions and reduces the high frequency noise in

Matsubara frequencies. It investigates the single-particle imaginary time GF, G(τ ) on the

interval [0, β] (Boehnke et al., 2011; Iazzi & Troyer, 2015) to compute its Legendre rep-

resentation. Expanding GF in terms of Legendre polynomials Pl(x) Fig. 12(a) (Boehnke

et al., 2011), the authors derive the imaginary time GF over an interval [-1, 1] as,

G(τ) =
∑

l≥0

√
2l + 1

β
Pl[x(τ)]Gl (3.100)

where, x(τ) = 2τ
β
− 1, and Gl is the Legendre coefficients defined as,

Gl =
√

2l + 1

∫ β

0

dτG(τ)Pl[x(τ)] (3.101)

The Legendre coefficients are crucial for accurate representation of observables and

Figure 12: The graphs for (a) the first five orders of Legendre’s polynomials in x (b) the example of
calculation using these polynomials for GF of Matsubara frequency (Boehnke et al., 2011; Iazzi & Troyer,
2015).

inferring them is difficult by looking at the coefficients themselves. A recent approach

is using the Kernel polynomial method with an intermediate representation (IR) basis
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(Boehnke et al., 2011). Truncating Legendre coefficients within the acceptable error bars

reduce Matsubara frequency noise. This method is shown in Fig. 12 (b), showing the

imaginary part of GF of Matsubara frequency.

3.3 Numerical AC Method

3.3.1 Green’s Function Methodology

The electronic GF for a single particle is crucial in solving the model of strong correlation.

Its properties are summarized, used to improve the Padé approximation method. The

finite temperature Matsubara approach with time-independent Hamiltonian can be written

as the single-electron GF as,

G(τ) = −〈T[ĉ(τ)ĉ†(0)]〉 (3.102)

where τ denotes imaginary time, T denotes time ordering operator, and ĉ(τ)(ĉ†(τ))

denote annihilation(creation) operators. We employ a single orbital model system, which

may be expanded for multi-orbital systems, to avoid the need for to many subscripts.

The predicted value of (3.102) represents the thermal average. G(τ) is the GF defined

on the interval τ ∈ [−β, β], where β is the thermodynamical temperature. Because G(τ)

is (anti)periodic with the imaginary axis, so the Matsubara GF with period β as well. In

other words, it may be expressed as a Fourier series (Held et al., 2006; Haule, 2007; Gull

et al., 2011) as,

G(τ) =
1

β

∞∑

n=−∞

e−iωντGν (3.103)

where the Fourier coefficients is,

Gν =

∫ β

0

dτeiωντG(τ) (3.104)
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wit, the Matsubara frequencies,

ων =
(2ν + 1)π

β
(fermions),

And,

ων =
2νπ

β
(bosons)

(3.105)

There exists a complete set of Gν-values for a unique SD ρ(ω), which is associated via

the Hilbert transform as,

G(z) =

∫ ∞

−∞
dω

1

z− ωρ(ω) (3.106)

Where, z = ω + iων is the complex frequency.

3.3.1.1 Analytical Structure of GFs

Figure 13: F(z) is the AC of f(z) to the larger domain V (Shao & Sandvik, 2023).

A complex function, f(z), is said to be analytic on an open set D if it can be represented

by a convergent power series in the neighborhood of any point Fig. 13 (Shao & Sandvik,
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2023), z0 ε D,

f(z) =
∞∑

ν=0

aν(z− z0)ν (3.107)

For the system under consideration, the CT-QMC with hybridization expansion approach

generates GFs data (Werner et al., 2006; Pickett et al., 2013; Shao & Sandvik, 2023).

The PF in relation to the impurity model is given by,

Z =

∫
Dĉ†Dĉ exp(−Seff). (3.108)

Here, the effective action Seff takes the form,

Seff = Sloc +
∑

ab

∫ β

0

dτdτ ′∆ab(τ ′ − τ)ĉ†a(τ ′)ĉb(τ) (3.109)

where, the hybridization function, ∆ab takes the indices a and b for spin and the corre-

sponding site of the electrons, respectively. If Sloc is the local component of action that

comprises solely the interactions’ instantaneous terms, the Hamiltonian associated with

it is,

Ĥloc = −
∑

ab

tabĉ†aĉb +
∑

abcd

Vabcdĉ†aĉ†bĉcĉd. (3.110)

The field theory may be used to create a transformed single-particle basis, and the

creation and annihilation operators of any single-particle basis, ψk(x) described as,

ĉ†a =

∫
dxψk(x)ψ†(x) (3.111)

ĉa =

∫
dxψ∗k(x)ψ(x) (3.112)

With these operators, the GFs of the single-particle basis are expressed as,

G>
k,k′(t, t

′) = −i
〈

ĉk(t)ĉ†k′(t
′)
〉

G<
k,k′(t, t

′) = ±i
〈

ĉ†k′(t
′)ĉk(t)

〉 (3.113)
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3.3.1.2 Fourier Transform of G>(ω) and G<(ω)

The greater GF is limited over the real time axis and the Fourier transforms of greater

and lesser GFs (Werner et al., 2006; Pickett et al., 2013; Shao & Sandvik, 2023) are

written as,

G>(ω) =

∫ ∞

−∞
dteiωtG>(t)

G<(ω) =

∫ ∞

−∞
dteiωtG<(t)

(3.114)

Also, the greater and lesser GFs in the time domain are related to the frequency domain

as given by,

G>(ω) = ∓eβωG<(ω) (3.115)

These GFs are related to the Fourier transform of the SF as,

A(ω) = i [G>(ω)−G<(ω)] (3.116)

We define it using the weight function,

G>(ω) = −iA(ω)f(ω)

G<(ω) = iA(ω)f(−ω)
(3.117)

Where, the weight function,

f(ω) = ± 1

1± e−βω
= ±n(ω) (3.118)

which is related to particle statistics. The Fermi-Dirac distribution is given by the +ve

sign, while the Bose-Einstein distribution is given by the -ve sign. The retarded GF is

defined as follows to evaluate the GF in the limit of η → 0,

lim
η→0+

G(ω + iη) = GR(ω) (3.119)
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and,

lim
η→0+

1

ω + iη − iων
=

1

ω − iων
(3.120)

since ω − iων = 0 for every real ων . When the integral is evaluated using the Matsubara

frequencies, the real component of the GF, G(ω), is removed, and we have,

G(iων) =
1

2π

∫ ∞

−∞
dω

Im
[
GR(ω)

]

ω − iων
(3.121)

3.3.1.3 The Analyticity of the Retarded and Advanced GFs

To obtain the Fourier transform of the retarded GF, substitute (Werner et al., 2006; Pickett

et al., 2013; Shao & Sandvik, 2023) ω with ω + iη as,

GR(ω) =

∫
dω

2π

A(ω′)

ω + iη − ω′ (3.122)

Similarly, the SF is related to the Fourier transform of the advanced GF,

GA(ω) =

∫
dω

2π

A(ω′)

ω − iη − ω′ (3.123)

It is analytic in the lower and upper half-planes separately because of the jump GR(ω)−
GA(ω) across the real axis. To determine this difference, we have,

GR(ω)−GA(ω) =

∫
dω

2π

A(ω′)

ω + iη − ω′ −
∫

dω

2π

A(ω′)

ω − iη − ω′ (3.124)

applying the identity,

1

ω ± iη
= P 1

ω
∓ πiδ(ω) (3.125)

where P denotes the principal value. The SF is computed as the jump over the real axis,

GR(ω)−GA(ω) = −iA(ω) (3.126)
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Or,

A(ω) = i
[
GR(ω)−GA(ω)

]
(3.127)

3.3.2 AC for Single-site Dynamical Mean-Field Theory

Finally, the AC of the DMFT data using the impurity solver (Georges et al., 1996; Backes

et al., 2017) for the Hubbard model is shown in the flowchart Fig. 14. The covariance

matrices are constructed with a limited relative error using the GFs of the DMFT compu-

tation. The topic was thoroughly investigated using DMFT for low temperature and high

precision (Backes et al., 2017). The peak around the Fermi level is observed to be fairly

sharp at low temperature. This is obviously a critical issue since the retarded functions of

these GF and correlation function values on the real axis, which can determine a system’s

dynamical properties.

3.3.2.1 Flowchart for AC

Figure 14: The flowchart for the general analytical continuation of various methods (Backes et al., 2017).

In general, the flowchart Fig. 14 (Backes et al., 2017) depicts the real implementation

of AC. For this, we consider the initial input data Fmeasure (iων) on N Matsubara points
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(iων) (such as GF, Gin(iων)). The real frequency axis is to be discretized, and the

new function values are updated using a process similar to Metropolis-MC algorithm.

Multiple iterations are performed simultaneously for different values of the adjustable

hyper-parameter α in order to generate the final SF (Vollhardt, 2012; Morosan et al.,

2012).

These techniques based on GF formalism are not directly related to real energies, but it

is more easier to work with complex energies for computing real energies using AC, as

illustrated in Fig. 15 (Shao & Sandvik, 2023).

Figure 15: A schematic representation of the Matsubara frequency points’ AC of the GF in the complex
plane (Shao & Sandvik, 2023).

If a function is known with infinite discrete points on the imaginary axis with infinite

precision (Sandvik & Kurkijärvi, 1991), even if there exists a unique continuation,

which is irrelevant for normal computations. As a result, the issue is referred as ill-

posed one, especially when previous knowledge about the function of the real axis is

unavailable. Padé approximation is an AC method used in condensed matter physics

to solve Eliashberg equations by parameterizing numerical functions using polynomial

ratios (Vidberg & Serene, 1977; Beach et al., 2000).

GFs and self-energies properties, step-by-step improvements, accuracy tests, stability

with Matsubara noise, and numerical routine precision are discussed (Shao et al., 2017).

Modern machine learning techniques effectively solve AC (Gunnarsson et al., 2010) of
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physics related problems, with hybrid approaches integrating ML methodology with

physics intuitions is being the best solution thesedays (Yao et al., 2022).

3.3.3 The Maximum Entropy Model (MEM)

Analytically, the GF of Matsubara frequency, G(iων), is transformed to the GF of real

frequency, G(ω). It should be noted that calculating GF for a given SF is simple, however

obtaining the SF by simply inverting the integral equation is an ill-posed issue.

G(iων) =

∫
dω

A(ω)

iων − ω
(3.128)

=

∫
dωK(iων , ω)A(ω) (3.129)

where the kernel K(iων , ω) has several forms depending on the problems.

The least squares approach is the most basic and easy means of solving any linear

equations as,

χ2[A] =

Nfreq∑

iων

|G−KA|2 (3.130)

The main question with this method is how to cope with the inherent noises. The

maximum entropy technique (Silver et al., 1990) is the method to regularize the least-

square fit approach. One can define entropy as,

S [A] = −
∫

dωA(ω) ln
A(ω)

D(ω)
(3.131)

relative to a default model D(ω). The default model can encode any information about

the spectrum that is known beforehand. If D(ω) is non-negative and has the same norm

N as the spectrum A(ω), the entropy S will be non-positive and maximum for D(ω). It

should be noticed that we are not minimizing χ, but rather the following quantity,

Q[A] = χ2[A]− αS[A] (3.132)

In this case, α is a hyper-parameter. This optimization problem may be solved numeri-

cally with fixed α to minimize spectrum Aα(ω). The default model D(ω) spectrum is
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obtained in the range α→∞. In the limit α→ 0, on the other hand, the least-square fit

is properly applied. The easiest way for parameter elimination is to use the spectrum,

where χ2 ∼ 1, to avoid overfitting the data while maintaining the differences between

model and data within the permissible error bar. We could employ more complex ways

by reinterpreting MEM using Bayesian statistical rules (Gull et al., 2011).

3.3.3.1 Bayes’ Theorem for MEM

The Bayesian principles of conditional probability may be employed to reformulate the

MEM with the various associated parameters in the AC problem. Taking P[A] as the

prior probability for A(ω). The quantity P[A|Ḡ] is known as the posterior probability

for A(ω) given the data Ḡ(ω) and P[Ḡ|A] (likelihood function). The Bayes’ theorem

(Bayes, 1958) asserts the following with these probabilities, as depicted in Fig.16(a)

(Jarrell & Gubernatis, 1996; Bergeron & Tremblay, 2016)

P[A|Ḡ] =
P[Ḡ|A]P[A]

P[Ḡ]
(3.133)

The probability P[Ḡ] is known as the evidence and is used to normalize the posterior

probability P[A|Ḡ],

P[Ḡ] =

∫
DA P[Ḡ|A] P[A] (3.134)

One can identifies,

P[Ḡ|A] =
1

Z1

exp(−χ2[A]) (3.135)

and

P[A] =
1

Z2

exp(αS[A]). (3.136)

where,

Z1 =

∫
DḠ e−χ

2[A] (3.137)
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and

Z2 =

∫
DA eαS[A] (3.138)

are used to normalize the probabilities. The posterior probability can be written as,

P[A|Ḡ] =
e−Q[A]

Z1Z2P[Ḡ]
. (3.139)

with

P[Ḡ] =

∫
DA e−Q[A]

Z1Z2

(3.140)

As a result, minimizing Q means maximizing the posterior probability P[A|Ḡ] ∼ e−Q.

Given the input data Ḡ, the MEM finds the most probable spectrum of A is obtained

by maximizing P[Ḡ|A]P(A). For example, if the data are generated using a stochastic

approach, the probability is derived using the central limit theorem. We have, for an

element of G,

(a) (b)

Figure 16: (a) The graphical representation of posterior probability (red) (b) The logistic regression (LR)
curve (Jarrell & Gubernatis, 1996; Bergeron & Tremblay, 2016) .

P[Gi|Ḡi] ∝ e
− (Gi−Ḡi)

2

2σ2
i (3.141)

where Ḡi is the statistical averaged value of Gi and σ2
i is the variance. For all the elements

of G, we thus have,

P[G|Ḡ] ∝ e−
χ2[A]

2 (3.142)

64



where,

χ2[A] =
∑

i

(Gi − Ḡi)
2

σ2
i

(3.143)

The goodness of fit is determined by the covariance matrix, C, with diagonal elements.

If the covariance is not diagonal, one must instead use,

χ2[A] =
(
G− Ḡ

)T
C−1

(
G− Ḡ

)
(3.144)

Here, in matrix form, where C is the covariance matrix. Given a spectrum A, Ḡ = KA,

where K is the kernel matrix, and so

P[Ḡ|A] ∝ e−
χ2[A]

2 (3.145)

with

χ2[A] = (G−KA)T C−1 (G−KA) (3.146)

It should be noted that the basic assumptions of using (3.135) as the probability are listed

as,

1. Ḡ = KA is the good approximation to the exact GF.

2. The elements of ∆GU = U†(G− Ḡ) = U†(G−KA), with U are the uncorrelated

random variables, including the eigenvectors of the covariance matrix C.

From (3.139), the posterior probability can be expressed as,

P[A|Ḡ] ∝ eαS−χ
2

2 (3.147)

To get the spectrum A, this amount must be maximized, and hence it is named as MEM

approach.
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3.3.3.2 Bayesian Inference Using the Hyper-parameter (α)

There are more advanced formulations problem to eliminate the free parameter, α

(Bergeron & Tremblay, 2016; Goulko et al., 2017) (3.133) may be rewritten as,

P[A, α|Ḡ] =
P[Ḡ|A, α]P[A, α]

P[Ḡ]
(3.148)

When the Bayes’ theorem is used to factorize P[A, α] and integrate over A, the relation-

ship becomes,

P[α|Ḡ] =P[α]

∫
DA

P[Ḡ|A, α] P[A|α]

P[Ḡ]

=
P[α]

Z1Z2P[Ḡ]

∫
DA e−Q[A] (3.149)

In this case, the probability P[α|Ḡ] is calculated around the maximum. On a similar

logical basis, P[Ḡ|A, α] ∼ exp(−χ2[A]) and P[A|α] ∼ exp(αS[A]) may be identified.

The evidence

P[Ḡ] =

∫
dα

P[α]
∫
DA e−Q[A]

Z1Z2

(3.150)

is a normalization constant that is independent on α. Except for P[α], the prior probability

of α, all of the parameters in this equation are known. However, the choice of P[α] has

minimal effect on the resulting spectra.

A numerical treatment of the equations (3.139) and (3.150) is conceivable if the probabil-

ities involved are of the Gaussian type.

3.3.3.3 Extracting Information from the GF Input

For the preprocessing step of calculation, we may extract two types of information: (a)

moments and (b) a low frequency peak with its breadth and weight. When accessible,

the initial step in the calculation is to extract that information.

The required spectrum is obtained as a function of α within the relevant range, which we

must minimize, Q = χ2

2
− αS, where χ2 is given by (3.130) and S, by (3.131). This is

a function that is bounded from below and has a distinct minimum,∇Q = 0. Because
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entropy is a non-linear component of the equation, it cannot be solved accurately. We

may solve the issue iteratively using the linearized version.

3.3.3.4 The Optimal Value for Hyper-parameter

To identify the ideal value of α, we must compute the curvature of log10(χ2) vs. γ

log10α, where γ ≤ 1 is an adjustable parameter. It is utilized to raise the magnitude of

the peak in the LR curve Fig. 16(b) (Bergeron & Tremblay, 2016) corresponding to the

crossover zone. The value of γ ∼ 0.2 was discovered to be a reasonable balance for

clearly identifying the proper peak in the curve while not affecting the value of α too

much.

When we plot the graph of the function χ2(α) in log-log scale, we get the schematic curve

given in Fig.16(b) (Bergeron & Tremblay, 2016), which shows three distinct regimes as,

a. For large α values, χ2 does not vary considerably, and so the SF deviates only little

from its default model, referred to as the default-model.

b. Under a certain value of α, while αS still a substantial term, χ2 is not insignificant

and hence acts as a restriction. In that range, α governs how well that constraint is

fitted, which is referred to as the information-fitting regime.

c. Under some α values, the lowering parameter has minimal effect on χ2. In reality,

it is the zone where the variation in G is also fitted, which is known as the noise-

fitting regime.

The function ∆G(iων) = Gin(iων)−K(iων)A can be used to determine the correspon-

dence between the small slope region at low α. It is important to note that the value of α

above which, the slope starts decreasing rapidly, and the function contains mainly noise.

At the point of the drop, Gout(iων) = K(iων)A is a good fit of the input data Gin(iωn).

3.4 Optical Conductivity through DMFT

This work investigates electronic transport properties, such as optical conductivity σα(ω),

using current-current correlation function.

Λ̂α(τ) = 〈̂jα(τ )̂jα(0)〉 (3.151)
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Here, jα is a current operator along the α-direction which can be defined as

ĵα = −i
∑

i,σ

t(ĉ†i,σĉi+δα,σ − ĉ†i+δα,σĉi,σ), (3.152)

The current operator is also written as ĵα(τ) = exp(Hτ) ĵ exp(−Hτ). It is sufficient to

consider only the α component of Λα(τ) for the clusters under consideration.

Indeed, the optical conductivity σα(ω) is related to the current-current correlation func-

tion by,

Λα(τ) =

∫
dω

π

ωe−τω

1− e−βωσα(ω) (3.153)

We use CT-QMC with the AC of the current correlator in imaginary time (Gunnarsson

et al., 2010; Blümer & Gorelik, 2011) to extract the optical conductivity. Further

information is provided in (Sakai et al., 2004), which includes data from larger cluster

simulations suggesting minor finite size effects.

Here, the equivalence of the two directions given by (α = x, y) does not hold in the

specified clusters and boundary conditions, as we have previously shown in the (Imada,

2005; Nakano et al., 2007). The optical conductivity is given by,

σ(ω) = 2πDwδ(ω) + σreg(ω). (3.154)

The second term in the r.h.s. is the regular component of the optical conductivity, often

known as the incoherent part, which is obtained by the average of the these components,

σreg(ω) = [σreg
x (ω) + σreg

y (ω)]/2; (3.155)

each of σreg
α (ω) given by,

σreg
α (ω) =

π

Ns

∑

6̀=0

|〈`|jα|0〉|2
E` − E0

δ(ω − E` + E0), (3.156)

is calculated by the continued-fraction expansion method.

Where jα is the current vector along the α-direction, and |l〉 denotes an eigenstate with
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the energy eigenvalue El. It is worth noting that the ground state is defined by l = 0. The

Drude weight Dw (Nakano et al., 2007) may be obtained by combining σ(ω) with the

sum rule.

∫ ∞

0

σ(ω)dω = πK, (3.157)

where -4K denotes the kinetic energy per site, i.e. −4K = 〈Hhop〉/Ns. When U = 0,

the incoherent component is missing, resulting in Dw = K. It is well known that the

incoherent component emerges when U > 0. When U is large enough, the reactions

toward the upper-Hubbard band may be clearly identified in σ(ω). In such a scenario, a

frequency slightly below the upper-Hubbard band may be determined to be ωc; we can

compute definite integrals.

Neff =
1

π

∫ ωc

0

σ(ω)dω, (3.158)

which is the effective carrier density.

DMFT calculates temperature-dependent dc resistivity using zero-frequency optical

conductivity as ρ = 1/σ(ω = 0) and gives it in units of ρMott = ~a/e2. The frequency-

dependent optical conductivity can be calculated as,

σ(ω) =2π
e2

~a

∫ ∞

−∞
dω′

nF(ω′)− nF(ω′ + ω)

ω

×
∫ ∞

−∞
dε ρ(ε) (v(ε))2 A(ε, ω′)A(ε, ω′ + ω) (3.159)

using nf (w) as the Fermi function and v(ε) =
√

W2 − ε2/
√

3 as the velocity, in this

case for the Bethe lattice in z →∞ (Georges et al., 1996; Merino & McKenzie, 2000).

The SF, often known as

A(ε, ω) = −Im (G(ε, ω)) /π (3.160)

which can be calculated from the Green’s function,

G(ε, ω) =
[
(G−1

0 (ε, ω)− Σ(ω)
]−1 (3.161)
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The non-interacting GF, G0(ε,w) = 1/(w− ε+ µ) is affected by the one-particle energy

ε, which is utilized as a quantum number in place of momentum. The current vertex

adjustments are missing in DMFT (Georges et al., 1996), implying that the single-

particle spectrum and conductivity are directly connected. For three peaks structures in

SF (Hubbard bands and quasi-peaks), the local SF, A(ω), can be plotted for many values

of the interaction parameters in DMFT (Georges & Kotliar, 1992).

3.4.1 Photoinduced Phase Transitions

The photoinduced phase transitions uses optical methods to elicit a collective response in

a particular material, resulting in a new macroscopic ordered phase (Sachdev, 1999; Choi

et al., 2012). The resulting alteration can be investigated using x-rays, direct current

transport and other electronic or structural probes.

QMC Results for MIT

Figure 17: The various distinct regions for different phases with the variation of model parameters (U and
β) at around QCP (Si et al., 2001; Kotliar et al., 2006; Vollhardt, 2012).

The QCP is the point at which matter becomes unstable for a new forms of order. The fluctuations

between order and disorder that arise at this moment cause substantial changes in the material’s

finite temperature electronic behaviors (Millis, 1993; Moeller et al., 1995; Isakov et al., 2012; Rai

et al., 2023). External fields and other chemical environments are suitable for tuning a material in

the neighborhood of QCP to be explored.
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Ballistic electron motion stops at a QCP, creating an unconventional conductor where

electrons couple into the electron fluid’s current carrying motion. The theoretical and

practical investigation of the bandwidth control Mott MIT reveals quantum criticality of

electrical resistivity at higher temperatures, despite the low-temperature phase transition

being first order (Millis, 1993; Sachdev, 1999; Hameed et al., 2022).

The interaction-driven MIT is an example of strong correlation effects, but poorly under-

stood. The DMFT framework has made significant theoretical progress, approximating

electronic self-energy locally in space and becoming exact in infinite dimensions. Nu-

merical analysis reveals that changing the chemical potential doesn’t alter the first-order

transition, resulting in finite TC(T) and quantum criticality. Two-dimensional experi-

mental systems show minimal momentum dependencies and local correlations effect,

contradicting full space-time quantum criticality.

The metal remains stable and depends on Coulomb interaction until its energy reaches

the insulating solution at UC2(T) (Fig. 17) (Vollhardt, 2012; Kotliar et al., 2006). When

the insulator becomes unstable at UC1(T), solutions differ energetically. The Hubbard

model near MIT provides insight into quasiparticle behavior, with the energy of the

metallic phase expected to be lower than the insulator and no crossing occurring in

relevant properties. At T = 0, the metal approaches the insulator continuously, with both

energy and its derivative fluctuating smoothly at UC2(T).

At a critical temperature (TC), a paramagnetic (PM) metallic and insulating phase coexist

in the regime UC1(T) < U < UC2(T). As U increases, the metallic phase disappears

at UC2(T), and when U drops to UC1(T), the insulating phase terminates. A first-order

MIT line exists between phases UC1(T) and UC2(T) with identical free energies. At

critical temperature, both phases equal UC , and a second-order transition occurs. When

U increases over TC, the system changes from metallic to insulating phase through

crossover.
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3.5 Computational Details and Experimental Information

3.5.1 Computational Softwares for Ab-initio Calculations

3.5.1.1 Quantum Espresso Frameworks

Quantum ESPRESSO, an acronym for Quantum-opEn-Source Package for Research in Electronic

Structure, Simulation, and Optimization, is a multi-purpose package for electronic structure

calculations, simulation, and optimization. It contains codes for first-principles calculations in

condensed matter systems (Trimarchi et al., 2008). The package is based on DFT and plane

wave/pseudo-potential descriptions of the electronic ground state, making it ideal for structural

optimizations, linear response calculations, and high-temperature molecular dynamics. Examples

of applications are briefly discussed in the text (Kohn & Sham, 1965; Perdew et al., 1998).

3.5.1.2 WIEN2k Frameworks

The WIEN 2k package in Fortran performs quantum mechanical calculations on periodic

solids using Augmented Plane Wave methods. The LAPW method is highly accurate for

computing the electronic structure of crystals (Blaha et al., 2002). Electronic and other

related calculations are performed within DFT using the LAPW plus local orbital (LO)

method (Schwarz et al., 2010). The exchange correlation functional for self-consistent

calculations is GGA (Blaha et al., 2002; Schwarz et al., 2010).

3.5.1.3 DMFT Frameworks

The ALPS (Algorithms and Libraries for Physics Simulations) program provides com-

putational physics libraries and applications for simulation of lattice models and SCSs.

These libraries are reusable components for developing condensed matter physics simu-

lation codes, aiming to create proven computational algorithms. The ALPS core libraries

offer physical insights into various subfields of condensed matter, including nonequi-

librium dynamics, CT-QMC (Kotliar & Vollhardt, 2004; Bauer et al., 2011; Gull et al.,

2011), LDA + DMFT materials simulations, quantum and classical spin systems, cor-

related boson and fermion models, and cuprate superconductivity (Caffarel & Krauth,

1994; Betzinger et al., 2011; Gonze et al., 2016).

The projector augmented-wave method offers an alternative to standard norm-conserving
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pseudopotentials, allowing for geometry optimizations and ab initio molecular dynamics

as treated in ABINIT frameworks. It can treat materials like insulators, metals, and

magnetically ordered systems like Mott-Hubbard insulators, enabling the calculation of

forces and stresses (Trimarchi et al., 2008; Gonze et al., 2016).

3.5.2 Computational Details

In this study, we have employed the standard DFT based plane wave self-consistent field

(PWscf) with ultrasoft pseudopotential approach to study the structural and chemical

stability with energy minimization techniques. The FP-LAPW is utilized to study the

stability, electronic structure, electronic charge density distribution, thermoelectric and

optically driven transport properties of pristine TMOs and their superstructures (Kohn

& Sham, 1965; Mizutani, 2001; Sholl & Steckel, 2022). The KS equations are solved

using self-consistent calculations of total energy within the GGA framework (Perdew

et al., 1998; Blaha et al., 2002). Conventional DFT approaches are used to compare

and increase computational accuracy (Kaphle et al., 2015; Rai et al., 2023).In addition

to the standard DFT, we employed the self-consistent DMFT calculations with a CT-

QMC hybridization technique to compute the realistic electronic structure of TMOs and

investigate the Mott-Hubbard MIT (Antonov et al., 2001; Rohringer et al., 2018; Jana

et al., 2020; Rai et al., 2021). SD distribution is derived using the MEM for statistical

inferences (Shao & Sandvik, 2023).

The site-substitution of the extended pristine cubic perovskite, SrTiO3 is used to recon-

struct the transition metal oxide superstructure system, La1−x SrxTiO3. Through DFT +

DMFT (Held et al., 2008; Shin et al., 2021; Rai et al., 2023), the MIT phase transition

is explored for the strongly correlated parameter (U, and β). For the pristine TMOs

unit cell of an ideal cubic crystal system with Pm-3m (Hermann Mauguin) space-group,

we chose a Monk-horst pack of 7 × 7 × 7 k-mesh grid for pristine sample. The 19

× 19 × 3 k-mesh grid for superstructure is used for self-consistent computations with

energy and charge convergence criteria of 10−5 eV and 10−3e, respectively (Sevik, 2010).

Thermal conductivity, electrical conductivity, Seebeck coefficients, and TPF of optimized

La1−xCaxVO3 superstructures are computed using the BoltzTraP codes.

The structural optimization of vanadate systems involves determining K-points, RKmax,
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and Gmax. The optimized RMT values of La-, Ca-, V-, and O- are obtained for both

pristine and site-substituted superstructures (Kohn & Sham, 1965; Perdew et al., 1996).

This investigate MIT’s through band and filling controlled approaches, we employ CT-

QMC as an impurity solvers with hybridization expansion technique for La1−xCa1−xVO3,

La1−xSrxVO3, Ca1−xSrxVO3, Ca1−xYxTiO3 and La1−xSrxTiO3 superstructure systems

(Löhneysen et al., 2007; Rai et al., 2023). To estimate the critical value of MIT for

each of the superstructure, DFT + DMFT calculations are done for various Coulombian

interactions, U and the thermodynamical parameters β. DFT and DMFT are used

to evaluate the optical conductivities of the materials, with the MIT phase transition

expected based on Drude peaks analysis that vary depending on the spectral weight ratio

and mass enhancement factor. The DMFT calculation uses parameters like chemical

potential (µ), Matsubara frequency (ων), imaginary time bins, thermalization sweeps,

maximum sweeps in a single iteration (10000), and MC steps between measurements

(5000).

m∗/m ' SWDrude+MIR/SWDrude ' Kband/Kexp (3.162)

The mass enhancement in Mott insulators is evaluated by reducing kinetic energy of

quasiparticles due to dynamical correlations. The overall kinetic energy remains constant,

but intraband transitions contribute to conduction electrons’ kinetic energy, which is

transferred from the Drude peak into mid-infrared (MIR) or higher energy.

The DFT and other computational software packages are intended to perform a wide

range of calculations, including ground-state energy, structural optimizations, response

characteristics, spin polarization, molecular dynamics, electrostatic dipole, magnetic

structures, and many more (Capelle, 2006; Cohen et al., 2007; Martin, 2020; Sholl &

Steckel, 2022).

The validity and accuracy of self-consistent calculations are crucially important for

various properties of the materials under investigation and are determined by several

factors, viz.

a. The accuracy of calculations is influenced by the choice of basis set (plane-wave

cutoff), pseudopotentials, full-potentials and so on.
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b. The choice of exchange-correlation functional (LDA, GGA, hybrid functionals etc.)

affects the accuracy of calculations. The accuracy of functionals can vary depending

on the system being studied.

c. Convergence criteria for self-consistency iterations, k-point mesh density, and energy

cutoff for plane wave basis set and charge density convergence.

d. Proper handling of symmetry operations and accurate input geometries are important

for validity of calculations. The incorrect input geometries, such as overlapping

atomic orbitals or unrealistic bond lengths, can cause numerical instability or conver-

gence problems.

e. The size of the system, the number of atoms, and the complexity of the electronic

structure can influence the accuracy of calculations. Larger systems might require

more careful convergence and higher computational resources.

3.5.3 Experimental Information

Experimental works have studied the Mott-Hubbard MITs in vanadates and titanates

systems for various values of U and β. Ca doped La1−xCaxVO3 system was synthesized

and characterized to study the resistivity and magnetic susceptibility for Mott and band

insulators (Antonides et al., 1977; Sawatzky & Allen, 1984; Makino et al., 1997; Maiti

et al., 2004). Bulk-sensitive high-resolution PES and XAS were used to study the spectra

of CaVO3 and SrVO3 (Inoue et al., 1998; Mossanek et al., 2008).

All heterostructures grown on SrTiO3 substrates were found to be metallic upon mea-

suring transport and Hall measurements up to 5T of magnetic field (Cohen et al., 2007).

MIT behavior in La1−xSrxVO3 samples was investigated using optical spectra (Inaba

et al., 1995; Inoue et al., 1998). For La1−xCaxVO3, Maiti (Maiti & Sarma, 2000) found

an antiferromagnetic (AFM) to PM transition near x = 0.2. Single crystals of superstruc-

tures, Ca1−xSrxVO3, were studied for optical conductivity, photometrics, and optical

reflectivity measurements. The spectra of SrVO3 and CaVO3 were also investigated

using the bulk-sensitive high-resolution PES and XAS.

Kowalski et al. investigated d-orbital splitting and local Coulomb interactions using the

CT-QMC hybridization technique, explaining Mott insulating behavior (Kowalski et al.,
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2019; Caputo et al., 2022). In addition, they employed angle resolved photoemission

spectroscopy (ARPES) to investigate Hubbard band splitting (Sekiyama & Suga, 2004).

These experimental findings actually motivate us for the theoretical research into the

stability, electronic transport, thermoelectric, and optical properties of these strongly

correlated materials, which have applications in Mottronics, neuromorphic computations,

resistive memory devices, and thermoelectric and energy devices.
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CHAPTER 4

RESULTS AND DISCUSSION

We describe the principal findings of the study using numerous standard analyses and

discussions in this chapter. It includes the investigation of structural, chemical and

mechanical stabilities, and related properties, electronic structures along with the MITs,

thermoelectric transport properties, and optically induced behaviours of pristine transition

metal oxides and their site-substituted derivatives.

The CE and FE estimations are utilized to determine the system’s structural and chemical

stability. Mechanical and chemical bonding information are obtained through the elastic

constants for the modulus of elasticities, Poisson’s ratio, Cauchy pressure, Pugh’s ratio,

and anisotropy factors.

The preliminary investigation of density of states (DOS) and bandstructures are used to

conjecture the electronic structures with various techniques of ab-initio calculations, but

these calculations are insufficient to address the realistic picture of electronic structure

of SCSs (e.g. perovskites, double perovskites) systems. For the impurity solver of

Anderson’s impurity Hamiltonian, we employed the DFT + DMFT approximation using

the CT-QMC hybridization expansion technique. Furthermore, the QMC data are used

to determine the real frequency data using MEM, which is extremely important for

studying the MIT behaviours of the systems. We have investigated their optically

induced behaviors using DFT and DFT + DMFT approximations, and hence revealed

the potential candidates for field driven devices (Kamerbeek et al., 2015; Paul & Birol,

2019) of TMOs.
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4.1 Structural, Chemical and Mechanical Stability

4.1.1 Structural, Chemical and Mechanical Stability of Vanadates

4.1.1.1 Structural and Chemical Stability of La1−xCaxVO3

(a)(a)(a) (b)

Figure 18: The structural stability analysis through energy minimization process for (a) LaVO3 and (b)
superstructure La0.40Ca0.60VO3.

The CaVO3 and LaVO3 crystal structures are a prototype SrFeO3 face-centered cubic

(FCC) type perovskites structure having space group Pm-3m (221). The ideal cubic

unitcell of LaVO3 (Fig. 18(a)) has La -atom at the origin (0.0, 0.0, 0.0) a, V-atom at the

body center (0.5, 0.5, 0.5) a, and the O-atoms at the three face centers: (0.5, 0.5, 0.5) a,

(0.0, 0.5, 0.5) a, and (0.5, 0.0, 0.5) a. Where, the lattice constant, a = 3.94 Å (Frenkel &

Ladd, 1984; Piskunov et al., 2004; Basov et al., 2011).

Furthermore, the ideal cubic unitcell of LaVO3 is electronically promoted to a supercell,

La1−xCaxVO3 of 1× 1× 3 dimension for studying their structural, mechanical stability,

electronic transport, and optically driven transport properties. One of the superstructure,

La0.40Ca0.60VO3, is found to be converged with space group P4/mm (99) in a tetragonal

primitive supercell. The optimized structural parameters are presented in Table. 1 for

pristine and superstructure systems.

The results are consistent with the existing data for (CaVO3, LaVO3), and its super-

structure La0.40Ca0.60VO3 system (Inoue et al., 1998; Sclauzero et al., 2016). The slight

change in the pristine parameters is discovered to be the result of structural change during

the electronic reconstruction of the superstructure, and it agrees with the previous results

(Fig.18(b)).
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Table 1: The optimized structural parameters?, cohesive and formation energies in electron volt (eV) of
the pristine (CaVO3, LaVO3) vanadates and their superstructure.

Physical Parameters CaVO3 LaVO3 La0.40Ca0.60VO3

Lattice Parameter 3.71 3.94 a = b = 3.86,
(Å ) 3.80F, 3.83# 3.92F, 3.95# c = 19.48

Space-Group Pm-3m (221) Pm-3m (221) P4/mm (99)
K-points 800 800 750
RKmax 7.0 7.5 7.5
Gmax 14.0 16.0 15.0

Cohesive Energy -7.53 -7.56 -7.20
(eV/atom)

Formation Energy -3.01 -3.18 -2.99
(eV/atom) -2.90F, -2.89# -3.25F, -3.09#

? The optimized lattice parameters are consistent with the available data. The variation of lattice
parameter (±∆a) with their corresponding energy differences (∆E) about their optimized values

are shown in Appendix -V (a),(b).
F (Long et al., 2013; Kirklin et al., 2015), # (Wold & Ward, 1954; Ali & Yashima, 2005; Balachandran et al., 2017)

The calculated CE and FE for CaVO3, LaVO3, SrVO3, LaSrV2O6 and La0.40Ca0.60VO3

systems are found to be negative (Table. 1, 2).

Thus, the formation energies of pristine and superstructure systems are negative, indi-

cating energetically favorable for synthesis and better chemical and thermodynamical

stability. Higher negative values indicate structural and chemical stability (Santana et al.,

2017).

4.1.1.2 Structural and Chemical Stability of La1−xSrxVO3

(a) (b)

Figure 19: The optimization curve for lattice parameter of (a) SrVO3 unitcell with the crystal structure
(inset) (b) LaSrV2O6 superstructure system with its crystal structure (inset).
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Table 2: The optimized structural parameters† of the pristine (SrVO3, LaVO3) and superstructure with
their cohesive, formation energies.

Physical Parameters SrVO3 LaVO3 LaSrV2O6

Lattice a = 3.86 a = 3.94 a = b = 3.96,
Parameters (Å) 3.86F, 3.90

⊗
3.92F, 3.95

⊗
c = 7.92

Opt. Volume (Å3) 57.51 61.20 124.20
Cohesive Energy -6.96 -7.56 -7.79

(eV/atom)
Formation Energy -2.97 -3.18 -3.60

(eV/atom) -2.90F, -2.87
⊗

-3.25F, -3.09
⊗

† The optimized lattice parameters are consistent with the available data. The variation of lattice
parameter (±∆a) with their corresponding energy differences (∆E) about their optimized values

are shown in Appendix -V (c).
F (Long et al., 2013; Kirklin et al., 2015),

⊗
(Wold & Ward, 1954; Balachandran et al., 2017; Lan et al., 2003)

The energy minimization technique is used to investigate the structural stability of proto-

type cubic SrVO3 and LaVO3 systems (Fig. 19(a)) whose optimized lattice parameters

are found to be 3.86 Å and 3.94 Å, respectively (Maiti & Sarma, 2000; Mossanek

et al., 2008; Sage et al., 2008; Wang et al., 2011). The optimized lattice parameters

(Table. 2) of superstructure, LaSrV2O6 with the space-group P4/mmm (123) (Fig. 19(b))

are consistent values with the previous results (Wang et al., 2011; Sage et al., 2008). The

computed values of cohesive and formation energies are presented, which reflect the

chemical stability of these vanadate compounds.

4.1.1.3 Structural and Chemical Stability of Ca1−xSrxVO3

The optimized lattice parameters for pristine SrVO3 and CaVO3 are found to match

the experimental results. The superstructures, Ca1−xSrxVO3 reconstructed using the

frameworks 1 ×1 × 2 of pristine unitcell of SrVO3, and then site-substituted with Ca-

atoms in the supercell. These stabilized superstructures with space-group P4/mmm were

examined using an energy minimization approach. The energy difference vs. volume

optimization curves for CaVO3 and (Ca0.50Sr0.50VO3)2 systems, together with their

model crystal structures (in insets), are shown in (Fig. 20(a),(b)).
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(a) (b)(b)

Figure 20: The lattice parameter optimization curves and crystal structures (insets) for (a) CaVO3 system
(b) (Ca0.50Sr0.50O3)2 system.

4.1.1.4 Mechanical and Thermodynamical Stabilities of Vanadates

The mechanical and thermodynamical stability parameters of optimized structures of

vanadates are listed in Table. 3, which are consistent with existing available information

(Ambrosch-Draxl & Sofo, 2006; Boudali et al., 2009). Positive Cauchy pressure values

for CaVO3, LaVO3, SrCaV2O6, LaSrV2O6, and LaCaV2O6 indicate ductile metallic

nature, while negative values for SrVO3 imply covalent bonding (Cinthia et al., 2015).

Furthermore, the values obtained from equations (3.54 - 3.61) satisfy the criterion for the

mechanical stability.

The calculated elastic parameters show that the superstructure has weaker elastic behavior

than pristine systems (Kim, 2018; Bouhemadou & Khenata, 2007). The elastic wave

information is also used to compute the system’s Debye temperature (ΘD), which is the

cutoff frequency or Debye frequency (ωD) of vibrating chains of masses characterizing

the motion of ions in a crystal.

The elastic tensor along with the other mechanical information of the materials can be

calculated using the polynomial fitting of energy vs. strain. The accuracy and validity

of prediction of these calculation were investigated using the CVE method (one of the

methods of selecting the best model using the optimal hyperparameter).

The CVE approach optimizes the fitting procedures on statistical data using a portion of

the training data set and a complementary subset (testing data set), which ensure that

the model captures the trend while ignoring the noise. We have used the leave-one-out

(LOO) type of CVE method to select the best model (Fig.21(a)). The best model is

predicted to be deformation-5 (Geometry-5) out of 6 different distorted samples of the
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Table 3: The elastic constants Cij , Modulus of elasticities (Y, B, G) for the Vanadates.

Physical SrVO3 CaVO3 LaVO3 SrCaV2O6 LaSrV2O6 LaCaV2O6

Parameters
C11 (GPa) 519.90 446.30 576.20 183.30 256.50 209.00
C12 (GPa) 141.00 140.50 200.90 107.40 90.50 122.00
C13 (GPa) 99.50 94.30 123.20
C22 (GPa) 149.60
C23 (GPa) 114.90
C33 (GPa) 157.60 148.10 152.70
C44 (GPa) 155.30 111.00 124.00 78.10 66.10 63.50
C55 (GPa) 63.50
C66 (GPa) 77.50 64.20 64.30
Y (GPa) 418.69 325.99 388.97 158.21 131.46 129.75
B (GPa) 267.27 242.42 325.99 126.34 113.21 136.84
G (GPa) 168.97 127.75 149.48 61.26 50.31 48.34

CP (GPa) -14.30 29.50 76.90 29.30 21.90 58.50
ν 0.24 0.28 0.30 0.29 0.31 0.34

PR 1.58 1.89 2.18 2.06 2.25 2.83
AF(%) 0.47 1.23 2.05 7.04 8.74 13.01

(a) (b)

Figure 21: The plots of (a) the elastic constants vs. strain of different distorted geometries (b) the
corresponding CVE vs. strain for LaSrV2O6 system.

LaSrV2O6 system, according to (Fig. 21(b)).

Furthermore, we have examined the dynamical stability of the pristine vanadates through

the calculation of phonon properties (shown in Appendix -VI (a), (b) and (c)). These

prototype pristine unitcell of TMOs were used for the electronic reconstruction of site-

substituted superstructures.
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(a) (b)

Figure 22: The volume optimization curve with crystal structures (insets) of (a) LaTiO3, and (b)
LaSrTi2O6, systems.

Table 4: The optimized structural parameters‡ (volumes, densities, Debye temperatures), cohesive and
formation energies of the pristine and their site-substituted superstructures.

Physical Parameters SrTiO3 LaTiO3 LaSrTi2O6 LaCaTi2O6

Lattice a = 3.94 a = 3.92 a = b = 3.96 a = b = 3.85
Parameters(Å) 3.92F, 3.91# 3.93F, 3.96# c = 7.92 c = 7.91

Opt. Volume (Å3 ) 58.09 50.65 123.47 124.12
ρ(g/cm3) 6.30 7.29 5.57 4.97
νt (m/s) 2983.51 4467.21 3707.23 3373.41
νl (m/s) 6288.25 6965.06 6084.34 5326.89
νm (m/s) 3356.55 5906.76 4094.82 3710.74
ΘD (K) 397.07 567.00 454.34 403.22

Cohesive Energy -7.74 -7.65 -7.71 -7.68
(eV/atom)

Formation Energy -2.72 -2.97 -3.07 -3.05
(eV/atom) -3.35F, -3.45# -3.47F, -3.59#

‡ The optimized lattice parameters are consistent with the available data. The variation of lattice
parameter (±∆a) with their corresponding energy differences (∆E) about their optimized values

are shown in Appendix -VII (a), (b).
F (Long et al., 2013; Kirklin et al., 2015), # (Balachandran et al., 2017; Jauch & Palmer, 1999; Kestigian & Ward, 1954)

4.1.2 Structural, Chemical, and Mechanical Stability of Titanates

4.1.2.1 Structural and Chemical Stability of La1−xSrxTiO3

The optimum lattice parameters for the given TMOs systems are determined using first-

principles based energy minimization procedures. The cubic phase of SrTiO3 with space

group Pm-3m (221) is a band insulator. In the unitcell, the Wyckoff co-ordinates of Sr

atom is at (0.0, 0.0, 0.0) a, Ti atom is at body center (0.5, 0.5, 0.5) a, and the three O

atoms sitting at the face centers (0.5, 0.5, 0.5) a, (0.0, 0.5, 0.5) a, and (0.5, 0.5, 0.5) a
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positions, with the lattice parameter, a = 3.94 Å.

Similarly, the prototype cubic unit cell of LaTiO3 contains La-atom at the origin, Ti-atom

at the body center, and three O-atoms at the three face centers positions; whose optimized

lattice parameter is a = 3.92 Å. For SrTiO3 the convergence parameters, K-points =

500, RKmax = 7.0, and Gmax = 17 are chosen with RMT -values of 2.40 for Sr-atom,

1.78 for Ti-atom, and 1.61 for O-atom. These convergence parameters are also obtained

for LaTiO3 system. The volume optimization curves with crystal structures (insets) of

LaTiO3, and its superstructure, LaSrTi2O6 are shown in (Fig. 22(a),(b)).

The cubic unitcell of optimized SrTiO3 is electronically promoted to a supercell of

dimension 1 × 1 × 3, in order to investigate the effect of the site-substituted SrTiO3 su-

percell by La -ions. We have studied the effect on their structural, mechanical, electronic

structure, transport and optically induced properties of La1−xSrxTiO3 superstructures

systems (Rai et al., 2020). For a typical superstructure, LaSrTi2O6 system of space group

P4/mmm (123), the optimized lattice parameters are listed in Table. 4. RMT values for

La, Sr, Ti and O atoms are found to be 2.50, 2.45, 1.71, and 1.55, respectively.

4.1.2.2 Structural and Chemical Stability of Ca1−xYxTiO3

(a) (b)

Figure 23: The lattice parameter optimization curves for (a) YTiO3 with crystal structure(inset) (b)
Ca0.33Y0.67TiO3 system with crystal structure(inset).

The structural and chemical stabilities of the pristine CaTiO3, YTiO3 and their superstruc-

ture, Ca1−xYxTiO3 are examined through the energy minimization curve (Fig. 23(a),(b))

using variational principle. The cohesive and formation energies are used to study their

chemical stability and the results are tabulated in Table. 5.
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Table 5: The structural parameters∗ of the pristines titanates (CaTiO3, YTiO3) and site-substituted
superstructure with cohesive and formation energies of the systems.

Physical Parameters CaTiO3 YTiO3 Ca0.33Y0.67TiO3

Lattice Parameter 3.88 3.89 a = b = 3.87,
(Å ) 3.86�, 3.89

⊕
3.87�, 3.89

⊕
c = 11.67

Space-group Pm-3m (221) Pm-3m (221) P4/mmm (123)
Opt. Volume (Å)3 58.78 58.94 176.34
Cohesive Energy -7.15 -6.90 -7.00

(eV/atom)
Formation Energy -3.34 -3.20 -3.27

(eV/atom) -3.38�, -3.36
⊕

-3.26�, -3.48
⊕

∗ The optimized lattice parameters are consistent with the available data. The variation of lattice
parameter (±∆a) with their corresponding energy differences (∆E) about their optimized values

are shown in Appendix -VII (c),(d).
� (Long et al., 2013; Kirklin et al., 2015; Kestigian & Ward, 1954; Zubkov et al., 1984),

⊕
(Balachandran et al., 2017; Ali &

Yashima, 2005)

4.1.2.3 Mechanical and Thermodynamical Stabilities of Titanates

Furthermore, we have also investigated the mechanical stabilities of pristine titanates

and the site-substituted superstructures using the various elastic parameters as listed in

Table. 6.

Finally, the study of structural, chemical and mechanical stabilities of vanadates and

titanates revealed the following concluding remarks:

The study examines the structural, mechanical, and thermodynamical stability of pris-

tine TMOs and their superstructures, (La1−xCaxVO3, La1−xSrxVO3, Ca1−xSrxVO3,

Ca1−xYxTiO3, La1−xCaxTiO3 and La1−xSrxTiO3) using ab-initio schemes from stan-

dard computational softwares. Equilibrium properties, including cohesive and formation

energies per atom, modulus of elasticities, and related parameters are used to understand

structural, thermodynamic and chemical stabilities. The positive values of Cauchy pres-

sure indicate metallic nature with ductile properties and negative values indicate covalent

chemical bonding with brittleness of the materials.
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Table 6: The elastic constants Cij , Modulus of elasticities (Y, B, G) for the Titanates.

Physical CaTiO3 LaTiO3 SrTiO3 YTiO3 LaSrTi2O6 Ca0.33Y0.67TiO3

Parameters
C11 (GPa) 369.50 597.20 397.70 273.50 324.70 330.20
C12 (GPa) 72.40 161.50 127.90 138.50 167.90 131.10
C13 (GPa) 167.90 118.80
C22 (GPa) 230.80 149.60
C23 (GPa) 117.90 114.90
C33 (GPa) 230.30 290.30
C44 (GPa) 91.10 99.60 133.90 37.20 91.20 53.40
C55 (GPa) 88.60 63.50
C66 (GPa) 92.50 55.80
Y (GPa) 280.12 380.05 334.29 135.75 202.34 189.84
B (GPa) 171.41 306.71 217.83 183.48 188.13 187.58
G (GPa) 114.09 146.91 134.34 49.30 76.60 71.30

CP (GPa) -18.70 61.90 -6.00 101.30 76.70 316.10
ν 0.23 0.29 0.30 0.38 0.32 0.33

PR 1.50 1.89 2.25 3.72 2.13 2.63
AF 2.85 7.18 2.48 4.22 3.99 4.08

4.2 Electronic Structures of Vanadates and Titanates

4.2.1 Electronic Structures of Vanadate Systems

4.2.1.1 Electronic DOS and Bandstructures of La1−xCaxVO3

The contribution of V -d and La -f orbitals at around the Fermi level for the DOS and

bandstructures of La0.40Ca0.60VO3 system are clearly observed. The redistribution of

DOS with the various proportion of Ca2+ ions site substitution is shown (Fig. 24(a)), in

which the asymmetry in spin up/down channels are observed in systems with 40% and

60% Ca2+ ions replacement. The comparative DOS and bandstructures are depicted for

the spin up channel (Fig. 24(b)) for La0.40Ca0.60VO3 system.

The redistributed DOS shifts towards the valence band (VB) as the value changes for

onsite interaction, U and Hund’s coupling, J see (Appendix -VIII) and (Appendix -

IX), respectively. The GGA + U technique is used to calculate the partial density of

states (PDOS) of two La-atoms, three Ca-atoms, five V-atoms, and fifteen O-atoms in

a La0.40Ca0.60VO3 system unitcell. The PDOS peaks are observed at about 4.5 and 7.0

eV due to La - and Ca -atomic contributions, respectively (Fig. 25(a),(b)). However, for

3rd V -atoms, the PDOS peak is greatly pushed towards the VB, as seen in (Fig. 25(c)).
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(a) (b)(b)

Figure 24: The plot show (a) the TDOS redistribution with Ca-ions site substitution in LaVO3 supercell
(b) the comparative DOS and bandstructures for the spin up channel of the La0.40Ca0.60VO3 system.

(a) (b) (c)

Figure 25: The PDOS contribution in La0.40Ca0.60VO3 system by (a) La -atoms (b) Ca -atoms (c) V
-atoms with U and J.

The quantity of Ca2+ ion site-substitution affects the net magnetic moment (MM) in the

LaVO3 supercell. These dopings result in a ferrimagnetic (FiM) phase transition due to

the contribution of La -5d orbitals to the magnetic moment of the superstructures.

The comparative bandstructures plot for spin up and spin down channels is shown in

(Fig. 26(a)) for a typical site-substituted superstructure, La0.40Ca0.60VO3. The hybridiza-

tion of the V -t2g and La -4f orbitals considerably stabilizes the energy of the t2g orbitals

(Fig. 26(b)). The V -eg orbital is pushed towards the Fermi-level substantially, with

correlation parameter, U = 4.11 eV and exchange coupling, J = 0.50 eV, indicates the

material’s quasi metallic behavior (Fig. 26(c)). The spin-orbit couplings (SOC) in the

superstructure did not significantly alter the electronic structure of the La0.40Ca0.60VO3

system. Using the traditional DFT revealed metallic (Fermi liquid phase) of these sys-

tems (Ohtomo & Hwang, 2004; Salehi, 2011). The conduction bands are formed by La

-4f orbitals, and at the Γ -point, the La -5d orbitals hybridize with the La -4f orbitals
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(a)(a) (b)(b) (c)(c)

Figure 26: The graphs of (a) the comparative bandstructures (b) the fat bandstructure of the V -d orbitals
with Coulomb interaction (c) the fatbandstructure of third atomic V -eg orbital of La0.40Ca0.60VO3 system.

(a) (b) (c)

Figure 27: The orbitals contribution of (a) La- 5d (b) La- 4f (c) V-t2g in La0.40Ca0.60VO3 system.

(Fig. 27(a),(b)). (Fig. 27(c)) shows the contribution of V -3d orbitals.

Crystal field effect (CFE) see (Appendix -X) and p -d hybridization are crucial for the

electronic structure and related physical properties of transition metal oxides, including

magnetic properties. These oxides have an octahedron environment with transition metal

ions and 3 -oxygen atoms, which can split degenerate bands into two energy levels.

Orbital wavefunctions in t2g -states point between neighboring O2− ions, while eg -state

wavefunctions point to adjacent O2− ions and exhibit higher orbital overlap. These states

are distinguished by p -d hybridization, with t2g -orbitals bonding with O -2p orbitals,

and eg -orbitals bonding with O -2p orbitals. The t2g -orbitals form π -bonding with the

O -2p orbitals, whereas the eg -orbitals form σ -bonding with those orbitals. As a result,

the degenerate O -2p states are no longer present.

The energy scale of CFE is generally, comparable to Hund’s coupling energy (JH).

According to Hund’s rule, electrons tend to align in the same spin direction while filling

the empty states to form a high spin state. Instead, electrons prefer to remain in a low

spin state, and hence the electronic and magnetic properties of the materials differ from

those in a high spin state.
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(a)

Figure 28: The plots of (a) the 2D charge contour map (b) the primitive Brillouin zone (BZ) (inset top
left) with the band crossing by Fermi level for 50 -175 band levels and Fermi-surface plot at around the Γ
point (inset bottom right) of La0.40Ca0.60VO3 system.

The study of charge density maps and Fermi surfaces of La1−xCaxVO3 also dictates about

the electronic structures of the system. The 2D electronic charge contour map indicates

the probability of electrons being present at specific time and location (Capelle, 2006).

The charge density contour map for La0.40Ca0.60VO3 in the (111) plane (Fig. 28(a))

shows electron density distribution primarily around ionic cores (Li et al., 2018). The

Fermi-surface, a constant energy surface defined by Fermi momentum kF , is composed

of multiple electron and hole orbits (Fig. 28(b)) and generated for 50 -175 band levels,

centered around Γ points representing different electron and hole pockets. A metallic

system’s Fermi surface is positioned outside the first Brillouin zone (BZ). It is to be

noted that the external field can change the shape of the Fermi surface.

4.2.1.2 Electronic DOS and Bandstructures of Ca1−xSrxVO3

The DOS and bandstructures plots of the CaVO3 and SrVO3 systems agree well with

other theoretical and experimental data. Both of these compounds are correlated metal

complexes. The combined DOS and bandstructures plot for the pristine and their

superstructure, (Ca0.50Sr0.50VO3)2 are presented in (Fig. 29(a),(b)) supporting that the

superstructure is correlated metal according to the conventional DFT calculation.

The asymmetric nature of DOS for spin up/down channels of CaVO3 and (Ca0.50Sr0.50VO3)2

superstructure show that the system are in FiM orderings with a magnetic moment of

1.47 µB/unitcell of the superstructure (Fig. 30).
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(a)
(b)

Figure 29: The plots for (a) the comparative DOS and bandstructures for CaVO3 spin up channel (b) the
comparison of the DOS and bandstructure of the (Ca0.50Sr0.50VO3)2 system for both spin up and down
channels.

(a) (b) (c)

Figure 30: The TDOS plots for spin up/down channels of (a) CaVO3 (b) SrVO3 and (c)
(Ca0.50Sr0.50VO3)2 systems.

(a) (b)

Figure 31: The plots of (a) La -d and V -d orbitals PDOS contributions for both spin-channels (only V-d
orbitals are shown in the inset) (b) the bandstructure together with the DOS (spin-up) (green) and DOS
(spin-down) (blue) channels of LaSrV2O6 system.

4.2.1.3 Electronic DOS and Bandstructures of LaSrV2O6

The comparative DOS and bandstructures (Fig. 31(a),(b)) suggest that the LaSrV2O6 sys-

tem is a correlated metal. Due to the asymmetric distribution of total PDOS (Fig. 31(a))

provided by La - and V -atoms, the superstructure exhibit the FiM (2.23 µB/unitcell)

ordering. Ferri-magnetism is caused by the contribution of eg (dz2 , dx2y2) and t2g (dxy,dyz,

dxz) orbitals of Vanadium transition metals, whereas Lanthanum shows PM behavior

(Dong et al., 2008; Kaphle et al., 2012; Lide et al., 2020 ) in the LaSrV2O6 system.
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(a) (b)(b)

Figure 32: The plots for (a) the DOS distributions of spin up and spin down channels for various values of
U (b) the Fermi surfaces generated with 35-55 band levels (inset top left) and the band crossing by Fermi
level (EF ) along with the 2D and 3D charge density plot of (110) plane (inset lower right) of LaSrV2O6

system.

This metallic feature remains unaltered with the introduction of the effective Coulomb

interaction (Fig. 32(a)), showing that DFT was unable to solve the electronic structures

of these systems. As a result, we employed the DMFT to examine the realistic picture of

electronic structures, as well as the MIT behaviors and tunability of such materials.

The Fermi-surface that characterize the gapless electronic excitations actually constitute

the fundamental idea of metallic phase (Mizutani, 2001; Kawamura, 2019; Martin, 2020).

The Fermi surface of LaSrV2O6 (Fig. 32(b)) as well as the 2D and 3D charge density

maps support the systems are metallic.

4.2.2 Electronic Structures of Titanate Systems

4.2.2.1 Electronic DOS and Bandstructures of LaxSr1−xTiO3

To investigate the electronic structure, transport behaviors, and other features of SrTiO3

and LaTiO3 systems, optimized pristine structures were derived self-consistently. The

ground state for the given system was computed using the energy minimization technique.

Fig. 33(a) depicts the predicted energy band structure for the cubic phase of the SrTiO3

system.

The cubic phase prototype LaTiO3 has bandstructures around the Fermi-level primarily

due to the eg and t2g orbitals of transition metals (Ti -atoms) (Fig. 33(b),(c),(d)). The

crystal field and electrostatic interactions between Ti -cation and non -bonding O -

2p orbitals cause splitting of d -orbitals (Sclauzero et al., 2016). The bandstructure

is redistributed by increasing the effective value of Coulomb interaction U and the

introduction of SOC as well (Fig. 34(a)).
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(a) (b)

(c) (d)

Figure 33: The band structures plots for (a) SrTiO3 and (b) LaTiO3 showing the band insulator and Mott
insulator systems, respectively. The fatbandstrutures of the Ti -atom of LaTiO3 system for (c) the eg
orbitals and (d) t2g orbitals due to splittings of d -orbitals unit cell.

The oxygen 2p orbital generates three doubly degenerate VBs separated by a direct gap

of 2.20 eV (at the Γ point) from the transition-metal d -orbitals derived (Ti -conduction

band). The band gap is upgraded to 3.42 eV using the modified Beck-Johnson (mBJ)

potential (Fig. 34(b)). It is found that the modified Beck-Johnson interaction potential

in conjunction with a GGA computation enhanced the band gap (Georges et al., 1996;

Gebhard et al., 1997) for the band insulator, SrTiO3 system.

(a) (b)

Figure 34: The plots show (a) the band shifting caused by SOC in the LaTiO3 system (b) the band gap of
SrTiO3 system enhanced by the introduction of mBJ-interaction potential.
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(a) (b)(a) (b) (c)

Figure 35: The bandstructure plots for La0.80Sr0.20TiO3 system (a) the bandstructure for spin down
channel (b) the fat-bandstructure for Ti - d orbitals of the system (c) the redistributed bandstructures of the
system with U = 2.11 eV, J = 0.25 eV, and SOC.

Furthermore, the electronic bandstructure of a superstructure, La0.80Sr0.20TiO3 shows a

correlated metal system in which the Coulombian interaction (U), exchange interaction

(J), and SOC are important factors for its electronic structures (Fig. 35(a),(b),(c)).

(a) (b)

Figure 36: The plots for (a) the comparative DOS and bandstructures of both spin-channels of the pristine
YTiO3 system (b) the comparative DOS and bandstructures of both spin-channels of the site-substituted
Ca1−xYxTiO3 system.

4.2.2.2 Electronic DOS and Bandstructures of Ca1−xYxTiO3

The DOS and bandstructures of both spin channels of pristine YTiO3 (Fig. 36(a)) and

its site-substituted superstructures are symmetric distributions and the redistribution of

DOS and bandstructures on the supercell is vivid due to the contribution of Ca++ ions

on Y-sites (Fig. 36(b)).

The charge density map along with the Fermi surface plot of LaxSr1−xTiO3 actually

provides the crucial information about chemical bonding and nature of the materials. The

overlap (hybridization) of Ti -3d orbitals and O -2p orbitals led to strong covalent bonds

between Ti - and O -atoms, which is consistent with experimental work on perovskites

compounds. The 2D contour map LaTiO3 shows chemical bonding occurs primarily

between adjacent atoms in (1̄10), while the 3D charge density map confirms electron
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Figure 37: The plots of (a) the band crossing of Fermi level with 10-40 band levels (i) the primitive BZ
(ii) the Fermi surfaces of 10 -40 band levels (iii) the 2D-charge density plot (iv) the 3D -charge density
plot for the pristine, LaTiO3 system, (b) the band crossing of Fermi-level plot for 100-189 bands (i) the
2D -contour plot of charge density distribution map in (011) plane (ii) the Fermi surface plot for 100 -189
band levels, (iii) the Fermi surface plot for 100 -189 band levels with tentacles of the site-substituted
superstructure, La0.80Sr0.20TiO3.

density localization near ionic cores (Fig. 37(a)(iii),(iv)). The high peak of 3D charge

density plots corresponds to Ti-atoms, which are symmetric about the atomic cores. The

Fermi surface of these titanates systems are studied, which corroborate the findings of the

DOS and band structures. For 20-40 band levels of LaTiO3 systems, the Fermi surfaces

produced by numerous electron and hole orbits around the various atomic lattice sites

(Inoue et al., 2002) are shown in (Fig. 37(a)(ii)). Charge density contour plot of the

La0.80Sr0.20TiO3 superstructures system with a Fermisurface plot of 100-189 band levels

are shown (Fig. 37(b))

The study of electronic structures of vanadates and titanates lead us to the following

concluding remarks:

The investigation of titanate electronic structures reveals that the band gap of CaTiO3

and SrTiO3 at the Γ point in the BZ are underestimated owing to GGA with PBE

exchange correlation functionals. The band gap for these band insulators were en-

hanced to 2.76 eV and 3.42 eV, respectively by using a modified Beck-Johnson (mBJ)

interaction potential. The metal-insulator phase transition of the site-substituted super-

structures, La1−xSrxTiO3, La1−xCaxTiO3 and Ca1−xYxTiO3 (titanates), Ca1−xSrxVO3,

La1−xSrxVO3, and La1−xCaxVO3 (vanadates) investigated using both standard DFT and

DMFT. We used the 2D and 3D charge density maps, as well as the Fermi-surfaces, to

investigate the electronic structures and related properties of these complex TMOs. To

investigate the MIT behavior of SCS, we used GGA + DMFT approximation with MEM

complimentary calculation. The DOS and bandstructures with GGA, GGA + U, GGA +
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U + J, GGA + SOC substantially alter their structures but the realistic electronic transport

behaviors of these SCSs remain unsolved. Thus, we have employed DMFT with MEM

calculation for the investigation of MIT behavior of these systems in the subsequent

section of results and discussion.

4.3 The Electronic Transport Properties of Vanadates and Titanates

4.3.1 The Electronic Transport Properties of Vanadate Systems

4.3.1.1 Electronic Transport Properties of La1−xCaxVO3

As since, the typical DFT calculations fail to predict the electronic transport behaviors of

highly correlated systems, and hence the CT-QMC hybridization expansion was used

to solve the problem. In this work, we used GF of the imaginary time or frequency

(Georges et al., 1996; Pollet et al., 2007; Pavarini et al., 2014) as QMC data, and then

MEM is employed to construct the real frequency spectrum function A(ω). The graph

depicts the GF, G(τ ) vs. imaginary time (τ ) and it’s Fourier transform for various values

of (β) (Fig. 38(a),(b)).

(a)(a)

U = 5.0 eV

(b)(b)

U = 5.0 eV

(c)(c)(c)(c)

Figure 38: The plots for (a) the GF w.r.t. imaginary time (τ ) (b) the corresponding variation of GF w.r.t.
frequency (ω) for the different values of β with a constant U = 5.0 eV of La0.40Ca0.60VO3 system (c) the
GF of imaginary time (τ ) with U = 3.0 eV and β = 6.0 (eV)−1 for the site-substituted, La1−xCaxVO3

superstructure systems with the various proportion of Ca-ions.

A strongly correlated electronic system’s MIT is completely tunable using the model

parameters (U and β). The plot of GF data for the superstructures La1−xCaxVO3 for

the variation of stoichiometric combination (Fig. 38(c)) and its corresponding variation

of SD, A(ω) w.r.t. frequency, is presented using the MEM data analysis algorithm

(Fig. 39(a)). The graph of A(ω) vs. frequency using DMFT with MEM is analogous to

the graph of DOS vs. energy of conventional DFT. Table. 7 shows the Mott-Hubbard

MIT with a typical set of U and β values for the pristine and their superstructures. The

quasi-particles peak features of t2g are observed at lower U near Fermi level and have a
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(a)(a) (b)(b)

Figure 39: The graph of (a) the SD, A(ω) vs. frequency, (ω) with (U = 3.0 eV, β = 10.0 (eV)−1) for
different proportions of Ca -ions, and (b) the A(ω) vs. (ω) for U = 5.0 eV for a constant β = 10.0 (eV)−1

with different stoichiometric combination of La1−xCaxVO3 system.

Figure 40: The SF of frequency for (U = 3.0 eV and β = 6.0 (eV)−1) a quasi-particle peak of
La0.40Ca0.60VO3 system. The LR curve (inset upper left) and the curvature (κ) vs. log10(α) curve
(inset upper right) for determining the optimal value of (α) for the material.

narrower Hubbard band at negative energies, consistent with ARPES (Sekiyama & Suga,

2004). The SF w.r.t. frequency for various proportions of site-substituted Ca-atoms in

LaVO3 supercells is significantly different for various U values and a constant value of

β = 10.0 (eV)−1. The apparent Mott gaps (Fig. 39(b)) for the samples with 40% and 60%

Ca2+ ions doping levels are 1.64 eV and 0.74 eV, respectively.

Table. 7 shows the results of DMFT findings for Mott gaps of pristines and superstruc-

tures, which are consistent with previously published data for (CaVO3, LaVO3) (Blümer,

2007; Mossanek et al., 2008; Basov et al., 2011), and its superstructure, La0.40Ca0.60VO3

system (Sclauzero et al., 2016). The data obtained for SF, A(ω) of a quasi-particle peak,

including its height, width, and overall spectral weight, is verified and cross validated
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(a)(a) (b)(b) (c)(c)

Figure 41: The plot of (a) the SD of sample frequencies vs. log10(α) (b) the ND of the Re. and Im. G(ω)
vs. frequency with U = 3.0 eV and β = 6.0 (eV)−1 and (c) the autocorrelation (AC) of the Re. and Im.
G(ω) vs. frequency index difference (∆n).

using LR curve obtained by using MEM. The optimal value of the hyperparameter, α,

is determined by the maximum value of the peak of the curvature (κ) vs. γlog10(α)

curve(inset), as shown in (Fig. 40). The sample frequencies vs. log10(α) curves, as

shown in (Fig. 41(a)), may also be used to speculate the best values of α. In Fig. 41(b)

and Fig. 41(c), the normalized deviation (ND) of the real and imaginary parts of the ∆G,

and its autocorrelation are illustrated to assess the permissible standard error.

The system’s realistic information requires the optimal relative entropy of information

(S) (Fig. 42(a)). The retarded GF, GR(ω), is associated with the self-energy of frequency

and hence the real frequency SF. The real part of retarded GF, (Re GR(ω)) indicates an

excitation energy shift, whereas the imaginary part (Im GR(ω)) give widening of the

original Delta-function-like excitation (Fig. 42(b)). The Fig. 42(c) depicts the effect of

changing the hyperparameter (α) on the SF. Fig. 42(d) depicts the errors in the various

computations with the different moment orders with minimal and optimum (α).

Electron localization and delocalization can be accomplished by altering the hopping

parameter, t. Here, U/t� 1 is the delocalization limit implies that a metallic phase. And

U/t� 1 is the localization limit meaning the insulating phase of the system (Georges &

Kotliar, 1992; Kotliar et al., 2006). Metal-insulator phase transitions for the correlated

system may be easily modeled by plotting U/t vs. β/t. The SF, A(ω) of the material

changes rapidly for a small change in the model parameters (U/t and β/t) (Fig. 43

(a),(b)).

We have studied the QCP of an elevated temperature for the correlated system (La0.40Ca0.60VO3)

using the MEM results of MIT. The Mott-Hubbard MIT involving U and β, helps us to

determine the QCP for observing Mott-Hubbard phase transitions by adjusting these
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(a) (b)

(c) (d)

Figure 42: The plot of (a) the differential entropy (S) vs. log10(α) for extracting optimal information (b)
the real(blue) and imaginary (red) parts of the GR(ω) vs. frequency (c) the SF, A(ω) vs. frequency (ω)
plots for default (hypothetical), and the optimal and minimal values of α (d) the uncertainty in moment
orders for the calculations with (U = 3.0 eV, β = 6.0 (eV)−1) for La0.40Ca0.60VO3 system.

(a) (b)

Figure 43: The SF vs. frequency with the variation of U/t versus β/t, for La0.40Ca0.60VO3 system.

correlation parameters. In general, a new class of phase transition occurs around absolute

zero. The QMC is unable to directly compute the free energy, it has trouble in locating

and describing phase transitions inside DMFT. In large dimensions (d→∞), the fully-

frustrated Bethe lattice, meaning the homogeneous phase Hubbard model with semi-

elliptic DOS is the default model for calculation. One of the first questions addressed

following the establishment of DMFT was how to numerically actualize the contradicting

scenarios of Hubbard (Hubbard, 1963) and Brinkman and Rice (Brinkman & Rice,

1970) for the MIT. The Mott metal-insulator phase transition in La0.40Ca0.60VO3 is

characterized by Coulombian interaction, U variation, and thermodynamical parameter

(β). The graph shows QCP at UC = 2.96 eV and βC = 23.65 (eV)−1 as depicted in
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Figure 44: The graph of MIT using DMFT with MEM self-consistency cycle of calculation. The graph
depicts the QCP, C at an elevated temperature in the Uβ -plane and two bifurcation points in the low
temperature regime, UC1

and UC2
.

Fig. 44 (Kotliar et al., 2006; Gull et al., 2008). Two essential Coulombian parameters are

observed: UC1(T) = 7.40 eV, where insulating nature disappears, and UC2(T) = 12.30

eV, where metallic nature disappears.

The crossover region in the Uβ-plane is the area between two widom lines and above the critical

point, C. It consists of four unique regions due to correlation hysteresis: the Fermi liquid (metallic)

region on the left side of the UC1(T) widom line and the PM insulating regions on the right side

of the UC2(T) widom line. This region separates the Uβ-plane into two parts: the bad metallic

region with high resistivity and the bad insulating region with decreasing resistivity whenever the

temperature is raised. A smooth transition from a metallic phase to an insulating phase is occurs

quickly at the crossover region. The metallic phase is thermodynamically stable for U ≤ UC

but remains a well-defined metastable solution of the DMFT equations for UC1 ≤ U ≤ UC2

(co-existence region).

4.3.1.2 Electronic Transport Properties of La1−xSrxVO3

The DFT and DMFT in conjunction with MEM, were employed to determine the real

electronic structure of the pristine TMOs and their superstructures (Haule, 2007; Beck &

Ederer, 2023). In order to find the MIT model parameters, we employ the DMFT to run

a series of computations. The calculations show that the insulating phase started at U =
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4.0 eV with β = 6.0 (eV)−1 (Fig. 45(a)) and the clear insulating phase is obtained at (U =

6.0 eV and β = 6.0 (eV)−1), as illustrated in (Fig. 45(b)).

Similarly, using U = 4.0 eV as a starting point, the weak metallic phase is observed at

β = 6.0 (eV)−1, but a clear insulating phase is obtained at β = 10.0 (eV)−1 (Fig. 46(a)).

For various values β of with a constant U = 4.0 eV, the same patterns are seen in the

imaginary part of the self-energy vs. Matsubara frequency plot (Fig. 46(b)) (Georges &

Kotliar, 1992; Sekiyama & Suga, 2004; Held et al., 2008).

(a) (b)

Figure 45: The graph of (a) GF vs. imaginary time,(τ ) for the variation of U with a constant β = 6.0
(eV)−1, and the corresponding variation of GF vs. frequency (inset) (b) the SF vs. frequency (ω) with a
constant β = 6.0 (eV)−1 for the variation of U of LaSrV2O6 system.

(a)(a) (b)

Figure 46: The plot of (a) the SD vs. frequency (ω) for a constant U = 4.0 eV for β variation (b) the plot
of imaginary part self-energy (ImΣ(iων)) vs. the Matsubara frequency (iων) for the variation of (β) with
a constant U = 4.0 eV of the LaSrV2O6 system.

The SD graphs (Fig. 47 (a)) show the consistent outcome of decreasing the quasi-particle peak

(metallic phase) to the clear Mott-Hubbard band splitting, called Gutzwiller-Brinkman-Rice

(GBR) phase transition scenario insulating phase for the various U values (Mott insulating at U =

4.0 eV and β = 10.0 (eV)−1) ).
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(a) (b)

Figure 47: The graph of (a) the SF vs. frequency (ω) for the variation of U values (b) the LR curve for the
optimal value of α for U = 4.0 eV and β = 10.0 (eV)−1.

(a) (b)

(c) (d)

Figure 48: The graphs of (a) the SF of frequency obtained for optimal and minimal values of α with the
default model (dotted line) (b) the differential entropy, S(ω) vs. log10(α) to observe the optimal value of
information (c) the SD for the various sample frequencies vs. of log10(α) (d) the normalized function
of moment orders for the calculations for the minimal value of α (blue) and optimal value of α (red) for
LaSrV2O6 system with (U = 4.0 eV, β = 10.0 (eV)−1).

We perform a LR analysis on the Mott-insulating phase (Fig. 47 (b)) calculation using

the MaxEnt model for the validity and accuracy of the calculated data. The LR curve

(inset upper left corner) displays the fitting of curve of data with optimal α, which is

chosen by the maximum value of curvature (κ) of the LR curve (inset upper right corner)

(Bergeron & Tremblay, 2016).
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(a) (b)

(c) (d)

Figure 49: The graphs of (a) the ND for the Re. and Im. (∆G) vs. frequency (ων) with minimal value
of α (b) the ND for the Re. and Im. (∆G) vs. frequency (ων) with the optimal value of α (c) the ND
of the real parts of ∆G vs. frequency (ων) with minimal (blue) and optimal (red) values of α (d) the
autocorrelation of the real parts of ∆G vs. the difference of the frequency index (∆n) for the minimal
(blue) and optimal (red) values of α of the LaSrV2O6 system.

Figure 48(a) compares the SD, A(ω) vs. frequency, (ω) for minimal, ideal values of

α with the default model (dotted curve). The graph for S(ω) vs. α to determine the

optimum information (Fig. 48(b)). The sample frequencies vs. log10(α) graph (Fig.48(c))

is also used to identify the optimal value of α (d) The normalized function of moment

orders vs. moment of order (Fig.48(d)) for the minimal(blue) and optimal (red) value of

α of LaSrV2O6 system with (U = 4.0 eV, β = 10.0 (eV)−1) (Table. 7).

Furthermore, the Mott gap prediction error is estimated using ND of uncertainty in GF

vs. Matsubara frequency with (a) the minimal value of α (b) the optimal value of α

(Fig.49(a),(b)) (Jarrell & Gubernatis, 1996; Bergeron & Tremblay, 2016) and (c) the ND

of real part of (∆G) vs. Matsubara frequency, and (d) the autocorrelation of real part of

(∆G) vs. index of frequency difference as shown in Fig. 49(a),(b).

The ND for the real part of ∆G vs. the frequency (ων) for the minimal and optimal

value of (α) as well as the autocorrelation of the real part of ∆G vs. the difference of the

frequency index (∆n) for the minimal and optimal value of (α) (Fig. 49(c),(d)) for the

LaSrV2O6 system with U = 4.0 eV and β = 10.0 (eV)−1.

102



Table 7: The Mott-gap, MIT model parameter, and quasi-peak parameters for pristine vanadate and their
superstructures.

Compounds Mott-gap Mott-gap Parameters Quasi-peak Parameters
(eV) U (eV) β (eV )−1 U (eV) β (eV )−1

SrVO3 0.90 2.50 6.00 2.00 10.00
CaVO3 0.04 5.00 6.00 3.40 6.00
LaVO3 0.93 4.50 8.00 2.00 6.00

(La0.50Sr0.50VO3)2 0.74 4.00 10.00 1.00 10.00
(Ca0.50Sr0.50VO3)2 0.44 5.50 6.00 3.00 6.00
La0.40Ca0.60VO3 0.73 5.00 10.00 3.00 6.00

4.3.1.3 Electronic Transport Properties of Ca1−xSrxVO3

The Mott-Hubbard MIT phenomena of a SCS are investigated using the numerical

simulation using the input of standard DFT data. The GF, G(τ ) vs. imaginary time (τ )

(a) (b)

Figure 50: The plots of (a) the GF, G(τ ) vs. imaginary time, (τ ) and the corresponding plot of the Fourier
transform of the GF (inset) with a constant β = 6.0 (eV)−1 for various values of U (GBR-phase transition
scenario) (b) the SD vs. frequency for demonstrating the MIT with U variation for β = 6.0 (eV)−1. At U =
4.5 eV and β = 6.0 (eV)−1, the Mott-Hubbard splitting of the Ca0.50Sr0.50VO3 system is achieved.

for the Ca1−xSrxVO3 system for the different values of U with a constant β = 6.0 (eV)−1

is shown in Fig. 50(a) and its Fourier transform G(ω) vs. frequency (ω) (inset). The

corresponding SF, A(ω) vs. frequency (ω ) is depicted in (Fig. 50(b)), obtained using the

MEM algorithm (Tan et al., 2013; Bergeron & Tremblay, 2016).

The validity of the data for the SF, A(ω) produced from the MEM is examined through

LR analysis, as stated elsewhere. The optical conductivities for the respective spectrum

functions are presented in Fig. 51, confirming that the MIT occurs for acceptable values

of U and β parameters for Ca0.50Sr0.50VO3 system.
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Figure 51: The change of optical conductivity with the varied Coulombian interaction U for a constant, β
= 6.0 (eV)−1 of the superstructure system.

4.3.2 The Electronic Transport Properties of Titanates System

4.3.2.1 Electronic Transport Properties of La1−xSrxTiO3

Figure 52(a) depicts the typical variation of the GF of imaginary time, (τ ), with the

variation of (U) for a constant β = 6.0 (eV)−1. The corresponding variation in GF of (ω)

(Fig. 52(b)) displaying the MIT for U = 4.0 eV and higher for a constant, β = 6.0 (eV)−1.

The variation of SD, A(ω), obtained from DMFT data using the MEM, as shown in

(Fig. 52(c), and (d)) the variation of self-energy with several values of U and a constant

β = 6.0 (eV)−1 (Fig. 52(d)) for pristine, LaTiO3 system. The fluctuation of U has no

substantial effect on the self-energy.

Furthermore, for the same set of model parameters U = 3.0 eV, β = 6.0 (eV)−1 , the

variation of GFs of imaginary time (τ ) with various proportions of site-substitutions of

La -ions is plotted as shown in (Fig. 53(a)) and the corresponding GFs of frequency(ω)

(inset). In (Fig. 53(b)) depicts the variation of imaginary part of self-energy vs. Matsubara

frequency for U = 3.0 eV, β = 6.0 (eV)−1 of La0.80Sr0.20TiO3 system. The SF, A(ω) for

a quasi-particle peak representing metallic phase is shown in (Fig. 54(a)). The realistic

information of calculated data, such as central peak, height, width, and overall weight is

obtained through the LR’s curve (inset left) and the maximum value of curvature of LR

curve (inset right). In (Fig. 54(b)), the variation of optical conductivity vs. frequency depicts

the shifting and diminishing Drude peaks with the proportion of La -atoms in La0.80Sr0.20TiO3
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(a) (b)

(c)
(d)

Figure 52: The plots for (a) the GF vs. imaginary time (b) the GF vs. frequency (c) the variation of SD vs.
frequency and (d) the imaginary part of Σ(iων) vs. Matsubara frequency with the variation of U and a
constant β = 6.0 (eV)−1 of the pristine, LaTiO3 system.

(a) (b)

Figure 53: The plots of (a) the GF, G(τ ) vs. imaginary time (τ ) for the various values of stoichiometric
combinations and the corresponding GF, G(ω) vs. frequency (ω) (inset) showing the MIT with the site-
substitution of Sr -ion with La -cation for U = 3.0 eV and β = 6.0 (eV)−1 of La1−xSrxTiO3 systems and
(b) The imaginary part of self-energy, (Im Σ (iων)) vs. Matsubara frequency, (iων)) for (U = 3.0 eV and β
= 6.0 (eV)−1) for the same stoichiometric combinations.

superstructures for the same U = 3.0 eV and β = 6.0 (eV)−1. The Model MIT parameters and the

related Mott gaps for titanates are listed in Table. 8.

4.3.2.2 Electronic Transport Properties of Ca1−xYxTiO3

The DMFT with MEM results are depicted in (Fig. 55(a),(b)) for the YTiO3 and its

superstructures, Ca0.33Y0.67TiO3 system showing the band splittings with (U = 5.0

eV and β = 10.0 (eV)−1) and (U = 5.0 eV and β = 7.0 (eV)−1), respectively. The

corresponding Mott-gaps for these systems are tabulated in Table. 8. The optimal value
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(a) (b)

Figure 54: The graphs of (a) the SF vs. frequency showing the quasi-particle peak for La0.80Sr0.20TiO3

at U = 3.0 eV and β = 6.0 (eV)−1 the LR curve (inset left) and the curvature of the LR curve (inset right)
for optimal value of (α) (b) the comparison of optical conductivities vs. frequency indicating the variation
of Drude peaks with the various proportion of La2+ ions in La1−xSrxTiO3 supercells at U = 3.0 eV and β
= 6.0 (eV)−1 for the optimal value of α.

Table 8: The Mott-gap, MIT model parameter, and quasi-peak parameters for pristine titanates and their
superstructures.

Compounds Mott-gap Mott-gap Parameters Quasi-peak Parameters
(eV) U (eV) β (eV )−1 U (eV) β (eV )−1

YTiO3 0.63 5.00 10.00 3.00 6.00
LaTiO3 0.93 4.00 8.00 3.00 6.00

LaSrTi2O6 0.35 4.70 6.00 2.20 6.00
La0.80Sr0.20TiO3 0.74 3.20 10.00 3.00 6.00
Ca0.33Y0.67TiO3 0.41 5.00 7.00 1.50 6.00

(a) (b)

Figure 55: The graphs show (a) the SD, A(ω) vs. frequency (ω) of YTiO3 with LR curve(inset top left)
and the curvature of LR curve (inset top right), and (b) the SD, A(ω) vs. frequency (ω) of the superstructure,
Ca0.33Y0.67TiO3 with LR curve (inset top left) and the curvature of LR curve (inset top right).

of hyperparameter (α) is determined using the LR curve (inset left) and the curvature of

LR curve (inset right) of (Fig. 55(a),(b)).

In brief, the concluding remarks from the study of electronic transport properties (MIT

behaviors) of vanadates and titanates are as follows:

The effect of various cationic site-substitutions on Mott-Hubbard MIT for various SCSs,

such as La1−xCaxVO3, La1−xSrxVO3, Ca1−xSrxVO3, and La1−xSrxTiO3 systems are
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investigated through GGA + DMFT along with the MEM as the complementary calcula-

tion. The CT-QMC with hybridization expansion is employed as the quantum impurity

solvers (DMFT equation solvers) for generating GF data of imaginary time and fre-

quency, which are used for investigating the metal-insulator phase transition using MEM.

The investigation of Mott gaps are crucially important for various technological and

engineering purposes, whereas the MIT modal parameters for quasi-particle peak are

vitally important for quantum information technology. The MIT behaviors are used to

design Mottronics devices like as neuromorphic computers, resistive memory devices,

Leaky-Integrate-Fire (LIF) artificial neurons for neural networks, and so on (Messer-

schmitt et al., 2014; Jaiswal et al., 2017). The coexistence regime between the metallic

and insulating phases is computed along with the elevated QCP for La0.40Ca0.60VO3

system. The QCP has also been computed at an elevated temperature for UC = 2.95 eV

and βC = 23.58 (eV)−1.

4.4 Thermoelectric Properties of Vanadates and Titanates

4.4.1 Thermoelectric Transport Properties of Vanadate Systems

4.4.1.1 Thermoelectric Transport Properties of La1−xCaxVO3

In the BoltzTraP approach, the linearized BTE is solved to calculate the different ther-

moelectric transport parameters for pristine and Ca-ions substituted LaVO3 supercells.

Electrical conductivity (σ/τ) varies with altering chemical potential (Fig. 56(a)), and

thermal conductivity (κ) follows a similar trend (Fig. 56(b)). The variation of these

parameters w.r. to the absolute temperature scale is depicted in the corresponding insets

(Saeed et al., 2014).

Similarly, for various doping levels of the La1−xCaxVO3 system, the variation of the

Seebeck coefficient (S) and the Hall coefficient (RH) is illustrated in (Fig. 57(a),(b)),

and the same parameters w.r.t. temperature are shown in the corresponding insets. The

various thermoelectric parameters of the superstructure vary dramatically, indicating that

it might be a possible candidate for thermoelectric applications (Sofo & Mahan, 1994;

Wang et al., 2019).
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(a) (b)

Figure 56: The graph of (a) the electrical conductivity (σ/τ ) vs. the chemical potential (µ) and the
corresponding variation of the same parameter with respect to the absolute scale of temperature (inset) (b)
the variation of thermal conductivity (κ) vs. (µ) and the corresponding variation of (κ) with temperature
(inset) for the site-substituted superstructures, La1−xCaxVO3.

(b)(a) (a)(b)

Figure 57: The graphs show (a) the Seebeck Coefficient (S) w.r.t. the chemical potential (µ) at room
temperature (300 K) and its temperature variation (inset) (b) the variation of the Hall coefficient (RH ) vs.
chemical potential (µ) at room temperature (300 K) and its temperature variation for the site-substituted
superstructures, La1−xCaxVO3.

The Seebeck coefficient (S), which changes near the chemical potential µ ∼ −2.0eV ,

indicates a change in carrier concentration with varying amounts of Ca2+ ions substitution

in a supercell (Fig. 57(a)). This change is associated with temperature and is unique to

the 40% Ca-doped system (inset Fig. 57(a)). The Hall coefficient (RH) of the material

is expressed as, n = 1
eRH

(Ohtani et al., 1970). The metallic phase has a lower Hall

coefficient than the non-metallic phase and a negative (Ohtani et al., 1970), showing that

the number of carriers rapidly rises as it varies from the non-metallic to the metallic phase.

According to the notion of weakly correlated systems, RH is temperature independent,

as illustrated in (Fig. 57(b)).

The observed Hall coefficient in the compound, substantially positive RH for the sample

higher than 60% of Ca-ions (Takagi et al., 1989; Maeno et al., 1994). In Table 9, the

estimated thermoelectric parameters for pristine and superstructure vanadate systems at

room temperature are tabulated.
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Table 9: The electrical (σ/τ ) and thermal (κ) conductivities, Seebeck coefficient (S), Hall coefficient
(RH ), magnetic susceptibility (χ), molar specific heat capacity (C) and thermoelectric power factor (TPF)
of vanadate systems at room temperature (300 K).

Physical CaVO3 LaVO3 LaSrV2O6 La0.40Ca0.60VO3

Parameters
σ/τ (1/(Ωm.s)) 4.55×1020 4.40×1020 2.87×1020 2.00×1020

κ (W/m.K.s) 2.75×1015 3.90×1015 1.94×1015 1.50×1015

RH (m3/C) -2.07×10−10 -2.15×10−10 -1.05×10−10 -1.73×10−10

S (V/K) -1.66×10−6 -2.49×10−6 -64.00×10−6 7.34×10−6

χ (m3/mol) 6.00×10−10 5.84×10−10 39.40×10−10 82.30×10−10

C (J/mol.K) 0.88 1.24 7.55 12.31
TPF 0.92×109 2.00 ×109 0.50 ×109 10.20×109

(a) (b) (c) (d)

(e) (f) (g) (h)

Figure 58: The graphs of various transport parameters (a) electrical conductivity (σ/τ ) (b) thermal
conductivity (κ) (c) Seebeck coefficient (S) and (d) Hall coefficient (RH ) w.r.t. the absolute temperature
scale (T). The variation of the same transport parameters (e) electrical conductivity (σ/τ ) (f) thermal
conductivity (κ) (g) Seebeck coefficient (S) and (d) Hall coefficient (RH ) w.r.t. chemical potential (µ) for
Ca1−xSrxVO3 systems.

4.4.1.2 Thermoelectric Transport Properties of Ca1−xSrxVO3

The thermoelectric transport properties of Ca1−xSrxVO3 superstructures are determined

using a semiclassical linearized variant of BTE through BoltzTraP frameworks. The

graph compares (a) electrical conductivity (b) thermal conductivity (c) Seebeck coeffi-

cient, and (d) Hall coefficient with absolute temperature scales for undoped and Ca-doped

systems (Fig. 58(a )→(d)). The corresponding variations are presented w.r.t. chemical

potential at room temperature (Fig. 58 (e)→(h)) to study the tunabilities of thermoelectric

behaviors of these systems.
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4.4.2 Thermoelectric Transport Properties of Titanate Systems

4.4.2.1 Thermoelectric Transport Properties of La1−xSrxTiO3

First principles based computations have become more precise and easy as computational

power has improved. The material transport properties are determined by the electronic

bandstructure. The BoltzTraP algorithm employ the linearized BTE to determine trans-

port coefficients for a various of materials, such as the site-substituted La1−xSrxTiO3

systems (Sevik, 2010; Wang et al., 2019). The nature of variation of electrical and the

(a)

T

(b)

Figure 59: The variation of (a) electrical conductivity (σ/τ ) w.r.t. chemical potential (µ) and w.r.t.
temperature (inset) (b) thermal conductivity (κ) w.r.t. chemical potential (µ) and temperature (inset) for
the site-substituted, La1−xSrxTiO3 systems.

electronic thermal conductivities for La1−xSrxTiO3 systems are similar with the chemical

potential, (µ) as expected for the given materials depicted in (Fig. 59(a), (b)) and the

variation of the same parameters w.r.t. temperature for various proportion of Sr-ions are

shown in insets.

(a)
(a)

(b)

Figure 60: The variation of (a) the Hall coefficient (RH ) w.r.t. chemical potential (µ) and temperature
(inset) (b) Seebeck coefficient (S) with chemical potential (µ) and temperature (inset) of the site-substituted,
La1−xSrxTiO3 systems.

The ultimate goal of studying the transport properties of site-substituted superstructures,

LaxSr1−xTiO3 is to investigate prospective thermoelectric materials by understanding
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Table 10: The electrical (σ/τ ) and thermal (κ) conductivities, Seebeck coefficient (S), magnetic suscepti-
bility (χ), molar specific heat capacity (C), Hall coefficient (RH ) and thermoelectric power factor (TPF) at
room temperature (300 K) for titanates systems.

Physical Parameters SrTiO3 LaTiO3 LaSrTi2O6 La0.80Sr0.20TiO3

σ/τ (1/(Ωm.s)) 1.04×1020 4.66×1020 1.18×1020 0.68×1020

κ (W/m.K.s) 7.89×1014 73.20×1014 8.25×1014 4.76×1014

S (V/K) -35.8×10−6 -7.22×106 3.90×10−6 -2.12×10−6

χ (m3/mol) 9.09×10−10 7.36×10−10 16.50×10−10 21.30×10−10

C (J/mol.K) 1.58 1.11 4.40 3.59
RH (m3/C) -6.66×10−10 -2.70×10−10 -8.06×10−10 -18.00×10−10

TPF 1.35×1011 2.96×1011 0.02×1011 0.003×1011

the key parameters affecting the thermoelectric efficiency. The variation of the Hall

coefficient (RH) and Seebeck coefficient (S) w.r.t. chemical potential (µ) and temperature

(inset) are depicted in (Fig. 60(a),(b)). The greater the TPF value, the better the potential

materials for thermoelectric applications (Dominguez-Adame et al., 2019). Some of the

thermoelectric transport parameters for the titanates systems at room temperature (300

K) are tabulated in Table. 10.

4.4.2.2 Thermoelectric Transport Properties of Ca1−xYxTiO3

(a) (b) (c)

(d) (e) (f)

Figure 61: The graphs of various transport parameters w.r.t. the absolute scale of temperature: (a) electrical
conductivity (σ/τ ) (b) thermal conductivity (κ) (c) Seebeck coefficient (S) and (d) Hall coefficient (RH )
(e) molar specific heat capacity (C) (f) magnetic susceptibility (χ) of the pristine titanates and its site-
substituted superstructures, Ca1−xYxTiO3 systems.

Furthermore, the effect of reconstruction of superstructures from the pristine titanates,

in case of thermoelectric properties are depicted in (Fig. 61(a) → (f)) as compared

with the pristines constituents. The pristine CaTiO3 (CTO), YTiO3 (YTO) and their
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superstructure, Ca0.33Y0.67TiO3 compared for predicting the potential tunability of TE

properties of the materials.

From the Study of Thermoelectric Transport Properties of Vanadates and Titanates, we

have the following concluding remarks:

The goal of thermoelectric research is to improve the efficiency of heat-to-electricity

conversion using various methods. One of the current priorities in this dynamic area is

the search for novel and efficient material systems with excellent heat-to-electricity con-

version capabilities. There various routes of designing efficient and stable thermoelectric

materials, such as site-substituted materials with various proportion of stoichiometric

combinations. The thermal conductivity of a system varies with temperature, whereas

its electrical conductivity almost remains constant. The Seebeck and Hall coefficients

are compared for superstructures with various Sr -ions site-substitutions. For the sys-

tem with the various concentration of Sr-ions, the thermoelectric phase transition with

chemical potential is determined to be at around µ ∼ -1.40 eV. Both of the systems

La1−xSrxTiO3 and La1−xCaxVO3 could be the promising candidate for thermoelectric

applications. In brief, it can be inferred that the tunabilities for better and efficient TE

devices (STEG, RITEG, Freezer and so on) are possible with the site-substitution of

cations and re-construction of hetero-structuring these TMOs materials.

4.5 Optical Properties of the Vanadates and Titanates

4.5.1 Optical Properties of the Vanadate Systems

4.5.1.1 Optical Properties of La1−xCaxVO3

The optical response of the materials is used to examine the optically induced behavior

of materials. The variation of the real component of the dielectric function, ELOSS

function, reflectivity, and absorptivity w.r.t. photon energy (eV) for various Ca+2 ions

in the superstructure are shown in (Fig. 62(a),(b),(c)). These findings reveal that a 60%

Ca-doped vanadate has a distinct response and is active in the infrared and visible regions,

indicating that it is a viable option for photo-induced applications.

The real part of refractive index and optical conductivity vs. photon energy (eV) curves

show variations for different doping levels (Fig. 63(a),(b)). These curves show larger
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(a)(a) (b)(b) (c)(c)

Figure 62: The graphs of (a) the dielectric function (Re (ε(ω)) vs. photon energy (b) the ELOSS function,
L(ω) vs. photon energy and (c) the Absorptivity, α(ω) vs. photon energy for the La1−xCaxVO3 system.

(a)(a) (b)(b) (c)(c)

Figure 63: The graphs of (a) the refractive indices, n(ω) vs. photon energy (b) the real part of the optical
conductivity Re (σ(ω)) vs. photon energy and (c) the optical weight Neff (ω) versus photon energy for the
La1−xCaxVO3 systems.

(a)(a) (b)(b) (c)(c)

Figure 64: The plots of (a) the optical conductivity, σ(ω) vs. (ω) for a constant U and the variation of β of
the La1−xCaxVO3 system (b) the variation of optical conductivity σ(ω) vs. (ω) with different proportions
of Ca-ions substitution for (U = 10.0 eV, β = 15.0 (eV)−1) these systems, and (c) the variation of optical
conductivity σ(ω) vs. (ω) with various sets of U and β values for La0.40Ca0.60VO3 system.

optical conductivity for IR and visible EM spectrum with the superstructure of 60%

Ca2+ substituted sample (Fig. 63(b)). However, other superstructures show maxima

values at around 8-9 eV (UV radiation) with an optical gap at the start. The f-sum

rules of transition measure the optical weight (the effective number of oscillators or

electrons) during the electromagnetic interactions (Fig. 63(c)), which are compatible

with optical conductivity at all frequencies. The MEM approach of AC is used to estimate

optical conductivity from CT-QMC data across various values of U and β ranges. The material

exhibits insulating behavior below β ≈ 15.0(eV )−1 with U = 3.0 eV (Fig. 64(a)). Additional

peaks beyond the Drude peak indicate different kinds of transition (Blümer, 2007), with larger

conductivity associated with a narrowing peak at ω = 0.
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At low frequency regime the quasiparticle conductivity is accounted for the Drude peak in

the spectrum. Its breadth indicates the charge carriers’ dispersion rate, while its total weight

represents their effective mass. By comparing the weight to the value in the DFT, the mass

augmentation induced by dynamical correlations is computed.

In practice, the correlations effect diminishes the Drude weight and causes its value to vanish in a

Mott insulator (Blümer, 2007). Our calculations reproduce conventional DMFT results without

disorder (Tohyama et al., 2005; Nakano et al., 2007), revealing optical conductivity with a Drude

peak at low frequencies. The frequency dependence of optical conductivity changes qualitatively

by the introduction of disorder. The Hubbard-Anderson model’s optical conductivity is strongly

impacted on varying stoichiometric compositions of La/Ca ratios (Fig. 64(b)). The redistribution

of optical conductivities are estimated for various U and β values (Fig. 64(c)), show that lower U

and β values lead to closer Drude peaks and diminished Drude peaks at higher values of U and β.

4.5.1.2 Optical Properties of (La1−xSrxVO3)n(n=2)

(a) (b)

Figure 65: The graphs of (a) the real parts of dielectric function vs. energy (eV) and its imaginary parts
(inset) (b) the real part of optical conductivity vs. energy (eV) for the (La1−xSrxVO3)n systems.

The study explores the relationship between the real and imaginary parts of the dielectric

function ε(ω) and optical conductivity for pristines SrVO3, LaVO3, and LaSrV2O6

superstructure (Fig. 65(a). It shows a decreasing dispersiveness with photon energy,

becoming negative at around 7.5 eV of UV region (Wooten, 1973; Scafetta et al., 2014).

The imaginary part of the dielectric function is related to optical conductivity, σ(ω) and

other optical parameters.

The typical peak values of the optical conductivity for pristine SVO, LVO, and LaSrV2O6

are found to be 4605.26 (Ωcm)−1, 6736.84 (Ωcm)−1, and 5447.37 (Ωcm)−1, respec-

tively, which lies around (7-10) eV of photon energy of UV regions (Fig. 65(b)). The real

part of complex refractive indices for all the superstructures show similar variation with
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(a) (b)

Figure 66: The plots of (a) the refractive indices vs. photon energy (b) the absorptivity vs photon energy
for the (La1−xSrxVO3)n(n = 2; x = 0, 0.5, 1) system.

(a) (b)

Figure 67: The plots of (a) the ELOSS function vs. energy (b) the optical weight, Neff (ω) vs. energy for
(La1−xSrxVO3)n system.

(a) (b)

Figure 68: The graphs for (a) the optical conductivity σ(ω) vs. frequency (ω) for a constant U = 4.00 eV
with β variation (b) the optical conductivity σ(ω) vs. frequency (ω) for a constant β = 10.00 (eV)−1 with
U variation for (La1−xSrxVO3)n system.

higher values in the infrared region (Fig. 66(a)) and secondary peaks at around 3.00 eV

photon energy. Materials’ absorptivity during EM interaction is measured (Fig. 66(b)),

and the interband optical transition occurs through photon absorption, which occurs

when photon energy equals the optical gap’s energy.

The electron energy loss spectroscopy is a useful optical parameter for analyzing elec-

tromagnetic interaction with materials. Its peak values are close to 0.60 in arb. units
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(Fig. 67(a)) for all superstructures. Energy losses in materials are mainly generated by

simple electronic and collective excitations(called plasmon excitation), evaluating the

likelihood of volume loss of energy in the solid (McAlister & Stern, 1963). The photon

energy (eV) associated with the highest peak of ELOSS function corresponds to plasma

resonance associated with plasma frequency (ωp).

The f-sum rules for transitions measure optical weight, which contribute to the effective

number of oscillators during absorption or emission of EM radiation (Fig. 67(b)). These

rules are consistent with optical conductivity at any frequency. Some of the static values

(ω ∼ 0) of optical parameters are tabulated in Table. 11.

Table 11: The real part of static dielectric function (ω ∼ 0) Re ε(0), static refractive index n(0), static
real part of optical conductivity σ(0), static absorption coefficient α(0), static optical reflectivity R(0),
ELOSS function L(0), static optical weight Zeff (0), and plasma frequency (ωp) from all the examples of
ELOSS functions.

Optical Parameters SrVO3 LaVO3 LaSrV2O6 La0.40Ca0.60VO3

Re.ε(0) 230.25 -1401.15 20.85 140.07
n(0) 15.25 67.43 4.58 12.06

Re.σ(0) (1/Ω.cm ) 0.07 19064 0.02 0.04
α(0) (104/cm ) 0.08 0.05 0.15 0.22

L(0) (arb. units) 0.00 0.00 0.01 0.00
Zeff (0) 0.00 0.11 0.01 0.04
ωp(eV/~) 8.31 12.94 13.20 13.12

The CT-QMC along with MEM approach is used to compute the optical properties of

superstructures (Bergeron & Tremblay, 2016), estimating optical conductivity using the

MaxEnt model and SF with optimal α value.

The variation of these model parameters broadens or suppresses the metallic Drude

peak at zero frequency (ω ∼ 0) (Fig. 68(a)) (Blümer, 2007; Kim, 2018). The Mott-

Hubbard band splittings are supported by Drude peaks for different combinations of

model parameters (U and β).

The Drude peaks at around ω ∼ 0 vanish with larger U (Fig. 68(b)), indicating a phase

change from metallic to insulating due to carrier localization of the systems.
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(a) (b) (c)

(d) (e) (f)

Figure 69: The plots for (a) the dielectric function vs. the photon energy (b) the index of refraction vs.
the photon energy (c) the optical conductivity vs. the photon energy (d) the ELOSS function vs. photon
energy (e) the reflectivity vs. photon energy, and (f) the optical weights (sumrule) vs. photon energy for
the La1−xSrxTiO3 systems.

4.5.2 Optical Properties of the Titanate Systems

4.5.2.1 Optical Properties of La1−xSrxTiO3

The dispersive behavior of a material is associated with the real part, Re εij(ω), whereas the

absorptive behavior is associated with the imaginary part, Im εij(ω) , as shown in Fig. 69(a).

The static dielectric function is defined as the value of Re.εij(ω) at zero frequency and is

represented by εij(0), and its value varies for various site-substituted supercells, La1−xSrxTiO3.

The refraction index of a material is described by the expression nii(ω), which is determined

for La0.80Sr0.20TiO3 and depicted in Fig. 69(b). The zero frequency index of refraction is

represented by the static number nii(0) ∼ 17.00. In the visible area of the electromagnetic

spectrum, nii(ω) drops beyond this value.

Beyond this point, the real part of dielectric function, Re εij(ω) changes and reaches a maximum

of 282.65 for La0.80Sr0.20TiO3, suggesting that the static dielectric function is significantly

higher than other superstructures. At ∼ 0.71 eV energy, the Re εij(ω) curve goes to the neg-

ative side, corresponding to the point of high optical conductivity and high reflectivity of the

La0.80Sr0.20TiO3 system. As a result, the La0.80Sr0.20TiO3 system loses its dielectric property

and exhibits metallic nature in the energy range of 0.71 eV to 3.10 eV (Fig. 69(c),(e)). In the

visible range, the optically active system among the three superstructures is La0.80Sr0.20TiO3.

The imaginary part of the dielectric function, Re εij(ω), represents absorptive behaviors of the

materials.
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The real part of optical conductivity, Re σij(ω), exhibits extremely small values in the

IR and visible areas for superstructures with 0% and 20% La -ions. After then, the

conductivity rises due to the shift from O -2p to V -3d orbitals, resulting in several peaks

in the ultraviolet area for these superstructures.

The static reflectivity, Rij(0) has a maximum value of ∼80% occurs at around zero

frequency and the minima of reflectivity ∼13% occurs at around 8.8 eV photon energy

for La0.80Sr0.20TiO3 system.

Energy loss (ELOSS) function, Lij(ω) is associated with the resonance of plasmon

frequency of incident radiations. For the samples with 0% and 20% site-substituted

systems the plasmon resonance occur at around ≈ 11.00 eV are plotted in (Fig. 69(d)).

But, the ELOSS function varies with energy uniquely for La0.80Sr0.20TiO3 system having

four major peaks at around 2.90 eV, 6.93 eV, 8.15 eV and 13.00 eV of photon energies,

respectively.

In the VB, the effective number of oscillators (electrons) per unit cell, Neff (ω) can be

estimated from the sum rule as shown in (Fig. 69(f)). These are the electrons which take

part in inter- and intra -band transitions. For the superstructures of 0% and 20% La -ions

substitution, there is no significant number of oscillator in the IR and visible regions, but

it increases gradually and almost linearly in the UV region. In case of La0.80Sr0.20TiO3

system, the value of Neff (ω) is significant in the vision region as well, indicating that

this superstructure is viable for optically induced device applications.

4.5.2.2 Optical Properties of Ca1−xYxTiO3

In this case also, it is clearly observed that the optical parameters are substantially

altered due to site -substitution of Ca -ions by Y -ions as shown in (Fig. 70(a)→ (f)) in

Ca1−xYxTiO3 system.

Finally, the study of optical properties of vanadates and titanates revealed the following

concluding remarks:

The frequency -dependent optical conductivity, σ(ω) and optical weight (sum -rule) are

consistent with the results of MIT, as expected by DMFT and the MEM. The optical

properties calculations show that site substituted compositions undergo electronic MIT
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(a) (b) (c)

(d) (e) (f)

Figure 70: The graph of (a) the real and imaginary parts (inset) of the dielectric function w.r.t. photon
energy (b) the real part of complex index of refraction and extinction coefficient κ(ω) (inset) w.r.t. photon
energy (c) the real part of optical conductivity w.r.t. photon energy (d) the ELOSS function w.r.t. photon
energy (e) the absorptivity w.r.t. photon energy, and (f) the variation of optical weights (sumrule) w.r.t.
photon energy for the Ca1−xYxTiO3 systems.

based on U and β interaction. The optically induced conductivity are clearly observed for

some of the stoichiometric compositions indicating that (a) The field driven memristors

are potential candidates for neuromorphic computing due to the feasibility of their

ultrahigh -density 3D integration and their ultralow energy consumption. (b) Mott

insulators are the class of strongly correlated materials with emergent properties useful

for designing the artificial neural networks, and (c) Resistive Switching (RS) of Mott

Insulators are highly applicable for designing RRAM devices, an emerging type of

non-volatile memories, based on the external perturbation (electrical, thermal,chemical,

optical) driven RS of an active material.
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CHAPTER 5

CONCLUSIONS AND RECOMMENDATIONS

The overall conclusions drawn from the present study of the pristine titanates and

vanadates systems, and their site-substituted superstructures are presented briefly as

follows,

5.1 Stability of Titanates and Vanadates

The structural stability of the pristine and its superstructures are investigated using

the energy minimization approach whereas the chemical and mechanical stabilities are

examined through cohesive and formation energies calculation, and elastic parameters.

The energy vs. lattice parameter (or volume) curves provide the information of structural

stability. The optimized lattice parameters for the pristine titanates are mentioned in

the parentheses, LaTiO3 (a = 3.92 Å ), CaTiO3 (a = 3.88 Å), YTiO3 (a = 3.89 Å) and

SrTiO3 (a = 3.94 Å), and the optimized lattice parameters for pristine vanadates are,

LaVO3 (a = 3.94 Å), CaVO3 ( a = 3.71 Å), SrVO3 (a = 3.86 Å) and YVO3 (a = 3.85

Å), respectively, which are followed by the optimized lattice parameters (mentioned in

the parentheses) for their typical superstructures, [(La1−xSrxVO3)n (a = b = 3.96 Å, c =

7.92 Å)] , [(Ca1−xSrxVO3)n ( a = b = 3.95 Å, c = 7.91 Å)], [(La1−xCaxVO3)n (a = b =

3.95 Å, c = 19.48 Å)], [(LaCaTi2O6)n ( a = b = 3.85 Å, c = 7.91 Å)], [(Ca1−xYxTiO3)n

(a = b = 3.88 Å, c = 11.67 Å)], [(LaSrTi2O6)n (a = b = 3.96 Å, c = 7.92 Å)], and

[(La1−xSrxTiO3)n ( a = b = 3.85 Å, c = 19.44 Å)] systems, respectively.

The formation energies are found to be, -3.01 eV/atom, -3.18 eV/atom, -2.97 eV/atom,

-0.59 eV/atom eV/atom, -3.60 eV/atom, and -2.99 eV/atom for CaVO3, LaVO3, SrVO3,

YVO3, LaSrV2O6, and La0.40Ca0.60VO3 systems, respectively and cohesive energies for

CaVO3, LaVO3, SrVO3, YVO3, LaSrV2O6, and La0.40Ca0.60VO3 systems are found to
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be -7.53 eV/atom, -7.56 eV/atom, -6.96 eV/atom, -3.53 eV/atom, -7.79 eV/atom, and

-7.20 eV/atom, respectively. Similarly, the formation energies for the titanates, CaTiO3,

LaTiO3, SrTiO3, YTiO3, LaSrTi2O6, ,LaCaTi2O6, Ca0.33Y0.67TiO3 and La0.80Sr0.20TiO3

are calculated to be, 3.34 eV/atom, -2.97 eV/atom, -2.72 eV/atom, 3/20 eV/atom, -

3.07 eV/atom, -3.05 eV/atom, -3.27 eV/atom and -2.66 eV/atom, respectively and

the cohesive energies for CaTiO3, LaTiO3, SrTiO3, YTiO3, LaSrTi2O6, LaCaTi2O6,

Ca0.33Y0.67TiO3 and La0.80Sr0.20TiO3 are calculated to be, -7.15 eV/atom, -7.65 eV/atom,

-7.74 eV/atom, -6.90 eV/atom, -7.71 eV/atom, -7.68 eV/atom, 7.00 eV/atom and -2.83

eV/atom, respectively. The negative values of cohesive and formation energies signify

the chemical stabilities of the systems. The findings are consistent with the available

theoretical and experimental data.

Mechanical stability criteria based on elastic parameters reveal that all these materials are

mechanically stable. In short, all the pristine titanates and vanadate systems under study

and their super structures show structural, chemical and mechanical stabilities. Hence,

they are viable to experimental synthesis for the present and future device applications.

5.2 Electronic Transport Properties of Titanates and Vanadates

The electronic related properties are discussed firstly using DFT approach with PBE

exchange correlation functionals under GGA and mBJ frameworks. The data whatever

obtained from DFT are used for DMFT (CTQMC-Technique) along with MEM model.

All the pristine systems except SrTiO3 and CaTiO3 are metallic in nature which contradict

with the available experimental results, while they supports other theoretical calculations.

Experimentally CaVO3, SrVO3 are found to be correlated metals, whereas LaVO3,

LaTiO3, YTiO3 and YVO3 are Mott insulators. The systems SrTiO3 and CaTiO3 show

band insulating properties with band gap 3.42 eV and 2.76 eV under the GGA and mBJ

approaches. Most of the site-substituted superstructures are observed to be the correlated

metals or semiconductors in nature.

For the realistic picture, we implemented DMFT approach for these correlated systems.

From the calculation the MIT parameters for band splittings of pristines and superstruc-

tures of titanate systems are mentioned in the parentheses as, LaTiO3 (U = 4.0 eV, β = 8.0

(eV)−1), YTiO3 (U = 5.0 eV, β = 10.0 (eV)−1), LaSrTi2O6 (U = 4.7 eV, β = 6.0 (eV)−1),
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La0.8Sr0.2TiO3 (U = 3.2 eV, β = 10.0 (eV)−1) and Ca0.33Y0.67TiO3 (U = 5.0 eV, β = 7.0

(eV)−1), respectively. Similarly, the MIT parameters of pristines and superstructures

of vanadate systems are mentioned in the parentheses as, CaVO3 (U = 5.0, eV, β = 6.0

(eV)−1), LaVO3 (U = 4.5 eV, β = 8.0 (eV)−1), SrVO3 (U = 2.5 eV, β = 6.0 (eV)−1),

LaSrV2O6 (U = 4.0 eV, β = 10.0 (eV)−1) and La0.4Ca0.6VO3 (U = 5.0 eV, β = 10.0

(eV)−1) respectively.

The quasi-particle spike around the Fermi level of the La0.80Sr0.20TiO3 and La0.40Ca0.40VO3

systems are observed with the same set of model parameters, U = 3.0 eV and β = 6.0

(eV)−1. We calculated the coexistence region of metallic and insulating phases, as well

as the materials’ QCP. The Mott QCP at an elevated temperature are found to be UC =

2.95 eV and βC = 23.58 (eV)−1 for La0.40Ca0.40VO3 superstructure system.

5.3 Thermoelectric and Optically Driven Transport Properties

The electrical and thermal conductivities vary in a similar fashion w.r.t. the chemical po-

tential for different systems at a constant temperature. The thermal conductivity changes

linearly w.r.t. temperature, while the electrical conductivity is observed to be less tem-

perature dependent for a given system. The peak value of Seebeck coefficient and the

thermoelectric phase transition occurring at around, µ ∼ -1.40 eV for La0.80Sr0.20TiO3

systems, indicating that, the system is promising candidates for thermoelectric applica-

tions. Furthermore, the peak values of the electrical and thermal conductivities at room

temperature of La0.40Ca0.60VO3 specimen are calculated to be, 2.11× 1020 (Ω m s)−1

and 1.54× 1015 W/(m.K.s), respectively, for a chemical potential µ = - 0.14 eV.

The calculations of dielectric function and related optical parameters w.r.t. photon

energy (eV) in the IR-to-UV (0 -20.0 eV) region help to understand the photo -induced

behaviors of materials. It is to be noted here that the thermoelectrically active materials:

La0.40Ca0.60VO3 and La0.80Sr0.20TiO3 are also interestingly active optically in the visible

range of EM spectrum.

The values of static dielectric function ( εij(0)) depend upon the concentration of site-

substituted elements on the supercell, La1−xSrxTiO3. The value of Re εij(ω) varies and

reaches a maximum of 282.65 for La0.80Sr0.20TiO3, suggesting that the static dielectric

function is significantly greater than the other superstructures. At ∼ 0.71 eV photon
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energy, the Re εij(ω) curve shifts to the negative side, corresponding to the point of

high optical conductivity and high reflectivity of the La0.80Sr0.20TiO3 system. It loses

its dielectric property at this point and exhibits metallic nature in the energy range of

0.71 eV to 3.10 eV. It is to be noted here that the optically active systems among the

superstructures are found to be, La0.40Ca0.60VO3 and La0.80Sr0.20TiO3 for the visible

spectral ranges. The frequency-dependent optical conductivity σ(ω) and spectral weight

are consistent with the MIT as expected by the results of DMFT and the MEM.

The optical properties of site-substituted superstructures are anisotropic in nature which is

important for controlling Mott-mechanism for the materials. The tuning of Mott-resistive

mechanism through photo induced applications is also a highly sought applications for

resistive switching, neuromorphic computing, resistive memory devices and artificial

neuron.

5.4 Recommendations for the Future Study

The following recommendation have been proposed for the further enhancement and

implementation of the present study.

a. These materials harbor plethora of exotic novel properties, so one can design and

study various morphological structures (0 D, 1 D, 2 D, 3 D etc.) for smart device

applications.

b. Resistive switching (reversible switching) of Mott insulators are useful for de-

signing resistive random access memories (RRAM) devices, an emerging type of

non-volatile memories that can outperform the existing technology (Flash memory,

Dynamic RAM), could be driven by the external perturbation (electrical, thermal,

chemical, optical, and mechanical etc.)

c. We recommend to work on the electronic device miniaturization through hetero-

structuring and nanostructuring of the systems for various smart devices, such as

the quantum and neuromorphic computing, artificial neuron, and other machine

learning devices from a mesoscopic scale to nanoscopic scale to improve their

efficiencies.
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There are many researchers exploring the promising category of materials and new

physical phenomena using hetero-structuring, nano-structuring, and band control and

filling control methods for building quantum dots, quantum wires, quantum wells, and

various smart materials of the present and future technological needs.
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CHAPTER 6

SUMMARY

In this study, we used various theoretical models to investigate the structural, chemical and me-

chanical stabilities, and electronic, thermoelectric and optically driven transport properties of vari-

ous site-substituted superstructures of complex transition metal oxides: ((La,Sr)TiO3/(Ca,Y)VO3).

The DFT, DMFT and MEM are employed for electronic transport properties. Using the non-

interacting parameter (electron density), the DFT estimates the ground state characteristics of a

many-body interacting system. The data obtained from DFT calculation are then used for the

electronic, and thermoelectric and optically driven transport properties.

The optimized energy vs. lattice parameter(or volume) shows the structural stability of a system.

The optimized lattice parameters for the pristine titanates are mentioned in the parentheses,

LaTiO3 (a = 3.92 Å ), CaTiO3 (a = 3.88 Å), YTiO3 (a = 3.89 Å) and SrTiO3 (a= 3.94 Å), and

the optimized lattice parameters for the pristine vanadates are, LaVO3 (a = 3.94 Å), CaVO3

( a = 3.71 Å), SrVO3 (a = 3.86 Å) and YVO3 (a = 3.85 Å), respectively followed by the

optimized lattice parameters (mentioned in the parentheses) of their typical superstructures are,

[(La1−xSrxVO3)n (a = b = 3.96 Å, c = 7.92 Å)] , [(Ca1−xSrxVO3)n ( a = b = 3.95 Å, c = 7.91

Å)], [(La1−xCaxVO3)n (a = b = 3.95 Å, c = 19.48 Å)], [(LaCaTi2O6)n ( a = b = 3.85 Å, c =

7.91 Å)], [(Ca1−xYxTiO3)n(a = b = 3.88 Å, c = 11.67 Å)], [(LaSrTi2O6)n (a = b = 3.96 Å, c =

7.92 Å)], and [(La1−xSrxTiO3)n ( a = b = 3.85 Å, c = 19.44 Å)] systems.

The negative values of formation energies of the vanadates are found to be, -3.01 eV/atom, -3.18

eV/atom, -2.97 eV/atom, -0.56 eV/atom, -3.60 eV/atom, and -2.99 eV/atom for CaVO3, LaVO3,

SrVO3, YVO3, LaSrV2O6, and La0.40Ca0.60VO3 systems, respectively and the cohesive energies

for CaVO3, LaVO3, SrVO3, YVO3, LaSrV2O6, and La0.40Ca0.60VO3 systems are found to be,

-7.53 eV/atom, -7.56 eV/atom, -6.96 eV/atom, -3.53 eV/atom, -7.79 eV/atom, and -7.20 eV/atom,

respectively.

Similarly, the formation energies for the titanates: CaTiO3, LaTiO3, SrTiO3, YTiO3, LaSrTi2O6,

,LaCaTi2O6, Ca0.33Y0.67TiO3 and La0.80Sr0.20TiO3 systems, are calculated as, 3.34 eV/atom,
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-2.97 eV/atom, -2.72 eV/atom, 3/20 eV/atom, -3.07 eV/atom, -3.05 eV/atom, -3.27 eV/atom

and -2.66 eV/atom, respectively and the cohesive energies for CaTiO3, LaTiO3, SrTiO3, YTiO3,

LaSrTi2O6, LaCaTi2O6, Ca0.33Y0.67TiO3 and La0.80Sr0.20TiO3 systems are calculated as, -7.15

eV/atom, -7.65 eV/atom, -7.74 eV/atom, -6.90 eV/atom, -7.71 eV/atom, -7.68 eV/atom, 7.00

eV/atom and -2.83 eV/atom, respectively. The higher negative values of the cohesive and

formation energies signify the stronger the system’s structural and chemical stability and viability

for experimental synthesis. From the elastic calculation, the positive Cauchy pressure values

imply that the systems are metallic with ductile properties, whereas negative values indicate that

the systems are covalently bonded.

The data obtained from DFT is taken as input data for CT-QMC with hybridization expansion

solving the DMFT equation, which gives the GF data of imaginary time and frequency, which

is then used for investigating the metal-insulator phase transition (MIT) through MEM. From

the study, the MIT parameters for Mott-Hubbard band splittings of pristines and superstructures

of vanadate systems are mentioned in the parentheses, CaVO3 (U = 5.0 eV, β = 6.0 (eV)−1),

LaVO3 (U = 4.5 eV, β = 8.0 (eV)−1), SrVO3 (U = 2.5 eV, β = 6.0 (eV)−1), LaSrV2O6 (U = 4.0

eV, β = 10.0 (eV)−1) and La0.4Ca0.6VO3 (U = 5.0 eV, β = 10.0 (eV)−1), respectively. Similarly,

the DMFT results of MIT parameters of pristines and superstructures of titanate systems are

mentioned in the parentheses, LaTiO3 (U = 4.0 eV, β = 8.0 (eV)−1), YTiO3 (U = 5.0 eV, β = 10.0

(eV)−1), LaSrTi2O6 (U = 4.7 eV, β = 6.0 (eV)−1), La0.8Sr0.2TiO3 (U = 3.2 eV, β = 10.0 (eV)−1)

and Ca0.33Y0.67TiO3 (U = 5.0 eV, β = 7.0 (eV)−1), respectively.

The MEM is used to compute the Mott gap and quasi-peak model parameters via analytic

continuation of CT-QMC data. The study of Mott gaps are critical for a variety of technological

and engineering purposes, whereas the MIT model parameters for quasi-particle peaks are critical

for quantum information technology. The MIT parameters are crucially important for designing

Mottronic devices like neuromorphic computing, quantum computing, resistive memory devices,

LIF artificial neurons for neural networks, and so on.

Furthermore, we calculated the coexistence region of metallic and insulating phases as

well as the QCP at an elevated temperature for the La0.40Ca0.60VO3 system. The Mott

QCP is attained at UC = 2.95 eV and βC = 23.58 (eV)−1.

The thermal conductivity of a system varies dramatically with temperature, although the

electrical conductivity remains constant with temperature. The Seebeck coefficient (S)

and Hall coefficient (RH) for superstructures with different proportions of Sr or Ca-ions
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are compared. Thus, the La1−xSrxTiO3 and La1−xCaxVO3 systems with 20%, 60%,

and 80% site-substituted compounds are promising candidates for higher temperature

thermoelectric applications. The study show that these titanates and vanadates systems

suggests that tunabilities for improved and more efficient TE devices are conceivable by

site-substitution of cations and re-construction of superstructuring these systems.

The optical properties calculations reveal that site substituted combinations of materials

undergo electronic MIT due to U and β interactions, which is consistent with previous

calculations. From the calculation of the frequency dependence of optical conductivity

σ(ω) and optical spectral weight confirm the MIT predicted by DMFT and MEM.

In short, these materials are crucially important for developing next-generation quantum

technologies, aiming for a safe and sustainable development of our society. The poten-

tial applications include dissipationless electronics, energy harvesting devices, secure

communications, quantum computing, neuromorphic computing, resistive memory, and

all kinds of machine learning devices.
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APPENDIX

Appendix -I: The Generic Phase Transitions in TMOs Materials

Figure 71: The underlying mechanism of transport phenomena are dictated by the
fundamental component of the physical circumstances of the materials such as the
Coulomb interaction parameter, (U/t), and spin-orbit coupling parameter, (λ/t) are the
major component for metal-insulator phase transitions, where t is the electron hopping
parameters (Vale et al., 2018).



Appendix -II: The Kohn-Sham Self-Consistent Field Approximation Method

Figure 72: The schematic representation of the self-consistent field iterative calculation for the
solution of Kohn–Sham equations. For the case of spin-polarized system there are two such loops
that must be implemented simultaneously, to consider both of the spin density of states (Kohn &
Sham, 1965).



Appendix -III: The Jacob’s Ladder Interpretation of Efficiency of SCF Calcula-

tions

Figure 73: The Jacob’s ladder for the required calculational efficiency and accuracy of
the first-principle based calcuations (Perdew et al., 1996; Jaramillo et al., 2003; Becke &
Johnson, 2005).

The first three rungs of the local spin density approximation (LSDA) involve semilocal

components (n↑(r) and n↓(r)) from infinitesimal neighborhood density or orbitals, with

non-empirical constructions, and are accurate only for homogeneous or slowly changing

electron gas (Kohn & Sham, 1965; Vosk et al., 2015).

The second rung in the GGA involves adding the gradients ∇2n↑(r) and ∇2n↓(r) as in

the PBE (Kohn & Sham, 1965; Perdew et al., 1998), and PBEsol (Perdew & Levy, 1985)

nonempirical constructions.

The third rung is meta-GGA,includes positive orbital kinetic energy densities(tive orbital

kinetic energy densities τ↑(r) and τ↓(r)), as in the Tao-Perdew-Staroverov-Scuseria

(TPSS) nonempirical construction (Tao et al., 2003; Staroverov et al., 2004).

The fourth rung (see Fig. 73) of hyper-GGA (Perdew et al., 1996; Jaramillo et al., 2003;

Becke & Johnson, 2005; Mori-Sánchez et al., 2006; Arbuznikov et al., 2006; Cohen



et al., 2007; Kaupp et al., 2007), introduces a nonlocal parameter, the exact-exchange

energy per electron, which is non-unique and gauge-dependent, unlike total energies.

Appendix -IV: Monte-Carlo Method with Metropolis-Hasting Algorithm

Figure 74: The schematic representation of Markov chain Monte-Carlo method with
Metropolis Hasting selection criteria (Werner et al., 2006; Gull et al., 2011).

For sampling the configurations C that contribute to the value of the partition function Z,

we employ the Markov chain Monte Carlo approach. Assuming that x0 is the beginning

configuration (or zeroth order configuration), we must proceed with a random walk in

phase space from a current configuration, x to a new one, y(xj) as,

x0 → x1 → x2 → ...→ xn+1.... (6.1)

To sum up probabilities, the Markov chain must reach a stationary distribution, be

thermalized, and have clearly correlated successive points. Autocorrelation effects must

be considered when computing Monte Carlo statistical errors. To create a Markov chain

of diagrams, two moves can be used: insertion of a link (anti-link) and removal of a

link. These moves ensure the system is thermalized and the autocorrelation effects are

considered for computing the Monte Carlo statistical errors (Werner et al., 2006).

Starting with an arbitrary Markov chain distribution, the process will converge expo-



nentially to a stationary distribution p(x) if the following two requirements are met: (i)

Ergodicity: each configuration x is accessible in a limited number of Markov steps from

any other configuration y. That is to say,

∀xy∃n : (Wn)xy 6= 0

(ii) Detailed balance: The probability Wxy of moving from configuration x to configura-

tion y with probability density p(x) meets the detailed balance requirement.

∫

c

Wxyp(x) = p(y) (6.2)

To perform updates using the Metropolis algorithm in Markov chain Monte Carlo as

shown in (Fig. 74) (Gull et al., 2011), the probability must meet the detailed balance

condition. For a given configuration x = (τ1), ..., (τn), inserting a time vertex (τn+1) to

obtain y = (τ1), ..., (τn), (τn+1) ensures the condition. The transition probability density

Wx,y of transitioning from state x to state y is crucial.

Wx,y = Wprop(x→ y)Aacc(x→ y) (6.3)

Where, Wprop(x→ y) is the proposal (proposed) probability density and Aacc(x→ y) is

the acceptance probability density of going from x to y respectively.

Similarly, the transition probability Wy,x of transitioning from state y to state x is,

Wy,x = Wprop(y→ x)Aacc(y→ x) (6.4)

Furthermore, the probability density of inserting a time vertex (τn+1) is provided by the

likelihood of selecting the imaginary time location τn+1,

Wprop(x→ y) =
dτ

β
(6.5)

The proposed probability density of removing a time vertex, on the other hand, is just the

chance of picking that particular vertex among the n+1 available vertices,

Wprop(y→ x) =
1

n + 1
(6.6)



Now, selecting the acceptance probabilities Aacc(x→ y) and Aacc(y→ x), we have,

Wx,y

Wy,x

=
dτ

β

n + 1

1

Aacc(x→ y)

Aacc(y→ x)

=
p(y)

p(x)

Aacc(x→ y)

Aacc(y→ x)
=

p(y)

p(x)

1/(n + 1)

dτ/β
(6.7)

Applying Metropolis’ algorithm to fulfill the detailed balance principle we obtain the

acceptance ratio as,

Aacc = min
[
1, p(y)Wprop(y→x)

p(x)Wprop(x→y)

]

= min
[
1, 1

n+1
β
dτ

p(y)
p(x)

]
(6.8)

Because the ratio of configuration probability densities p(y)/p(x) is infinitesimally small,

the transition rate from configuration x to configuration y remains finite (White, 1992;

Ferrero et al., 2005).



Appendix -V: The Variation of Energy (∆E) with the Variation of Lattice Parame-

ter (∆a) for Pristine and Superstructure of Vanadates.

(a) (b)

(c) (d)

Figure 75: The energy difference vs. lattice parameters calculated at around their
optimized values for (a) pristine CaVO3 (CVO) (b) pristine LaVO3 (LVO) (c) pristine
SrVO3 (SVO), and (d) superstructure La0.40Ca0.60VO3 (LCVO) systems. All of the lattice
parameters are computed within the computional error bars of convergence criteria. The
coefficient of determination (R2 ' 1) indicates the correctness of polynomial curve
fittings.



Appendix -VI: The Comparative Phonon DOS and Bandstructure of Pristine Vana-

dates Showing the Acoustical and Optical Modes of Vibration in these systems.

(a)

(b)

(c)

Figure 76: The phonon DOS and bandstructures for (a) pristine CaVO3 (CVO) (b)
pristine LaVO3 (LVO) and (c) pristine SrVO3 (SVO) systems.



Appendix -VII: The Variation of Energy (∆E) with the Variation of Lattice Param-

eter (∆a) for Pristine Titanates.

(c) (d)

Figure 77: The energy difference vs. lattice parameters calculated at around their
optimized values for (a) pristine SrTiO3 (STO) (b) pristine LaTiO3 (LTO) (c) pristine
CaTiO3 (CTO), and (d) pristine YTiO3 (YTO) systems. All of the lattice parameters are
computed within the computational error bars of convergence criteria. The coefficient of
determination (R2 ' 1) indicates the correctness of polynomial curve fittings.



Appendix -VIII: Parameterization of Umm′m′′m′′′ by Spherical Symmetry

The parameterization of rotationally invariant two-body interaction tensor Umm′m′′m′′′ in

terms of invariant radial integrals Fk and proves the sum rule of isotropic and anisotropic

integrals.

Based on the assumptions of two body on-site interaction tensor (Martin, 2004; Vaugier

et al., 2012), we have,

Umm′m′′m′′′ =
∞∑

k=0

4π

2k + 1
Fk

k∑

q=−k

∫
dΩ1Y

∗
lm(r1)Ykq(r1)Ylm′′(r1)

×
∫
dΩ2Y

∗
lm′(r2)Y ∗kq(r2)Ylm′′′(r2) (6.9)

with the radial integrals Fk. The radial and angular integrals are separated using d3r =

r2drdΩ in spherical coordinates. We may next use Ylm(r) = (−1)mYl,−m(r) and its

relation to the Wigner 3j-symbols

∫
dΩ Yl1m1(r)Yl2m2(r)Yl3m3(r) =

√
(2l1 + 1)(2l2 + 1)(2l3 + 1)

4π

×


l1 l2 l3

0 0 0




 l1 l2 l3

m1 m2 m3


 (6.10)

to obtain the interaction matrix elements

Umm′m′′m′′′ = (2l + 1)2

∞∑

k=0

Fk


 l k l

0 0 0




2
k∑

q=−k

(−1)m+m′+q

×


 l k l

−m q m′′




 l k l

−m′ −q m′′′


 (6.11)

The Wigner 3j-symbols selection rules limit the summation of k to even numbers from 0

to 2l, rewriting it as 2k with the new variable k summing from 0 to l.



Umm′m′′m′′′ = (2l + 1)2

l∑

k=0

F2k


 l 2k l

0 0 0




2
2k∑

q=−2k

(−1)m+m′+q

×


 l 2k l

−m q m′′




 l 2k l

−m′ −q m′′′


 (6.12)

The interaction tensor Umm′m′′m′′′ is parameterized by the radial integrals as the linear

coefficients of the universal Wigner 3j-symbols.

Appendix -IX: Expressing U and J in Terms of F2k

From the definition of Hubbard U , we have

U =
l∑

k=0

F2k


 l 2k l

0 0 0




2

∑

mm′

(−1)m+m′


 l 2k l

−m 0 m




 l 2k l

−m′ 0 m′




(6.13)

The selection rule of Wigner 3j-symbols (Martin, 2004; Vaugier et al., 2012) was used

to select the q = 0 term, followed by applying the sum rule.

∑

m

(−1)l+m


 l k l

−m 0 m


 =

√
2l + 1 δk0. (6.14)

Only the k = 0 term survives and we obtain

U = (2l + 1) F0


 l 0 l

0 0 0




2

= F0. (6.15)

Next we calculate the sum

∑

m

Jmm′ = (2l + 1)2

l∑

k=0

F2k


 l 2k l

0 0 0




2

∑

qm


 l 2k l

−m q m′




 l 2k l

−m′ −q m


 (6.16)



The selection rule requires q = m − m′, which may not be within q ∈ [−2k, 2k];

canceling the sign (−1)m+m′+q in (6.12), we show the last two symbols are equal. We

have,


 j1 j2 j3

m1 m2 m3


 = (−1)j1+j2+j3


 j1 j2 j3

−m1 −m2 −m3


 =


 j3 j2 j1

−m3 −m2 −m1




(6.17)

which then leads to

∑

m

Jmm′ = (2l + 1)2

l∑

k=0

F2k


 l 2k l

0 0 0




2

∑

qm


 l 2k l

−m q m′




2

. (6.18)

We now use the orthonormality relation of Wigner 3j-symbols

(2l + 1)
∑

m1m2


 j1 j2 l

m1 m2 m




 j1 j2 l′

m1 m2 m′


 = δll′δmm′ , (6.19)

to further reduce (6.18) into

∑

m

Jmm′ = (2l + 1)
l∑

k=0

F2k


 l 2k l

0 0 0




2

. (6.20)

The result is based on rotational symmetry and Hund’s coupling J with U, as per equations

(6.15) and (6.20), we have,

J =
1

2l

(∑

m

Jmm′ − F0

)
=

2l + 1

2l

l∑

k=1

F2k


 l 2k l

0 0 0




2

(6.21)

The Hubbard U and Hund’s coupling J are the isotropic and anisotropic parts of the

interaction, respectively, represented by equations (6.15) and (6.21).



Appendix -X: Crystal Field Effect

Figure 78: A level diagram of the d -orbitals that shows t2g and eg groups with different
energies due to the CFE splitting (Jarlborg & Arbman, 1977; Vaugier et al., 2012).

Crystals are formed when atoms interact with the electrostatic field generated by sur-

rounding ions. When an isolated metal ion is placed in a crystal, its orbitals interact with

potential from neighboring atoms (ligands) in the crystal lattice. The d or f orbitals of

the ion have the same energy and are degenerate. However, when placed in the crystal,

the orbitals interact with the potential from neighboring atoms (ligands) in the crystal

lattice. For example, dz2 , dxz, dyz, dxy and dx2−y2 orbitals have various interactions with

ligands oriented along x, y, and z. The d -orbitals along ligand axes experience more

repulsion, making it less energetically favorable to place an electron in one of the dz2

or dx2−y2 orbitals as shown in (Fig. 78). This process is known as crystal field splitting

(CFE). The study focused on the CFE for the 3d2,3 electron of Ti or V, describing the

interaction between the f-electron and surrounding ligands using the effective potential

(VCFE) in the atomic Hamiltonian.

H =
Z∑

i=1

p2
i

2m
︸ ︷︷ ︸

H0

+
Z∑

i<j

e2

|ri − rj|
−

Z∑

i=1

Ze2

ri
︸ ︷︷ ︸

V1

+
Z∑

i=1

g(ri)li · si
︸ ︷︷ ︸

V2

+e
∑

i

VCFE(ri) (6.22)

where V1 represents self-consistent potential corrections and V2 represents spin-orbit

coupling. The potential at the point r of the charge qj situated at the point Rj is described

by VCFE. It is more convenient to write it using the unit point charge potential’s spherical



harmonics (Jarlborg & Arbman, 1977) as,

VCFE(r) =
N∑

j=1

qj

|Rj − r| =
∞∑

l=0

qjr
l

Rl+1
j

l∑

m=−l

4π

2l + 1
Y?

lm(θrφr)Ylm(θRj
φRj

). (6.23)

It is also feasible to rewrite (6.22) using tesseral harmonics, which are defined in terms

of spherical harmonics:Zl0 = Y0
l , Zc

lm = (Y−m
l + Ym

l )/
√

2, Zs
lm = i(Y−m

l + Ym
l )/
√

2,

and also by incorporating a coefficient γlα associated to the charge distribution, ρ(r) =
∑

qjδ(Rj − r)

VCFE(r, θ, φ) =
∞∑

l=0

rl
∑

α

(
4π

2l + 1

∫
ρ(r)

rl+1
Zlα(θ, φ)d3r

)

︸ ︷︷ ︸
γlα

Zlα(θ, φ). (6.24)

Rare-earth ions have a small crystal-field splitting due to the small perturbation (6.23)

compared to spin-orbit coupling (SOC). This results in insignificant intermixing of

different J values, allowing for neglecting off-diagonal elements in the Hamiltonian and

determination of matrix elements of potential functions representations. This method,

described to use Stevens operator equivalents to write the CFE Hamiltonian are obtained

by replacing x, y, and z by different combinations of Jx, Jy, Jz (Vaugier et al., 2012).
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A B S T R A C T

We have investigated the structural, chemical, and mechanical stabilities, electronic structures, and optical
characteristics of (LaxSr1-xVO3)n ( where, n =1,2; x = 0, 0.5, 1) systems using the ab-initio calculations. The
negative values obtained from formation and cohesive energy calculations, modulus of elasticities, Poisson’s
and Pugh’s ratios, anisotropy factor, and Cauchy pressure indicate that these materials have excellent structural
and mechanical stability, which can be synthesized experimentally. Furthermore, the Mott-Hubbard metal-
insulator transition (MIT) is investigated using the maximum entropy model (MEM) from the data obtained
from dynamical mean field theory (DMFT). From the calculation, MIT are observed for pristine LaVO3 and
SrVO3 at U = 4.5 eV with 𝛽 = 8.0 (eV)−1 and U = 2.5 eV with 𝛽 = 6.0 (eV)−1, and the MIT parameters for
LaSrV2O6 system are observed at U = 4.0 eV with 𝛽 = 10.0 (eV)−1 respectively. The photo-induced behaviors
of these materials have also been investigated using the dielectric function, index of refraction, Eloss function,
absorptivity, and optical conductivity in the IR-to-UV regions, including the visible spectrum.

1. Introduction

The transition metal oxides (TMOs) and their superstructures are
of great interest, as since their versatile applications in the fields of
Mottronics [1,2], resistive memory devices [3], artificial neuron for
neuromorphic computing [4], high T𝐶 superconductors [5], photo-
voltaic application [6], shielding effects [7,8]. The properties of pristine
TMOs can be tuned in the desirable applications through filling control
and band control methods at the interfaces [9–11]. To explore the
tuning properties of material with high T𝐶 on or above the ambi-
ent temperature, one must have the thorough understanding of their
structural and electronic related properties [12,13].

Ohtomo and Hwang (2004) reported a high-mobility of electron
gas at the interfaces of SrTiO3 and LaAlO3 [14] even though both of
them are band insulators [15]. The conductivity around the interfaces
also depends upon the terminations used in the heterostructures. Quan-
tum oscillations were also reported for this kind of interfaces [16]
which is another signature of high-mobility quantum transport. A
sharp insulator-to-metal transition was reported for LaAlO3/SrTiO3
films grown by pulsed laser deposition with subsequent annealing at the
room temperature [14]. The structural phase transitions of ABO3 type
perovskites depend upon the Goldschmidt tolerance factor [16,17]. In
the present calculations, we have used a prototype cubic phase of the

∗ Corresponding author.
E-mail address: gopi.kaphle@cdp.tu.edu.np (G.C. Kaphle).

perovskites and their superstructures. Actually the phase transitions
in perovskites and their superstructures depends upon the various
parameters, viz. electric field [18], stress or strain [19], cation substi-
tution [20], isotope substitution [21], defects and defect centers [22],
terraces (layers) [15] and so on. Here, we focus our attention towards
cations substitutions.

Moreover, to get the real information about the mechanical stability
and chemical bondings of the materials, elastic parameters have to
be calculated. The study of elastic behaviors of the transition metal
oxides (TMOs) is the another faucet of investigation along with their
electronic, thermodynamic properties [23,24].

For the strongly correlated system, the dynamical mean field theory
is highly successful approximation, which is the solution of the quan-
tum impurity problems. In the quantum impurity model an atom or
molecule is embedded in the electronic bath, which is created by a set
of orbitals interacting with spin exchange and hybridization [25]. To
solve the quantum impurity model, we need to evaluate the Green’s
function of imaginary time (𝜏), G(𝜏) = −

⟨
𝑇𝜏𝜓(𝜏)𝜓†(0)

⟩
, where T𝜏

is the time ordering operator and 𝜓†(0) is the creation operator at
initial moment [26]. There are various techniques used for solving
the quantum impurity model including the continuous time quantum
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Monte Carlo (CT-QMC) method [1,27–29]. Here we have used the CT-
QMC with hybridization expansion technique to obtain the Green’s
function of imaginary time or frequency [2].

Kowalski et al. (2019) employed the CT-QMC hybridization method
for studying the splitting of conduction band consisting of d-orbitals
with the local Coulomb interactions, which explains the Mott insulating
behavior [30,31]. Experimentally, the Hubbard bands splitting was ob-
served by the angle resolved photoemission spectroscopy (ARPES) [32].
The real frequency spectral function have been calculated from the
Green’s function data obtained by CT-QMC using Maximum Entropy
Model (MEM) algorithm for analytic continuation [33,34].

The Mossanek et al. (2010) investigated the Mott-Hubbard band
splittings in LaVO3 by substituting the divalent Ca2+ ions at the place
of trivalent La3+ ions [35]. The Mott-Hubbard phase transition phe-
nomenon in VO2 thin film has been employed for a memristor, vol-
ume resistive switching, machine learning devices [36] for designing
actuators [37].

The metal–insulator transition (MIT) phenomenon has been studied
for both fundamental physics and potential applications in Mottronics
and resistive random access memory (RRAM) devices, artificial neu-
rons [3,4]. The Mott-insulators in which the insulating phase actually
comes from the strong Coulombian interaction between d or f electronic
states, which are controlled by chemical doping, pressure, applying
external fields. The novel electronic phase transition of strongly corre-
lated system, leading to the various phases like superconductivity, MIT,
resistive switching (RS) and dielectric breakdown has been attracting
attention for designing smart low power electronic devices with ultra-
fast switching action [38,39]. Tunable Electron-Electron Interactions
is reported [40] for perovskite heterostructures. The electron–electron
interaction is attractive for a lower chemical potential, characterized
by Hubbard, U > 0 (with 𝑑𝑥𝑦 populated), and the pairing is local
Bose–Einstein condensate (BEC) like interaction. When the chemical
potential is raised by using the external influences, the interaction
becomes repulsive characterized by U < 0 (with 𝑑𝑦𝑧∕𝑑𝑥𝑧 populated) and
the pairing is non-local Bardeen-Cooper-Schrieffer (BCS) like interac-
tion. A tunable electron–electron interaction is a useful tools, which
could potentially be used for quantum devices and its simulation [41].

The complex oxide heterostructures can be used for storing qubits
or performing gate operations for a quantum computing devices [42].
Topologically-protected qubits (e.g., Majorana fermions) are possible
systems with flying qubits along quantum channels, or it is possible to
construct hybrid systems storage qubits (e.g., N-V centers), which are
coupled by quantum wires for creating a superconducting qubit.

Here, we unravel the structural, mechanical, electronic, and optical
properties of newly designed superstructure, (LaxSr1−xVO3)𝑛 (where, n =
1, 2; 𝑥 = 0, 0.5, 1) systems using the conventional DFT and CT-QMC tech-
nique with hybridization expansion, and analytic continuation through
Maximum Entropy model. The possible applications of these materials
for Mottronics, photovoltaics, memristors and artificial neural networks
for neuromorphic computations. The optical behaviors of these mate-
rials have also been studied to get the comprehensive information for
the optoelectronic applications.

2. Theoretical backgrounds and computational details

2.1. Theoretical basis

The structural, chemical and mechanical stabilities, electronic struc-
ture and optical properties of strongly correlated electronic systems
(LaVO3 and SrVO3, and their superstructures) have been investigated
using Kohn–Sham equation through the full potential linearized aug-
mented plane wave (FP-LAPW) method with local orbitals approach
[43–45].
[−1
2m

∇2 + veff (r, ne(r))
]
𝜓𝑖(𝑟) = 𝜀𝑖𝜓𝑖(𝑟) (1)

Where,

veff (r) = Vion(r) + ∫ d3(r)Vee(r)ne(r) + Vxc(r) (2)

and 𝑉xc(r) = 𝛿𝐸xc(𝑛𝑒(𝑟))
𝛿𝑛𝑒(𝑟)

is the exchange correlation interaction with
the probability density ne(r) =

∑𝑁
𝑖=1 𝜓𝑖(𝑟)

2. Once the self-consistent
calculation converged with the known 𝑛𝑒(𝑟) ∼ 𝑛0(𝑟) the GGA calculates
the exchange correlation energy as,

EGGA−PBE
xc [ne(r)] = ∫ d3rFxc(ne(r),∇ne(r)) (3)

and the ground state properties will be analyzed by the help of den-
sity of states per unit energy range and the electronic bandstructure
calculations such that, D𝑛(𝜀) =

2
8𝜋2 ∫ 𝛿[EF − 𝜀𝑛(𝑘)]𝑑𝜀.

2.1.1. Structural and chemical stability
The structural stability of the system in the ground state is estimated

through the energy minimization process. And the chemical stability
of the compounds are predicted by estimating the cohesive energy
and formation energy [46,47], that is the measure of the strength of
forces which binds the atoms together in the materials. E𝑐𝑜ℎ𝑒𝑠𝑖𝑣𝑒 for a
compound X𝑘Y𝑚Z𝑛 (XYZ), one can calculate it as,

EXYZ
cohesive =

EXYZ
total −

(
kEX

atom + mEY
atom + nEZ

atom
)

k + m + n
(4)

where E𝑋𝑎𝑡𝑜𝑚, E𝑌𝑎𝑡𝑜𝑚 and E𝑍𝑎𝑡𝑜𝑚 are the energies of the isolated atoms with
k, m, and n are the stoichiometric weights.

And, the formation energy, E𝑓𝑜𝑟𝑚𝑎𝑡𝑖𝑜𝑛 of the XYZ compound is,

EXYZ
formation =

EXYZ
total −

(
kEX

solid + nEY
solid + nEZ

solid
)

k + m + n
(5)

where E𝑋𝑠𝑜𝑙𝑖𝑑 , E𝑌𝑠𝑜𝑙𝑖𝑑 and E𝑍𝑠𝑜𝑙𝑖𝑑 are the calculated energies of the bulk
form per formula unit with k, m and n are the stoichiometric weights.

2.1.2. Mechanical stability
The mechanical stability includes the calculation of elastic con-

stants, modulus of elasticities, Poisson’s and Pugh’s ratios, Cauchy
pressure, anisotropy factor and Debye temperature of the systems us-
ing calculated elastic constant parameters through Birch–Murnaghan
equation of state [48,49] (6) as given by,

E (𝑉 ) = 𝐸0 +
9𝐵0𝑉0
16

[(
𝑉0∕𝑉

)2∕3 − 1
]3
𝐵′
0

+
9𝐵0𝑉0
16

{[(
𝑉0∕𝑉

)2∕3 − 1
]2 [

6 − 4
(
𝑉0∕𝑉

)2∕3]} (6)

where 𝐸0 is the energy of equilibrium, 𝑉0 is the zero pressure volume of
unit-cell. When a crystal is deformed with a given strain 𝜂𝑖 stress tends
to bring it back to the equilibrium configuration, which is described by
the generalized Hooke’s law [50,51] as,

𝜎𝑖 =
∑
𝑖𝑗

Cij𝜂𝑗 (7)

where Cij is the elastic constant tensor.
From this relationship, we compute the total energy for finite and

small strains of a system as,

𝐸(𝜂) = 𝐸0 + 𝑉0
∑
𝑖
𝜎0𝑖 𝜂𝑖 +

𝑉0
2!

∑
𝑖𝑗
𝜂𝑖Cij𝜂𝑗 +⋯ . (8)

Where, E0 and V0 are clearly the energy and volume of the equilibrium
structure respectively. By choosing the various form of the strain 𝜂 and
using the polynomial fitting of the energy with a quadratic function,
we can calculate the elastic constants.

For a cubic system the nonzero components of the elastic constants
tensor are independent on the Laue class and are C12 = C13 = C23,
C11 = C22 = C33, and C44 = C55 = C66[52,53].

Similarly, for computing the non-zero components of the elastic
constants of a tetragonal system, we have to solve the equations for



Solid State Communications 368 (2023) 115173

3

R.K. Rai et al.

energy with the corresponding strain, to obtain the elastic constants,
C11,C33,C12,C13,C44 and C66. Out of these elastic constants Cij, the
reduced three independent elastic constants for the cubic symmetry are
C11,C12 and C44. The mechanical stability conditions for a cubic crystal
are, [54]

C11 + 2C12 > 0,C11 − C12 > 0,C44 > 0,C12 < 𝐵 < C11 (9)

Similarly, the mechanical stability criteria for tetragonal system are,

⎧⎪⎨⎪⎩

C11 > 0,C33 > 0,C44 > 0,C66 > 0,
C11 − C12 > 0,C11 + C33 − 2C13 > 0,
2(C11 + C12) + C12 + 4C13 > 0

(10)

For a cubic system, Zener anisotropy factor, A has important infor-
mation about structural stability is calculated as,

𝐴 =
2C44

C11 − C12
(11)

The anisotropy factor is one for a full isotropic material. The stiffness
and flexibility are estimated via Cauchy pressure, CP = C12 − C44,
which is associated with the nature of chemical bondings. The value of
Young’s modulus (Y), bulk modulus (B) and shear modulus (G) within
elastic zone are obtained as,

⎧⎪⎨⎪⎩

Y = 9BG∕(3B + G),
B = 1

3

(
C11 + 2C12

)
,

G = (GV + GR)∕2,
(12)

Where, GV = 1
5

(
C11 − C12 + 3C15

)
, is the shear modulus in Voigt

notation and
GR = [5

(
C11 − C12

)
C44]∕[3(C11 − C12) + 4C44], is the shear modulus

in Reuss notation. The higher value of Y indicates the stiffer and more
covalent type of materials [49]. The Poisson’s ratio,

𝜈 = 3
2
3B − 2G
3B + G

(13)

indicates the ductility of the materials. Its value for the covalent, ionic
and soft compound are approximately equal to 0.1, 0.25, and 0.33
respectively [55]. Similarly, the Bulk modulus (B𝐻 ), Shear modulus
(G𝐻 ), Young’s modulus (Y𝐻 ) and Poisson’s ratio (𝜈) for the tetragonal
system are estimated by using the Voigt–Reuss–Hill (VRH) average
schemes as follows,

⎧⎪⎪⎨⎪⎪⎩

BH = (𝐵𝑉 + 𝐵𝑅)∕2,
GH = (G𝑉 + G𝑅)∕2,
YH = 9B𝐻G𝐻∕(3B𝐻 + G𝐻 ),
𝜈 = (3B𝐻 − Y𝐻 )∕6B𝐻 .

(14)

Furthermore, the Debye temperature (Θ𝐷) is computed using

Θ𝐷 = ℏ
𝑘𝐵

(
6𝜋2
𝑉𝑐𝑒𝑙𝑙

)1∕3
⟨𝑣⟩ (15)

With,

⎧
⎪⎪⎨⎪⎪⎩

⟨v⟩ =
[
1
3

(
2𝑣−3𝑙 + 𝑣−3𝑡

)]−1∕3
,

v𝑙 =
[
3𝐵+4𝐺

3𝜌

]1∕2
,

v𝑡 =
(
𝐺
𝜌

)1∕2
,

(16)

Where, 𝑣𝑙, 𝑣𝑡, ⟨𝑣⟩, ℏ, 𝑘B, 𝑁A, 𝑉𝑐𝑒𝑙𝑙 and 𝜌 represent the isotropic longitu-
dinal sound velocity, transverse sound velocity, average sound wave
velocity, reduced Planck’s constant, Boltzmann constant, Avogadro’s
number, volume of unitcell and density of the materials [56].

The numerical accuracy of elastic-constant calculations for the ma-
terial of a system employing the numerical differentiation required for
stress and strain measurement are to be addressed properly. In fact,
we are dealing with a function (energy or stress) that can only be
computed for a limited range of strain values. The calculated DFT data

Fig. 1. (Color online) The Schematic representation of probable electronic fluctuations
in DMFT with single-site impurity model [25].

are acquired to a certain degree of precision. To keep all of these factors
under control and estimate the numerical errors in energy and stresses,
we used leave-one-out cross-validation (LOO-CV) method which is one
of the exhaustive cross validation approach. In this approach each
training data set is created by taking all samples except one,called the
testing data set (the sample left out). Now we select the best model
dataset from the polynomial fitting of multiple training dataset samples
with the help of testing data set. In the case of elastic calculations, we
choose the best model having lowest cross validation error obtained
from,

𝛿(𝑛)CV =

√√√√ 1
𝑁

𝑁∑
𝑖=1

[
Ei − 𝑝(𝑛)(𝜂𝑖)

]2 (17)

where, p(𝑛)(𝜂𝑖) is the value of the polynomial function of order n to N-1
at 𝜂𝑖, excluding the value of pair (𝜂𝑖,Ei) such that E(𝜂𝑖) =

∑6
𝑖=1 Ai𝜂i.

Here, we used the polynomial fitting upto the sixth order (n = 6)
for cross validation of data obtained from DFT calculation. It is the
generalization of error estimation that is used to verify the performance
of the estimator for either over-fitting or under fitting of the realistic
information regarding the elastic parameters of the given materials.

2.1.3. Optical properties through DFT
The analysis of optical properties is performed by the calculation of

dielectric tensor (𝜖ij(𝜔)), optical conductivity(𝜎(𝜔)), electron loss tensor
(ELOSS)(Lii(𝜔)), reflectivity(R(𝜔)), absorptivity(𝛼(𝜔)), and the effective
numbers of oscillators (sum rules)(Zeff (𝜔)) [38,39] using the following
expressions:

⎧⎪⎪⎪⎪⎪⎪⎪⎪⎨⎪⎪⎪⎪⎪⎪⎪⎪⎩

𝜖ij(𝜔) = 𝑟𝑒𝑎𝑙[𝜖ij(𝜔)] + 𝐼𝑚𝑔.[𝜖ij(𝜔)],

Lii(𝜔) = −𝐼𝑚𝑔.
{

1
𝜖𝑖𝑖(𝜔)

}
,

real[𝜎𝑖𝑗 (𝜔)] =
𝜔
4𝜋 𝐼𝑚𝑔.[𝜖ij(𝜔)].

Rii(𝜔) =
(𝑛𝑖𝑖−1)2+𝑘2𝑖𝑖
(𝑛𝑖𝑖+1)2+𝑘2𝑖𝑖

𝛼ij(𝜔) =
2𝜔𝑘𝑖𝑗 (𝜔)

𝑐

Zeff =
∑
𝑓 𝑓𝑓𝑖 =

2𝜇
ℏ2

∑
𝑓
(
E0
f − E0

i
) |xii|2

(18)

Where, E0
f , E

0
i , and |𝑥ii|2 are the energy of final state, initial state, and

the square modulus of transition matrix, respectively.

2.1.4. Dynamical mean field theory and maximum entropy model
The strongly correlated systems are studied through the DMFT cal-

culation for investigating Mott-Hubbard transition using the modified
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Fig. 2. (Color online) (a) The Baye’s theorem for the conditional probability (b) The logistic regression curve for finding the optimal value of 𝛼 [34].

form of a single site Hubbard Hamiltonian (Ĥ =
∑
𝑖𝑗 𝜎

[
𝑡𝑖𝑗 𝑐

†
𝑖𝜎𝑐𝑗𝜎 + 𝑐.𝑐.

]
+

𝑈
∑
𝑖 𝑛𝑖,↑𝑛𝑖,↓), called Anderson impurity model Hamiltonian as given by,

ĤAIM =
∑
𝜎=↑,↓

𝜖0(𝑘) 𝑐†𝜎𝑐𝜎 + Un𝑐↑𝑛𝑐↓ +
∑
𝑘,𝜎

[𝑉𝑘,𝜎 (𝑘)𝑑
†
𝑘,𝜎𝑐𝜎 + ℎ.𝑐.]

+
∑
𝑘,𝜎

𝜖𝑘,𝜎 (𝑘)𝑑
†
𝑘,𝜎𝑑𝑘,𝜎 (19)

where tij is tight-binding hopping amplitude between the lattice sites i
and j, with 𝑐†𝑖𝜎

(
𝑐𝑗𝜎

)
is the creation (annihilation) operators, ni = 𝑐†𝑖𝜎𝑐𝑗𝜎

represents the occupation number on a local site,i and 𝑑†𝑘,𝜎 represents
the localized interacting electrons with electronic bath as shown in
Fig. 1 via Vk,𝜎 (𝑘), which is the amplitude of hybridization [57].

Though, there are various impurity solvers to solve the Anderson
impurity model Hamiltonian (19) such as NRG, ED, IPT, NCA, CT-
QMC [58–60], we have employed the CT-QMC with hybridization
expansion method [25,60]. This technique solves the Dyson equa-
tion [1,61] for the interacting Green’s function of frequency G(𝜔) and
self energy, 𝛴(𝜔) as,

−10 (𝜔) = Σ(𝜔) + G−1
ii (𝜔). (20)

In this study, we use the analytic continuation to obtain the spec-
tral function, A(𝜔) = − 1

𝜋 𝐼𝑚
[
𝐺𝑅(𝜔)

]
, from the Green’s function data

using the Maximum Entropy model [33,34]. It is the real frequency
data for investigating the band splitting [1,62] phenomena, which is
comparable to the ARPES experimental results [32,60].

In fact, the data from the DMFT calculation (G(𝜏), G(𝜔)) and self-
energy (𝛴(𝜔)) are incomplete, noisy or oversampled, which may lead
to an unphysical results. To avoid this discrepancy, we have employed
OmegaMaxEnt algorithm, which is essentially, works on the idea of the
Maximum Entropy model (MEM) for finding the most probable spec-
trum [33,38]. The MEM is based on the Bayesian statistical theorem as
given by,

P(A|G) = P(G|A)P(A)
P(G)

. (21)

Where, P(A|G), P(G|A), and P(A) are the posterior, likelihood and prior
probability for A, respectively. For the present case, P(G) is a constant
that can be ignored since the data are fixed. The most probable A,
given the data G is true, is thus obtained by maximizing P(G|A)P(A).
The required posterior probability is approximated with the other
probabilities as in Fig. 2(a), which is computed as,

P(A|G) ∝ 𝑒𝛼𝑆−
𝜒2
2 . (22)

Where, 𝛼 is hyperparameter, S = − ∫ 𝑑𝜔
2𝜋 A(𝜔) ln

A(𝜔)
D(𝜔) (differential en-

tropy), and 𝜒2 =
∑
𝑖
(𝐺𝑖−𝐺̄𝑖)2

𝜎2𝑖
(goodness of fit) respectively [33,34].

The maximum likelihood (P(G|A)) of the required information
is computed by choosing the optimal value of 𝛼 lies in the lower

portion of information fitting region of the logistic regression curve
(Fig. 2(b)) [63–66].

Finally, the frequency-dependent optical conductivity computed as,

𝜎(𝜔) = 2𝜋 𝑒
2

ℏ𝑎 ∫
∞

−∞
𝑑𝜔′ 𝑛𝐹 (𝜔′) − 𝑛𝐹 (𝜔′ + 𝜔)

𝜔

× ∫
∞

−∞
dk 𝜌(k) (v(k))2 A(k, 𝜔′)A(k, 𝜔′ + 𝜔) (23)

with 𝑛𝐹 (𝜔) as the Fermi distribution, v(k) =
√
W2 − k2∕

√
3 is the

velocity [25,59,67,68], and 𝜌(𝑘) = 2
√
W2−k2
𝜋W2 is the semi-circular density

of states (DOS) for the Bethe lattice with the semi-bandwidth W = 2t
(where, t is the hopping integral).

2.2. Computational details and experimental information

We have used the generalized gradient approximation (GGA) with
the exchange energy correlation functional implemented by Perdew,
Burke and Ernzerhof [69,70]. In the part of the density functional
theory, we used the full-potential linearized augmented plane wave
(FP-LAPW) code with local orbital approximation for this investigation.

For the case of pristine LaVO3 and SrVO3, we perform fully ionic
optimization. In case of superstructures, (LaxSr1−xVO3)𝑛 (n =1, 2; x =
0, 0.5, 1), we perform standard energy minimization technique through
self-consistent calculation criteria without affecting the position of ions
by varying the lattice parameters. Actually, the superstructure is recon-
structed by promoting the optimized cubic phase of SrVO3 within the
frameworks of 1×1×2 dimension, and La -ions are substituted on Sr-sites
for studying the various properties of the superstructures, LaxSr1−xVO3
(Fig. 3(a), 3(b)). For the ground state calculation of systems, we have
used the k-mesh grid (Monkhorst–Pack) of 11×11×5 (without the shift
of k-mesh mode) using the linearized augmented plane wave (LAPW)
basis set with local orbitals defined by the cutoff R𝑀𝑇K𝑀𝐴𝑋 =7.0,
G𝑀𝐴𝑋 = 12.0. Inside the atomic spheres, the potential and charge
densities are expanded in crystal harmonics up to L = 16. The self-
consistent calculation of the entire system are carried out with the
convergence criteria of 10−5 eV for energy and 10−3 e for charge,
and 0.01 eV/Å for the force convergence [71–73]. Furthermore, the
structural, chemical, and mechanical stability of the pristine and their
superstructures of the TMOs are examined through the calculation of
cohesive and formation energies, and their elastic parameters.

The single crystal elastic constants, C𝑖𝑗 are used for calculating
various criteria of mechanical stability, such as various elastic moduli
under different types of stresses. The anisotropy factor gives the uneven
responses of stresses with respect to the directions of applied forces
and the Cauchy pressure calculation is used for determining nature of
chemical bonding [23].

For solving DMFT equation, we have employed the CT-QMC with
hybridization technique for the impurity solver, through which, we



Solid State Communications 368 (2023) 115173

5

R.K. Rai et al.

Fig. 3. (Color online) (a) The volume optimization curve of unitcell SrVO3, and (b) LaSrV2O6 systems with their respective crystal structures (crystal structures are in insets).

Fig. 4. (Color online) The Cohesive and Formation energies of the pristine (LaVO3 and SrVO3) and the superlattice LaSrV2O6.

have computed the Green’s functions, G(𝜏) or G(𝜔) and self-energy
𝛴(𝜔), of the system under investigation. Further the data from the
DMFT is used for obtaining the spectral function or spectral density,
A(𝜔) using the Maximum entropy model to evaluate the electronic
phase transition of the materials.
Taking the base of experimental samples reported by Inaba et al. [74],
and K. Maiti et al. [75], we were motivated to study the MIT behavior
of (La𝑥Sr1𝑥VO3)𝑛 (n =1, 2; x = 0, 0.5, 1) theoretically through DFT and
DMFT self-consistent calculations.

3. Results and discussion

3.1. Structural, chemical, and mechanical stabilities

The structural stability of the compounds are obtained through
energy minimization process. The calculation show that the volume
optimized lattice parameters of the most stable structure of ideal cubic
SrVO3 (Fig. 3(a)) is 3.86 Å and LaVO3 is 3.94 Å (not shown here)
respectively, which are consistent with experimental results [35,76–
79]. Similarly, the optimized superstructures LaSrV2O6(a = b = 3.96 Å
and c = 7.92 Å) is found to have similar values with same space-
group p4/mmm (123) (Fig. 3(b)). The negative values of cohesive and
formation energies depicted in Fig. 4 reveals the chemical stability of
the systems and could be realized through experimental synthesis.

The calculated formation energies −2.97 eV/atom, −3.18 eV/atom
and −3.60 eV/atom for SrVO3, LaVO3 and LaSrV2O6 systems, respec-
tively, are all negative implying that the systems are energetically
favorable for synthesis and stable structures in terms of thermodynami-
cal and its chemical stabilities. The cohesive energies are computed as
−6.96 eV/atom, −7.56 eV/atom and −7.79 eV/atom for SrVO3, LaVO3

and LaSrV2O6 systems, respectively. The greater the negative values
of the cohesive and formation energies, the higher the structural and
chemical stability of the systems.

The Mechanical stability parameters(elastic constants, modulus of
elasticities, Poisson’s and Pugh’s ratios, Cauchy pressure, Anisotropy
factor, Debye temperature) of optimized structures [23,54] for both
the pristine and superstructures are listed in Table 1, which are con-
sistent with the available information [23,39,48,56,80]. Furthermore,
the values obtained from Eqs. (9)–(13) are satisfied the mechanical
stability criteria of the systems. The positive values of Cauchy pressure
(C12 - C44) for LaVO3, and LaSrV2O6 show the metallic nature with
ductile property, whereas, the negative value for SrVO3 shows covalent
bonding [55].

The elastic moduli and other elastic parameters calculation reveal
that the superstructure is weaker specimen than pristine systems in
terms of elastic behavior [80,81]. The Debye temperature (Θ𝐷) of the
systems are also calculated by using the elastic waves information,
which is related with the cutoff frequency (Debye frequency, 𝜔𝐷) of
harmonic chains of masses, describing the motion of ions in a crystal.

We employed polynomial fitting of energy vs. strain calculation
to obtain the elastic tensor and its related physical information of
the materials. Its accuracy and validity in estimating uncertainties are
further evaluated using cross-validation error (CVE) method, which is
a statistical technique for selecting the best model for the data set
with the best hyperparameter (adjustable parameter) for the estimator
(algorithm). In this method, the subset of the dataset is used for train-
ing, and the model’s performance is evaluated using a complementary
subset of the dataset that was not used for training. It ensures that
the model is appropriately capturing trend from data without taking
into account noise from the data. In general, the CVE approach enables
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Table 1
The mechanical stability and elastic information of the pristine LaVO3, SrVO3 and its superlattice LaSrV2O6
system.

S.N. Physical parameters LaVO3 SrVO3 LaSrV2O6

1. Elastic Constant (GPa)

C11 576.2 519.9 256.5
C12 200.9 141.0 90.5
C13 – – 106.6
C33 – – 235.6
C44 124.0 155.3 68.6
C66 – – 70.6

2. Poisson’s Ratio 𝜈 0.30 0.24 0.30
3. Young’s Modulus Y 335.99 267.27 150.68
4. Shear Modulus G 149.48 168.97 70.72
5. Bulk Modulus B 388.97 418.69 184.55
6. Cauchy Pressure (GPa) C.P. = C12 -C44 76.9 −14.3 21.9
7. Pugh’s Ratio, P.R. = 𝐵𝑣

𝐺𝑣
2.25 1.58 2.13

8. Volume in Equilibrium (Å3) V0 50.65 58.09 123.47
9. Anisotropy Av 2.48 0.47 0.34
10. Debye Temperature (K) 𝛩𝐷 465.85 395.76 232.58

Fig. 5. (Color online) (a) The elastic constants obtained through polynomial fitting of superlattice LaSrV2O6 (b) The CVE corresponding to the calculation of elastic constants of
superlattice LaSrV2O6.

Fig. 6. (Color online) (a) The PDOS for both spin-channels of La- and V- d orbitals only (b) The PDOS of various V -d orbitals (e𝑔 and t2𝑔) orbitals around the Fermi level for
both spin channels of LaSrV2O6 system.

optimization of the fitting operation on a sample of statistical data.
In this investigation, the leave-one-out (LOO) cross-validation error
approach was used to determine the optimum model, as shown in
Fig. 5(a). Higher order fitting produces good results for elastic constants
with a considerable number of strain points. From Fig. 5(b), it is
predicted that the best models are deformation-5 or 6(Geometry-5 or
6) out of 6 distorted samples of the LaSrV2O6 system.

3.2. Density of states, bandstructures and fermi surfaces of the system

The DOS and bandstructure plots reveal that superstructure is
correlated metal. The asymmetric nature of total PDOS (Fig. 6(a))
contributed by La-, V- atoms signify that the superlattice is ferri-
magnetic materials(2.43 𝜇𝐵). From the calculations, it is found that

ferri-magnetism comes from the contribution of e𝑔(d𝑧2 , d𝑥2𝑦2 ) and
t2𝑔(d𝑥𝑦,d𝑦𝑧, d𝑥𝑧) orbitals of Vanadium transition metals, whereas Lan-
thanum acts as a paramagnet [82] in LaSrV2O6. The combined DOS
and bandstructures is depicted in Fig. 7(b) which indicate that the
superlattice system is metallic in nature. This metallic nature remains
unaltered even after the application of effective Hubbard-Coulomb
interaction Fig. 8(a) indicating that DFT could not resolve the issue
of the correlated electronic structures (see Fig. S1 for more DOS
redistribution). Hence, we employed DMFT for further investigation
regarding the metal–insulator transition and tuning properties of such
materials.

The Fermi level, the highest energy level occupied by the electron
at absolute zero temperature of a system. A set of points in mo-
mentum space(Fermi-surface) at zero Kelvin(K), describes the gapless
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Fig. 7. (Color online) The bandstructure along with total DOS spin-up channel(green)
and total DOS spin-down channel (indigo) of LaSrV2O6 system..

electronic excitations, and depicts the nature of dynamics of electrons,
which is the central concept of metallic phase [83–85]. The Fermi
surface plot along with the charge density distribution of the system
actually provides the insightful information of the electronic struc-
tures of the systems. The 2D and 3D charge density plot of LaSrV2O6
(Fig. 8(b)) show the localization of charge density around the ionic
cores and covalent chemical bondings between the neighboring atoms.
The Fermi surface plots for 35–55 band levels around the Fermi level
demonstrated that the system is basically metallic in nature (Fig. 8(c)).

3.3. The results of DMFT+MaxEnt model

The DFT and DMFT along with the MEM have been used for the
realistic calculation of electronic structure of the pristine TMOs and its
superstructures [58]. From the DMFT, we perform a set of calculations
to find out the MIT model parameters. The calculations(Fig. 9(a))
show that the insulating phase started from U = 4.0 eV with 𝛽 =
6.0 (eV)−1. Here, the clear insulating phase is observed at U = 6.0
eV, which is clearly seen in Fig. 9(b). Similarly,by taking base of U
= 4.0 eV, the metallic phase weakens at 𝛽 = 6.0 (eV)−1 however, a
distinct insulating phase is seen with 𝛽 = 10.0 (eV)−1 (Fig. 10(a)).
Same kind of features at 𝛽 = 10.0 (eV)−1 is observed in imaginary
part of self-energy vs. Matsubara frequency plot, while plotting for
various values of 𝛽 with a constant U = 4.0 eV(Fig. 10(b)). We have
also computed the MIT model parameters(U and 𝛽) for pristine LaVO3
and SrVO3, which are consistent with previously calculated results(
Table 2 [28,29,32,34,59,71]). The spectral density plots (Fig. 11(a))
are demonstrated for diminishing quasi-particle peak (metallic phase)
to the Mott-Hubbard insulating phase for various U values, follows the
consistent result(Mott insulating at U = 4.0 eV and 𝛽 = 10.0 (eV)−1)).

To check the validity and accuracy of the calculations, we
perform logistic regression analysis through MaxEnt model for quasi-
particle(follow Fig. S2), bad metal, and Mott-insulating phase
(Fig. 11(b)). The logistic regression curve (inset upper left corner)
shows the goodness of fit of the data with optimal 𝛼, which is taken
from the maximum value of curvature of the logistic regression curve
(inset upper right corner) [33]. The optimal value of 𝛼 is also spec-
ulated using the sample frequencies vs. log10(𝛼) graph (Fig. 12(a)).
Furthermore, the error in the prediction of Mott gap(band splitting)
is estimated through the normalized deviation (ND) of real and Imag-
inary parts of Green’s function (𝛥𝐺) vs. Matsubara frequency, and the
autocorrelation (AC) of the real and Imaginary parts of (𝛥𝐺) vs. the
difference in index of refraction for the optimal value of 𝛼 as shown
in Fig. 12(b),(c) representing real data within the exceptable error bar
with the experiments [33,34](For other error estimations follow Fig.
S3)

Table 2
The DMFT results of electronic structures of the pristine SrVO3, LaVO3 (see Fig. S4)
and its superlattice.

S.N. Physical parameters SrVO3 LaVO3 LaSrV2O6
(per unitcell) (per unitcell) (per supercell)

1. MIT U Parameters (eV) 2.5 4.5 4.0
2. MIT 𝛽 Parameters (eV)−1 6.0 8.0 10.0
3. Mott Gap (eV) 0.89 0.93 0.74

3.4. Optical Properties of (La1−𝑥Sr𝑥VO3)𝑛

Here, we observed the real and Imaginary parts (inset) of dielec-
tric function and optical conductivity for pristine SrVO3(SVO-pristine),
LaVO3(LVO-pristine) and LaSrV2O6, superstructures (Fig. 13(a)) indi-
cating that the variation of dispersiveness decrease with the energy of
photon and becomes negative at around ∼ 7.5 eV of UV region for all
of the systems [8,11]. The imaginary parts of dielectric function, which
is associated with optical conductivity, Eloss function and other optical
parameters significantly suppressed at near visible range. The photo-
induced optical conductivity is estimated by plotting the real part of
the optical conductivity 𝜎(𝜔) vs. photon energy. The peak values of the
real part of optical conductivity for pristine SVO, LVO and LaSrV2O6
superlattices are found to be 4605.26 (Ω cm)−1, 6736.84 (Ω cm)−1 and
5447.37 (Ω cm)−1 respectively, that lies at around (7–10)eV of photon
energy of UV regions (Fig. 13(b)).

The real part of complex refractive indices are found to be similar
variation showing higher values in the IR region with secondary peaks
at around 3.0 eV photon energy(Fig. 14(a)). The absorptivity 𝛼(𝜔)
characterizes the part of energy of photon absorbed by the materials
during EM interaction (Fig. 14(b)). Photon absorption is at the origin
of the interband optical transition, which will not take place unless the
photon energy is equivalent to the energy of the optical gap.

The electron energy loss spectroscopy(EELS) function or Eloss func-
tion, 𝐿(𝜔) is a useful optical parameter for investigating various aspects
of the electromagnetic interaction with the materials. The highest peak
values of the loss function for all of the superlattices are nearly 0.60
in arb.units(Fig. 15(a)). The energy losses are mainly due to a simple
electronic excitation and a collective excitation (plasmon excitation) in
the materials, which measures the probability of diffusion of volume
losses of energy in the solid. The highest peaks around ∼13 eV photon
energy corresponds to the plasma resonance associated with the plasma
frequency, 𝜔𝑝 [7].

In Fig. 15(b) shows the f-sum rules of transition, which measures
the total optical weight, contributing to the effective number of oscil-
lators or electrons during the absorption or emission of electromagnetic
radiation. The sum rules is consistent with the optical conductivity to
arbitrary frequencies.

The optical properties of these superstructures are computed through
CT-QMC+MEM algorithm as well. In all cases, the optical conductivity
are calculated from the spectral function with the optimal value of 𝛼
using MaxEnt model [33]. We show the real part of optical conductivity
of Anderson model at half-filling for different combinations of U and 𝛽
parameters for (La1−𝑥Sr𝑥VO3)𝑛 systems. It is found that the metallic
Drude peak at zero frequency(𝜔 ∼ 0) is broadened or suppressed
by raising these parameters (Fig. 16(a)) [80,86]. The Drude peaks of
various parameters for different combinations of MIT parameters (U
and 𝛽) supports the Mott-Hubbard band splittings consistent with the
previous calculations. In Fig. 16(b), the curves with various values of
U for a constant 𝛽 = 10.0 (eV)−1 demonstrate that the Drude peaks
at around 𝜔 ∼ 0 vanished for higher U indicating the transitions
from metallic phase to insulating due to localization of carriers of the
systems.
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Fig. 8. (Color online) (a) The asymmetric TDOS distributions with various values of U (b) The 2D charge contour map in (110) plane (right) and 3D charge density plot (left),
and (c) Fermi surface plot for 35–55 band levels(inset bottom right) showing the Fermi level (E𝐹 ).

Fig. 9. (Color online) (a) The Green’s function vs. imaginary time for various U with a constant 𝛽 = 6.0 (eV)−1 and the corresponding variation of Green’s function vs. frequency(inset)
(b) The variation of spectral function vs. frequency with different values of U for a constant 𝛽 = 6.0 (eV)−1 on LaSrV2O6 system.

Fig. 10. (Color online) (a) The spectral density variation with (𝛽) for a constant U = 4.0 eV (b) The imaginary part self-energy vs. Matsubara frequency (𝜔𝜈 ) for various values
of (𝛽) with a constant U = 4.0 eV of LaSrV2O6 system.

Fig. 11. (Color online) (a) The variation of spectral function A(𝜔) vs. frequency (𝜔) for various values of U with a constant 𝛽= 10.0 (eV)−1 (b) The band splitting of LaSrV2O6 for
U = 4.0 eV and 𝛽= 10.0 (eV)−1 with the logistic regression (LR) curve with the optimal value of 𝛼 in the (inset left), which is obtained from the maximal value of the curvature
of the LR curve (inset right).
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Fig. 12. (Color online) (a) The spectral density distribution of various sample frequencies with variation of 𝛼, (b) The normalized deviation of real and Imaginary part of 𝛥𝐺 vs.
the frequency (𝜔𝜈 ) with optimal value of (𝛼) and, (c) The autocorrelation of real and Imaginary part of 𝛥𝐺 for optimal value of 𝛼, for LaSrV2O6 system with U = 4.0 eV and 𝛽=
10.0 (eV)−1.

Fig. 13. (Color online) (a) The real part and imaginary part (inset) of dielectric function vs. the photon energy (b) The real part of optical conductivity vs. photon energy for
(La1−𝑥Sr𝑥VO3)𝑛 (n = 2; x = 0, 0.5, 1) system.

Fig. 14. (Color online) (a) The comparative plot of refractive indices vs. photon energy(eV) (b) The absorptivity vs. photon energy (eV) for (La1−𝑥Sr𝑥VO3)𝑛(n = 2; x = 0, 0.5, 1)
system.

Fig. 15. (Color online) (a) The comparative plot of energy Eloss function vs. photon energy(eV) (b) The optical weight N𝑒𝑓𝑓 (𝜔) vs. photon energy (eV) for (La1−𝑥Sr𝑥VO3)𝑛 (n =
2; x = 0, 0.5, 1) system.
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Fig. 16. (Color online) (a) The comparative plot of the variation of optical conductivity 𝜎(𝜔) vs. frequency (𝜔) with a constant U = 4.0 eV (variable 𝛽) (b) The variation of optical
conductivity 𝜎(𝜔) vs. frequency (𝜔) with a constant 𝛽 = 10.0 (eV)−1 (variable U), for (La1−𝑥Sr𝑥VO3)𝑛 (n = 2; x = 0.5) system.

4. Conclusions

The formation energies of LaVO3, SrVO3, and LaSrV2O6 systems
are estimated as, −3.18 eV, −2.97 eV and −3.60 eV respectively, and
the respective cohesive energies are estimated as, −6.96 eV, −7.56
eV and −7.79 eV, indicating that these systems are structurally and
chemically stable. The elastic calculations reveal that these systems
are also mechanically stable. The lattice parameters for LaVO3, SrVO3,
and LaSrV2O6 are (3.94 Å), (3.86 Å), and (a = b = 3.96 Å and c =
7.92 Å) respectively, which are fairly agree with available experimental
data within the acceptable error bar. From the calculation, MIT model
parameters for pristine LaVO3 and SrVO3 are at U = 4.5 eV with
𝛽 = 8.0 (eV)−1 and U = 2.5 eV with 𝛽 = 6.0 (eV)−1, respectively,
whereas, a typical set of MIT parameters for LaSrV2O6 system are U
= 4.0 eV with 𝛽 = 10.0 (eV)−1. As expected, the modulus of elasticities,
Poisson’s and Pugh’s ratios, Cauchy pressure, Anisotropy factor show
excellent mechanical stability of these materials. Dielectric function,
refractive indexes, Eloss function, reflectivity, absorptivity, and optical
conductivity calculations within the range of IR-region through UV
region reveal that these materials are good candidate for photo induced
applications as well. The redistributed Drude peaks for various values
of U and 𝛽 parameters, show the metal–insulator phase transition of
the materials which could be useful for designing Mottronics devices,
artificial neurons for neuromorphic computing, machine learning and
the other resistive memory devices.
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A B S T R A C T

To unravel the structural and chemical stability, electronic, transport, and optical properties of pristine and site
substituted lanthanum vanadate, LaVO3, we employed the density functional theory (DFT) and the dynamical
mean field theory (DMFT). The generalized gradient approximation (GGA) and the DMFT with continuous
time quantum Monte Carlo (CT-QMC) approach is used for the impurity solver. The variation of the spectral
density are studied with different values of the onsite Coulomb interaction (U) and exchange interaction (J),
as well as the thermodynamic parameter (𝛽), to investigate the metal insulator transition (MIT) for these
materials, which are useful for designing Mottronics, neuromorphic computing devices. The predicted values
of U and 𝛽 for the Mott–Hubbard MIT in La0.40Ca0.60VO3 are consistent with current experimental data. The
studied sample’s a characteristic sharp quasi-particle peak is found to be at U = 5 eV and 𝛽 = 6 (eV)−1. The
Mott quantum critical point (QCP) is also computed for an elevated temperatures and it is found at U = 2.95
eV and 𝛽 = 23.58 (eV)−1. With U = 5.0 eV, 𝛽 = 10.0 (eV)−1, the clear Mott gaps for La0.40Ca0.60VO3 and
La0.60Ca0.40VO3 are estimated as 0.74 eV and 1.64 eV, respectively. The electrical and thermal conductivities
are calculated at room temperature using the BoltzTraP code, and they are found to be 2.11 (Ω m s)−1 and 1.51
W∕(m K s), respectively, for a given chemical potential 𝜇 = −0.14 eV of the system. The figure of merit (ZT)
is estimated to be 1.78 at 𝜇 = −1.44 eV. Larger values of the Seebeck coefficient (S), ZT, and thermoelectric
power factor (TPF) indicate that La0.40Ca0.60VO3 system is a good candidate of thermoelectric material. The
calculated frequency dependent optical conductivity (Drude weight) on the dependency of U and 𝛽 for the
metal insulator transition supports the other calculations.

1. Introduction

A wide variety of novel smart materials, such as transition metal
oxides (TMOs), are being sought in different fields of scientific study
and innovation [1]. The behaviors of TMOs resulting from compli-
cated interactions between their different degrees of freedom, including
charge, spin, valley, and lattice interaction, which may be tuned via
filling control and band control methods. These interactions are tailored
at the interfaces of various oxides by the effects of local symmetry
breaking, charge transfer, electrostatic coupling, strain, and frustration,
resulting the novel emergent states [2].

The TMOs are formed as a simple cubic perovskite ABO3 (Pm-
3m) type structure, where the A (alkaline earth or rare earth) and B
(transition metal) cations are arranged on a simple cubic lattice, and the
O anions lie on the face centers nearest to the cations Fig. 1(a) [3]. The
pristine LaVO3(CaVO3) is considered to be a cubic phase perovskites for

∗ Corresponding author at: Central Department of Physics, Tribhuvan University, Kirtipur, Kathmandu, Nepal.
E-mail addresses: rairajk@gmail.com, raj.rai@pmc.edu.np (R.K. Rai), ram.ray@ac.tu.edu.np (R.B. Ray), om.niraula@cdp.tu.edu.np (O.P. Niraula).

a prototype sample, with V-atom sitting at the body center, La (Ca)-
atom sitting at the origin of the unit cell, and O-atoms sitting at the
face center positions [4]. For substituting Ca-atoms on the La-atomic
sites, the unit cell of the LaVO3 Fig. 1(a) was promoted to a supercell
of 1 × 1 × 3 dimension in the 𝑧-direction Fig. 1(b).

The LaVO3 thin film shows second-order multiple magnetic phase
transitions from paramagnetic (PM) to ferromagnetic (FM) to antifer-
romagnetic (AFM), as well as a first-order structural phase transition
with C-type spin and G-type orbital orderings [5]. Coulomb, hop-
ping, thermodynamic, and spin–orbit coupling factors were used to
investigate the mechanism of transport properties on site substituted
LaVO3. After doping with a particular electron or hole rich materials
or reconstructing the cell interface, the electrical and optical behaviors
of LaVO3 demonstrated its use on solar cells and as a transparent
conducting material [6].

https://doi.org/10.1016/j.mtcomm.2023.105510
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Fig. 1. (Color online) The crystal structures of (a) pristine ideal cubic phase LaVO3, and (b) tetragonal primitive superstructure, La0.40Ca0.60VO3.

It was also experimentally verified that the epitaxial films of LaVO3
and LaTiO3 on SrTiO3 substrate, which acts as a Mott insulator in
bulk state [7], observed metallicity due to the strain-induced elec-
tronic structure modifications and electronic reconstruction at the in-
terface [8].

The sufficient concentration of Ni doping on V site of Mott-Hubbard
insulator LaVO3 shift the hybridized band of Ni 3d-O 2p towards higher
energy, leading to the disappearance of the Mott–Hubbard gap [9].
The metallic characteristic found on doping of different concentrations
of Ca on superstructure CaxLa1−xVO3 was evaluated through dynam-
ical mean field theory (DMFT) [10]. Theoretically, it was observed
that La1−xSrxTiO3 [11] system are strongly correlated metals, which
violates the Landau’s Fermi liquid hypothesis at paramagnetic (PM)
states [12]. Similarly, in the superstructure, LaAlO3∕SrTiO3, the La -4f
orbital contribution is estimated to be near the Fermi level. However,
in the real material, the La-4f bands were expected to be of higher
energy, and, as a consequence, did not strongly screen the interactions
between the electrons in the V t2𝑔 bands [13]. The hybridization
between the La -4f and Ti t2𝑔 orbitals also slightly stabilizes the energy
of the t2𝑔 orbitals. These layer dependent potential localizes carriers
at the interface. As a matter of fact, it is experimentally observed
that there was a transition into 2D superconducting state, namely the
Berezinskii-Kosterlitz-Thouless (BKT) transition at the interface of the
LaAlO3∕SrTiO3[14].

There are four different mechanisms of structural and electronic
symmetry breaking that can exercise their ability to lower the total
energy, which may lead to the specific mechanism of MIT in oxide
perovskites [15].

A tunable electronic and optical properties have also shown in Sr
doped LaFeO3 on La site of La1−xSrxFeO3 and Mn doped LaFeO3 on Fe
site LaMn1−xFexO3 thin film [16]. For A-site doped of SrTiO3 with the
rare-earth elements such as Pr, Dy and La were found to have enhanced
figure of merit, ZT with the reduced thermal conductivity [17]. The
effects of doping, compositing, and nanostructuring were discussed for
the enhanced ZT factor of TE TMOs at cryogenic, ambient and ele-
vated temperatures. TMOs with high Seebeck coefficients and tunable
electrical properties applicable for temperature, gas and bio sensors
with high sensitivities in which very small heat generations or alter-
ation of electrical and thermal properties used in many lab-on-a-chip
applications [18].

The DFT analysis of the interband contribution to the optical re-
sponse function shows that LaGaO3 of cubic phase was reported to
be good absorber of ultraviolet with reasonable reflectivity used in
photonic, optical, and optoelectronic devices in the high frequency
range for transparent coating, shielding and lens applications [19]. The
insulating, metallic and superconducting behaviors are analyzed with
the help of Drude weight (D𝑤) and superconducting weight (D𝑠) [20].
The frequency dependence of the optical conductivity 𝜎(𝜔) (Drude
weight) and the optical spectral weight (f-sumrule) are also consistent
with the result of metal–insulator transition as predicted by DMFT and
further complemented by the maximum entropy model [21].

There are various types of insulating phases depending upon the
periodic potential of ions (Bloch-Wilson type), static lattice deformation
(Peierls type), impurities or imperfections (Anderson type), and on site
interactions (Mott type) [22]. Specifically, the Mott insulator is caused
by the strong correlation effects of heavy fermions. In this material,
near the transition point, the metallic state shows fluctuations and
orderings in the spin, charge, and orbital degrees of freedom as well as
the lattice interaction. The Metal–insulator transition was accompanied
by a large resistivity change [23], which was indeed induced in most
of the pristine and superlattices of transition metal oxides, such as Ca-
doped LaVO3, by the external field, carrier concentration, and lattice
distortion [24]. The Mott–Hubbard metal–insulator transition behavior
have been shown in a series of 3d3 perovskites SrVO3 -CaVO3 -LaVO3
- YVO3 with electron–electron correlations. This MIT is mainly due
to bandwidth control, Filling control and dimensionality control [25].
The tuning of MIT can also be achieved via controlling the bandwidth
and local site environment through thickness selection, which actually
controls the V 3d -O 2p hybridization (overlappings) [26].

The calculation showed that the charge transfer transitions domi-
nated by crystal field splitting and exchange interactions within V 3d
band of these perovskites through Core-level and valence-band optical
spectra [27].

The local density approximation (LDA) with dynamical mean-field
theory (DMFT) and exact quantum Monte Carlo simulations (QMC) was
employed to investigate the Mott-Hubbard MIT for low concentration
of Cr on (VxCr1−x)2O3 compounds [28].

In most of the cases electronic structure of strongly correlated
system was studied through DMFT at which MIT was analyzed by em-
ploying the continuous time quantum Monte Carlo (CT-QMC) technique
as well as the Maximum entropy model. The spectral function obtained
through theoretical approach as described above is consistent with the
angle resolved photoemission spectroscopy (ARPES) [29]. These study
reveal that theoretical calculation of U and 𝛽 clearly explain the MIT
behaviors which was closely agreed with the experimental observations
for the TMOs [30].

We chose a particular compound La0.40Ca0.60VO3 over the other
superstructures because of its high figure of merit and thermoelectric
power factor, which has more or less constant electrical conductivity
with temperature (K). Such characteristics are good indicators of ther-
moelectric candidates. Additionally, this compound has better optical
conductivity in the visible range than the other superstructures. As a
result, these features motivated us to delve more into this specific com-
pound. The present study intends to investigate the stability, electronic,
optical, and transport properties, as well as the influence on MIT, of
compounds La1−xCaxVO3(x = 0, 0.20, 0.40, 0.60, 0.80) due to the site-
substitution of Ca2+ ions on superstructure systems using DFT+DMFT
and analytic continuation (Maximum Entropy model). The paper also
includes potential uses for these materials in Mottronics, photovoltaics,
, neuromorphic devices, and thermoelectric devices. The superstructure
with 60% Ca2+ ions doped specimen with its unique variation of
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optical and thermoelectric behaviors is then investigated further to get
the comprehensive information for the electronic, thermoelectric, and
optoelectronic behaviors and applications.

2. Theoretical background, computational details and experimen-
tal information

2.1. Theoretical background

The density functional theory based on the full potential linearized
augmented plane-wave (FP-LAPW) with the generalized gradient ap-
proximation (GGA) is used for studying electronic structure, thermo-
electric and optical properties of the materials. The exchange correla-
tion functional proposed by Perdew, Burke and Ernzerhof (PBE) used
for the calculation is expressed as,

EGGA−PBE
xc [ne(r)] = ∫ d3rFxc(ne(r),∇ne(r)) (1)

where, ∇𝑛𝑒(𝑟) is the inhomogeneous gradient of density of carriers. The
density of states (DOS) is calculated through,

Dn(𝜀) =
2

8𝜋2 ∫ 𝛿[EF − 𝜀n(k)]d𝜀 (2)

with the allowed wavevector in the 𝑛th band energy range, 𝜀 ≤ 𝜀n(k) ≤
𝜀+d𝜀 is just the volume of a k-space primitive cell. The thermoelectric
parameters, such as Seebeck coefficient (S𝛼𝛽), figure of merit (ZT) and
thermoelectric power factor (TPF) respectively, are calculated as,

⎧
⎪⎪⎪⎨⎪⎪⎪⎩

S𝛼𝛽 (T, 𝜇) =
8𝜋2k2B
3eh2

m∗T
(
𝜋
3n

)2∕3
,

ZT =
S2𝛼𝛽𝜎𝛼𝛽 (T,𝜇)T

𝜅𝛼𝛽
=

S2𝛼𝛽𝜎𝛼𝛽 (T,𝜇)T

(𝜅e+𝜅L)
,

TPF = 𝜎𝛼𝛽 (T, 𝜇)S2𝛼𝛽 .

(3)

Where, e, kB, h,m∗, 𝜎𝛼𝛽 (T, 𝜇), 𝜅𝛼𝛽 (T, 𝜇), S𝛼𝛽 (T, 𝜇) are electronic charge,
Boltzmann constant, Planck constant, and carrier effective mass, elec-
trical conductivity tensor, thermal conductivity tensor, and Seebeck
coefficient respectively.

For the optical properties, the dielectric function, electron loss
function (ELOSS), optical conductivity and so on are computed, as the
followings,

⎧⎪⎨⎪⎩

𝜖ij(𝜔) = Re.[𝜖ij(𝜔)] + Img.[𝜖ij(𝜔)],
Lii(𝜔) = −Img.

{
1

𝜖ii(𝜔)

}
,

Re.[𝜎ij(𝜔)] =
𝜔
4𝜋 Img.[𝜖ij(𝜔)].

(4)

Moreover, the effective number of carriers Neff (𝜔c) participating in
the optical transitions is calculated by f-sumrule equation as,

∫
𝜔c

0
𝜎(𝜔′)𝜔′d𝜔′ = Neff (𝜔c) (5)

Where, 𝜔c is the cut-off energy frequency.
Similarly, the optical conductivity of the system and its MIT behav-

iors is computed through DMFT [31] using CT-QMC [32] along with
Maximum entropy model. The optical conductivity, in terms of the
Kubo formalism [33] is expressed as,

𝜎(𝜔) = 2𝜋e2
ℏ ∫ d𝜔′[f (𝜔′)− f(𝜔+𝜔′)]∕𝜔×∫ d𝜖𝛷(𝜖)Ak (𝜔′)Ak(𝜔′ +𝜔) (6)

Where f (𝜔), Ak (𝜔′) and 𝛷(𝜖) are Fermi function, spectral function and
transport function respectively [34]. Furthermore, MIT behavior of
strongly correlated system is analyzed through Hubbard Model with
CT-QMC hybridization technique as the impurity solver [35]. Dur-
ing this process the interacting Green function and self energy have
been calculated self-consistently using the Fourier transformed Dyson
equation of impurity model as,

−10 (𝜔) = 𝐺−1(𝜔) + 𝛴(𝜔) (7)

Where, 0 and 𝐺(𝜔) are the non-interacting and interacting Green’s
function of Anderson’s impurity model respectively. A step-wise self-
consistent DMFT calculation is carried out for obtaining Green’s func-
tion data [36]. Using the Monte Carlo sampling of partition func-
tions [37] for multiple imaginary time steps, 𝜏𝜎1↑ > ⋯ . > 𝜏𝜎𝑛↑ and
summing over all the permutation of {𝜏𝜎𝑖 } various imaginary time steps,
we will have to compute the weight. The impurity Green’s function
could also be regarded as the logarithmic derivative of Z with respect
to the hybridization, 𝛥(𝜏) as given by,

G𝜎 (𝜏) = − 1
𝛽

𝛿logZ
𝛿𝛥𝜎 (−𝜏)

[
∵G(𝜏) = −

𝛿logZ
𝛿𝛥(𝜏)

]
(8)

Where

Z = ∫ [𝜓][𝜓∗]eeff (9)

is the partition function with 𝑒𝑓𝑓 as the effective action.
Each configuration gives for a discrete data set of imaginary times,

which is accounted as the Green’s function data,

G𝜎 (𝜏) ∼ − 1
Z𝛽

MC∑
C

∑
k,l
𝛿(𝜏𝜎k − 𝜏 ′𝜎l + 𝜏) ×

[
𝛥−1𝜎C

]
k,l × sign (𝜔(C)) (10)

This calculation involves with a high frequency noise in Matsubara
frequencies which can be reduced by truncating the Legendre coeffi-
cients 𝐺𝑙 which are zero within their error bars. The single-particle
imaginary time Green’s function G(𝜏) defined on the interval [0, 𝛽][38]
are computed with the Legendre polynomials Pl(x), defined over an
interval [−1, 1](11).

G(𝜏) =
∑
l≥0

√
2𝑙 + 1
𝛽

Pl[x(𝜏)]Gl (11)

Where, Gl is the Legendre coefficients that decays very quickly, which
may be defined as,

Gl =
√
2l + 1∫

𝛽

0
d𝜏G(𝜏)Pl[x(𝜏)] (12)

Where, x(𝜏) = 2𝜏
𝛽 − 1, maps out the interval [0, 𝛽] to [−1,1].

The Green’s function of frequency, G(𝜔) (or the corresponding
spectral function A(𝜔)) be extracted from imaginary-time data G(𝜏)
or the Fourier transformed Matsubara-frequency data G(i𝜔𝜈) using the
analytic continuation. As a matter of fact, the spectral function, which
can be computed with the imaginary part of Green function at a given
momentum is a Dirac delta function [1]as,

A(𝜔,𝐤) = − 1
𝜋
Im[G(k, 𝜔)] = 𝛿(𝜔 − 𝜀k ) (13)

The CT-QMC data so obtained from DMFT is further reconstructed
through Maximum entropy model based on the Bayesian statistical
theorem [39].

P [A(𝜔)|G(𝜔)] = P [G(𝜔)|A(𝜔)] P [A(𝜔)]
P [G(𝜔)]

(14)

Where, P [A(𝜔)|G(𝜔)] and P [G(𝜔)|A(𝜔)], are the posterior probability
and maximum likelihood of A(𝜔) for given data G(𝜔), and P [A(𝜔)] and
P [G(𝜔)] are the prior or marginal probabilities [40], such that

P [G(𝜔)|A(𝜔)] ∝ e−
𝜒2
2 (15)

and,

P [A(𝜔)|G(𝜔)] ∝ e𝛼S−
𝜒2
2 (16)

Where, 𝛼, S and 𝜒2 are the adjustable parameter, the differential
entropy and chi-square test respectively.

To obtain more realistic information of the bimodal data distri-
bution, we use logistic regression approach for optimal value of 𝛼,
which is obtained through sigmoid curve(graph between log10(𝜒2) vs.
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Fig. 2. (Color online) The optimization curve plotted between (a) Energy vs. lattice parameter of LaVO3 system, and (b)The lattice parameter optimization curve of superstructure
La0.40Ca0.60VO3 considered to be the interacting ionic layers.

log10(𝛼)). The optimal value of 𝛼 is obtained for the minimum value of
Q = 𝜒2 − 𝛼S (𝛥Q = 0) such that,

𝜒2 = (G − KA)T C−1 (G − KA) (17)

where, A is the vector obtained after discretizing 𝜔, KA is an approxi-
mation to Green’s function with kernel K and C is the covariance matrix
of Green’s function. The differential entropy [41] is defined as,

S = −∫ d𝜔
2𝜋

A(𝜔) ln A(𝜔)
D(𝜔)

(18)

is the relative entropy (Kullback–Leibler divergence)
The Mott-Hubbard transition provides the transport properties of

the system, which is obtained by plotting the various sets of U and
𝛽 in U 𝛽-plane. This plane contains four different distinct regimes:(a)
Metallic (Fermi-liquid) regime (b) Co-existence regime (c) Insulating
regime, and (d) Cross-over regime [42]. The MIT is obtained in the
neighborhood of quantum critical point (QCP), where all regimes co-
exist, at (UC,TC) in U𝛽 -plane. Actually, MIT is obtained at U𝐶1 along
the widomline while going from metallic to insulating phase, whereas
this widomline shifted to U𝐶2 while moving from insulating to metallic
phase. The regime between U𝐶1 and U𝐶2 , so called metal-insulating co-
existence regime. We observe that there are four distinct regions to be
realized during the quantum phase transitions [43].

The exact phase transition line, Uc(T) is calculated uniquely as,

Uc(T) = U∗ + ∫
T

T∗
dT′f (T′,Uc(T′)); T < T∗ (19)

Where, f(T, U) = 𝛥E(T,U)
𝛥D(T,U) with D ≡ ⟨n ↑ n ↓⟩ is the double occupancy, E

is the Helmholtz Energy [44].

2.2. Computational details and experimental information

The FP-LAPW method with local orbitals approach was used to
solve the Kohn–Sham equations within the local spin-density approx-
imation for computing the electronic, transport and optical properties
of the materials being studied [45]. The GGA, GGA+U, GGA+U+J,
and GGA+SOC schemes have been employed for the ground state
calculations. In particular, the GGA+DMFT is used for investigating the
MIT of the strongly correlated systems [46].

The energy and charge convergence criteria for self-consistent cal-
culation of the entire system are 10−5 eV and 10−3 e with force conver-
gence 0.05 eV/Å. The results are consistent with the available informa-
tion for (CaVO3, LaVO3) [47–49], and its superlattice La0.40Ca0.60VO3
system. The band controlled method of MIT is theoretically studied
using the CT-QMC as impurity solvers with hybridization expansion for
La1−xCaxVO3 systems [50]. The DFT+DMFT calculations are performed
for various sets of coulombian interaction, U and the thermodynamical
parameter, 𝛽 in order to identify the critical value of MIT for each of the

superstructures. The DMFT calculation have been employed using the
parameters, such as chemical potential (𝜇) = 0.0, number of Matsubara
frequency (𝜔𝜈) = 500, number of imaginary time bins = 500, number
of thermalization sweeps = 500, maximum number of sweeps in a
single iteration = 10 000, and the number of Monte Carlo steps between
measurements = 5000.

The BoltzTraP codes were employed with 1500 k-points mesh for
computing the thermal conductivity, electrical conductivity, Seebeck
coefficients and figure of merit (ZT), thermoelectric power factor (TPF)
using the optimized La1−xCaxVO3 superlattices [51,52]. The algorithm
is based on a smooth Fourier expression for periodic functions, which
implements the band and k -dependent quasi-particle energies along
with the intra-band optical transition matrix elements and scattering
rates as input [53]. The optical properties of the materials is analyzed
using DFT as well as DMFT at which MIT phase transition is predicted
on the basis of Drude peaks which depends on the spectral weight ratio
associated with mass enhancement factor as,

m∗∕m ≃ SWDrude+MIR∕SWDrude ≃ Kband∕Kexp (20)

It is also possible to assess the mass enhancement due to dynamical
correlations as the reduction of the kinetic energy of the quasiparti-
cles [54] due to correlations, Kexp∕Kband, which is indeed vanished in a
Mott insulating case. The overall kinetic energy does not vanish due to
correlation but the spectral weight of intraband transitions always adds
up to the conduction electrons kinetic energy and hence it is rather
transferred from the Drude peak into mid-infrared (MIR) or higher
energy features [55].

Experimentally, Ca doped La1−xCaxVO3 for 𝑥 = 0.2, 0.3, 0.4 and 0.5
were synthesized to study the temperature dependent resistivity and
susceptibility for the Mott and band insulators [56].

The spectra of CaVO3 and SrVO3 are also studied with bulk-sensitive
high-resolution PES and XAS (V1−xTix)2O3 for the experimental real-
ization of Mott transitions in V2O3 doped with Cr or Ti [47]. The
perovskite-type TMOs, LaTiO3 and CaVO3 are studied for the effect of
stoichiometric composition on MIT phase transition. The Mott-Hubbard
insulating gap for different values of U for vanadates and titanates
system were also studied from the various experimental works [25].
Thus, the more theoretical study is required to understand the impact
onto the electronic, optical and transport properties of such strongly
correlated materials in relation to the various applications in Mottronics
and neuromorphic computing devices, and thermoelectric and energy
devices.

3. Results and discussion

3.1. Geometric optimization and structural stability

The ideal crystal structures of pristine CaVO3 and LaVO3 are con-
sidered as a prototype cubic perovskite, SrFeO3 structure with the
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Fig. 3. (Color online) (a) The redistribution of total DOS with the site-substitution of Ca-atom in LaVO3 supercell in La1−xCaxVO3 system (b) The comparative DOS and band
structures of La0.40Ca0.60VO3.

Table 1
The optimized structural parameters of the pristine CaVO3, LaVO3 and its superlattice:
La0.40Ca0.60VO3. The cohesive energy and formation energy for these vanadate systems,
and their optimized volumes and densities.

Physical info. CaVO3 LaVO3 La0.40Ca0.60VO3 Other works

Lattice a =3.86 a =3.94 a=b=3.95 [47,58]
Parameters (Å) c =19.48 [48,49]

Space-group Pm-3 m (221) Pm-3 m (221) P4/mm (99)

Cohesive [61,62]
Energy (eV) −7.53 −7.56 −7.20

Formation
Energy (eV) −3.01 −3.18 −2.99

Opt. Volume
Energy (Å3) 57.51 61.20 303.94

Density
𝜌 (g/cm3) 6.30 7.29 9.67

space group pm-3m(221). The cubic unit cell with Wyckoff coordinate
of V at the origin (0.0, 0.0, 0.0)a, the La/Ca-atoms are sitting at
the body center (0.5, 0.5, 0.5)a and the three O-atoms at the three
face centers (0.5, 0.5, 0.0)a, (0.0, 0.5, 0.5)a, and (0.5, 0.0, 0.5)a;
the lattice constant is a = 3.86 Å [57]. The structural optimization
curve for LaVO3 is shown in Fig. 2(a) Furthermore, the ideal unitcell
of the LaVO3 is then promoted to a supercell of 1 × 1 × 3 dimension
for the investigation of electronic, transport and optical properties.
The geometrical structure of superlattice is found to be converged in
tetragonal primitive supercell with space group p4/mm (99). The con-
vergence structure parameters of La0.40Ca0.60VO3 superlattice sample
are tabulated in Table 1. The slight change in the pristine parameters
are found due to structural change while forming the superstructure,
which are comparable with the previously calculated data [58,59].
The lattice parameter optimization curve for the pristine LaVO3 and
superstructures, La0.40Ca0.60VO3 are shown in (Fig. 2(a),(b)).

The Monkhorst–Pack of 1000 k-points mesh grid is used for self-
consistent calculation of these tetragonal primitive superstructures
with p4/mm space group (99) comparable to the previously cal-
culated data [60] The doping induced insulator–metal transition in
La1−xCaxVO3 is studied using the ab-initio GGA+DMFT scheme. The
calculated equilibrium properties: cohesive energies, formation ener-
gies, volume per atom, bulk modulus and its pressure derivative can
be used to understand the thermodynamic stability as well as chemical
stability of the systems.

3.1.1. Cohesive energy:
Using a set of optimized lattice constants and with each ion relax-

ation, the ground state total energy calculation was performed, and

the cohesive energy per atom [61,62] E𝑐𝑜ℎ𝑒𝑠𝑖𝑣𝑒 for a compound A𝑥B𝑦C𝑧
(ABC), one can calculate it as,

Ecohesive =

(
xEA

atom + yEB
atom + zEC

atom
)
− EABC

total
x + y + z

(21)

where E𝐴𝑎𝑡𝑜𝑚, E𝐵𝑎𝑡𝑜𝑚 and E𝐶𝑎𝑡𝑜𝑚 are the energies of the isolated non-
spherical spin-polarized atoms with x, y, and z are the stoichiometric
weights.

3.1.2. Formation energy:
Beside the cohesive energy, another measure of relative stability

of the given system is the formation energy E𝑓𝑜𝑟𝑚𝑎𝑡𝑖𝑜𝑛. The formation
energy per atom of a compound A𝑥B𝑦C𝑧 (ABC) can be calculated as,

Eformation =
EABC
total −

(
xEA

bulk + yEB
bulk + zEC

bulk
)

x + y + z
(22)

where E𝐴𝑏𝑢𝑙𝑘, E𝐵𝑏𝑢𝑙𝑘, and E𝐶𝑏𝑢𝑙𝑘 are the calculated energies of the bulk form
the respective constituent elements of the unit cell with x, 𝑦 and z are
the stoichiometric weights.

The calculated values of the cohesive energies and formation ener-
gies are given in Table 1[63], reveal that the systems under investiga-
tion are stable and viable for experimental synthesis. The calculation of
the formation energies for the pristine and superstructure are obtained
as, −3.01 eV/atom, −3.18 eV/atom and −2.99 eV/atom for CaVO3,
LaVO3 and La0.40Ca0.60VO3 systems, respectively, which are all neg-
ative imply that the systems are energetically favorable for synthesis
and stable structure for thermodynamical and its chemical stabilities.
The cohesive energy is a measure of the strength of the forces that bind
atoms together in the solid state and is useful for studying the phase
stability. The computed cohesive energies are −7.53 eV/atom, 7.56
eV/atom and −7.20 eV/atom for CaVO3, LaVO3 and La0.40Ca0.60VO3
systems, respectively. The higher the negative values of cohesive and
formation energies signify the better structural and chemical stability
of the systems.

3.2. Electronic structure

3.2.1. Density of states and band structures
The density of states (DOS) and band structure graphs demon-

strate the contribution of V d-orbitals and La f-orbitals near the Fermi
level. The redistribution of DOS structures for the variation of site
substitution of Ca2+ ions in the La1−xCaxVO3 system Fig. 3(a). The
asymmetry of DOS distribution of spin up/down channels was clearly
observed in systems with 40% and 60% replacement of Ca2+ ions (both
are not shown here). The comparative DOS and band structures are
shown in Fig. 3(b). With the increasing U values, the peaks of the
DOS distribution shift towards the valence band. The partial density
of states (PDOS) of 2 La-atoms, 3 Ca-atoms, and 5 V-atoms for a unit
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Fig. 4. (Color online) The total PDOS contribution of (a) La-atoms (b) Ca-atoms (c) V-atoms in La0.40Ca0.60VO3 with U =3.11 eV and J =0.

Fig. 5. (Color online) (a) The band structure up (blue) and down (orange) spin channel of La0.40Ca0.60VO3 (b) The fat band structure of V d orbital La0.40Ca0.60VO3 with U and J
(c) The third atomic V-e𝑔 orbital (thick green) fatbands is pushed sizably towards the Fermi level with, U = 4.11 eV and J = 0.50 eV of La0.40Ca0.60VO3 system. (For interpretation
of the references to color in this figure legend, the reader is referred to the web version of this article.)

cell of La0.40Ca0.60VO3 are calculated using the GGA+U method. DOS
peaks are found at around 4.5 eV and 7.0 eV for La- and Ca-atomic
contributions, respectively (Fig. 4(a), (b)). However, in the case of the
3𝑟𝑑 V-atoms, the DOS peak is primarily pushed towards the valence
band, as seen in Fig. 4(c). The asymmetry of the DOS distribution
indicates that the presence of net magnetic moment (MM), which varies
with the amount of site substitution of Ca2+ ions in the LaVO3 supercell.
It is found that there is a ferrimagnetic phase transition occurs due to
these dopings. This demonstrates that the MM for the superstructures
is mostly contributed by separate La-5d orbitals. The hybridization of
the La -4f and V-t2𝑔 orbitals, as seen in fat band structures Fig. 5(b),
slightly stabilizes the energy of the t2𝑔 orbitals. The V-e𝑔 orbital is
significantly pushed towards the Fermi-level in Fig. 5(c), with U =
4.11 eV and J =0.50 eV indicating the quasi behavior of the materials.
There was no substantial change in the electronic structure with SOC
in the superstructure, La0.40Ca0.60VO3 system. The insertion of varied
values of U and J, on the other hand, clearly shows the redistribution of
DOS, including the shifting of the band structure of the La0.40Ca0.60VO3
system (Fig. 5(a),(b),(c)). These systems were found to be in metallic
phase (Fermi liquid phase) through standard DFT [13]. The lower
narrow conduction bands are derived from the 4f orbitals of La sites,
and the La-5d orbitals are hybridized with the La-4f orbitals at the
𝛤 -point (Fig. 6(a), (b)).

To be noted here, the crystal field splitting (CFS) and p-d hybridiza-
tions play crucial role for the electronic structure, magnetic properties
and other physical behaviors of transition metal oxides. The transition
metal ion in TMOs is surrounded by six oxygen atoms, providing an
octahedron environment that may split the degenerate bands into two

energy levels (three t2𝑔-states and two e𝑔-states). The orbital wavefunc-
tions in t2𝑔-states point between nearby O2− ions. The wavefunctions
in e𝑔-states point toward nearby O2− ions and exhibit greater orbital
overlap than t2𝑔 . These states are further divided by p-d hybridization
between V-d-orbitals and O-2p orbitals as in (Fig. 7(a), (b)). The t2𝑔-
orbitals form 𝜋-bonding, and the e𝑔-orbitals create 𝜎-bonding with O-2p
orbitals. As a result, O-2p states become non-degenerate as well. The
typical energy scale of crystal field splitting is of several electron volts
(eV), which is equivalent to Hund’s coupling energy (J𝐻 ). When filling
out the empty states, electrons prefer to align in the same spin direction
to generate a high spin state, according to Hund’s rule. This may not
be the case if the crystal field splitting is comparable enough to CFS.
Instead, the electrons will prefer to align in a low spin state, and
the material will have different electrical and magnetic properties and
other than in the high spin state. The electronic charge density map
shows the likelihood of electrons being present at a given time and
place [45]. The 2D charge density distribution map for La0.40Ca0.60VO3
in the (111) plane, as shown in Fig. 8(a), demonstrates that the electron
density distribution is primarily confined towards the nuclear centers,
as predicted for different ionic cores [64]. The Fermi-surface is the
constant energy surfaces at various lattice sites as defined by Fermi
momentum, k𝐹 constituted by multiple electron and hole orbits are
presented for the La0.40Ca0.60VO3 systems as shown in Fig. 8(b), which
is the Fermi surfaces generated with 50–175 band levels.

The Fermi surfaces are centered around the 𝛤 points with various
electrons and hole pockets. The Fermi surface of a metallic system is
located outside the first Brillouin zone. The shape of the Fermi surface
is susceptible for being altered by an external field.
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Fig. 6. (Color online) The total PDOS contribution of (a) La-5d orbitals (b) La-4f orbitals (c) V-t2𝑔 orbitals in La0.40Ca0.60VO3 system.

Fig. 7. (Color online) The PDOS contribution of (a) V-3d orbitals (b) O-2p orbitals (c) Ca-4s orbitals in La0.40Ca0.60VO3 system.

Fig. 8. (Color online) (a) The 2D charge density map of La0.40Ca0.60VO3 system (b) The Fermi level band crossing for 50–175 band levels and the Fermi-surface plots around 𝛤
point (inset bottom right) with a primitive Brillouin zone (inset top left) of La0.40Ca0.60VO3 system.

3.2.2. Electronic structure by GGA+DMFT
In the case of strongly correlated system, the DFT fails to address ac-

curate prediction of their electronic structures and hence the dynamical
mean field theory (DMFT) using CT-QMC hybridization technique has
been employed for the same purpose. It provides the Green’s function
data as a function of imaginary time and frequency [65,66]. These
data are used for obtaining the spectral function of real frequency
using Maximum entropy model. The variation of Green’s function of
imaginary time G(𝜏), vs. the imaginary time (𝜏) for various values of
𝛽 and the corresponding Fourier transform G(𝜔) as in Fig. 9(a), (b).
The metal–insulator transition of strongly correlated electronic system
are perfectly tunable by adjusting the Coulombian parameter (U) by

keeping the same thermodynamic parameter (𝛽). The Green’s function
data for the superstructures La1−xCaxVO3 system with various stoi-
chiometric combinations are shown in Fig. 9(c) and the corresponding
variation of spectral density, A(𝜔) with the frequency (𝜔) is shown in
Fig. 10(a), which is obtained by using the maximum entropy model
of data analysis algorithm. The plot of the spectral function A(𝜔) vs.
frequency (𝜔) is actually analogous to the density of states (DOS) vs.
energy of the conventional DFT. The Mott–Hubbard transition with a
typical set of U and 𝛽 parameters for the pristine and the superstructure
are tabulated in Table 2. It was found that the expected features of
a t2𝑔 quasi-particles peak at lower value of U around the Fermi level
and a lower Hubbard band at negative energies of the same t2𝑔 nature,
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Fig. 9. (Color online) (a) The Green’s function vs. imaginary time for the variation of 𝛽 with a constant U = 5eV (b) The corresponding variation of Green’s function vs. frequency
(𝜔) of La0.40Ca0.60VO3 system, and (c) The Green’s function vs. imaginary time (𝜏) with U = 3 eV and 𝛽 = 6 (eV)−1 for various level of Ca-ions dopings in La1−xCaxVO3 systems.

Fig. 10. (Color online) (a) The Spectral density vs. frequency (𝜔) with U = 3 eV and 𝛽 = 10 (eV)−1 of La1−xCaxVO3 supercell for various proportion of Ca-atoms, and (b) The
spectral function vs. frequency for U = 5.0 eV with a constant 𝛽 = 10.0 (eV)−1 for La1−xCaxVO3 system.

Table 2
The DMFT results (Mott gaps) of electronic structures of the pristine CaVO3, LaVO3
and its superlattice: La0.40Ca0.60VO3 system.

S.N. Physical CaVO3 LaVO3 La0.40Ca0.60VO3 Other
parameters works

1. MIT U Parameters (eV) 5.0 4.5 5.0 [47,68]
2. MIT 𝛽 Parameters (eV)−1 6.0 8.0 10.0
3. Mott Gap (eV) 0.04 0.93 0.74 [48,49]

which is in agreement with the angle-resolved photoemission spec-
tra(ARPES) [67]. The variation of spectral function with the frequency
for different proportion of substituted Ca-atoms in LaVO3 supercell for
U = 5eV with a constant value of 𝛽 = 10 (eV)−1 are observed to be
significantly different as in Fig. 10(b). It shows that the clear Mott gaps
for 40% and 60% Ca2+ ions doped specimens are found to be 1.64 eV
and 0.74 eV respectively.

The DMFT results with Mott gaps of pristine and its superstructure
are tabulated as in Table 2 and consistent with the available informa-
tion for (CaVO3, LaVO3) [47,68–70], and its superlattice La0.40Ca0.60VO3
system [48,49]

The validity and accuracy of the calculated data obtained for spec-
tral function (Fig. 11), such as its height and width of the central peak,
and the overall spectral weight is necessary to be implemented using
logistic regression (LR) curve as shown in Fig. 11 (inset upper left)
using the maximum entropy model. The optimized value of adjustable
parameter, 𝛼 has to be implemented to include the real information of
the material concerned. The optimal value of 𝛼 can be found by using
the maximal value of curvature of LR curve on plotting log10

(
𝜒2) vs.

log10(𝛼) as in Fig. 11 (inset upper right). There have been observed three
distinct regions, such as noise fitting region, information fitting region

and default model region in a LR curve. The location of the optimal
𝛼 can be determined by choosing the peak value of curvature (𝜅) vs.
𝛾log10(𝛼) curve as in Fig. 11 (inset upper right). The sample frequencies
vs. log10(𝛼) curves can also be used for predicting the optimal values
of 𝛼 as shown in Fig. 12(a). For the statistical inferences such as the
normalized deviation of real and imaginary parts of the uncertainty in
Green’s function of frequency 𝛥G and its auto correlation are estimated
within the permissible standard error bar as in Fig. 12(b) and Fig. 12(c)
respectively.

The localization or delocalization of electrons can be realized by
adjusting appropriate values of hopping parameter, t of a system. For
the metallic phase of the system requires delocalization limit, U∕t ≪ 1.
And for the insulating phase of the system requires a localization limit,
U∕t ≫ 1[24,35]. On plotting graph between U/t versus 𝛽∕t, the metal–
insulator phase transitions can easily be realized for the correlated
system(not shown here). The spectral function of the material particle
is changes abruptly for a very small change in the ratio of these model
parameters (U/t and 𝛽∕t)(Figures are not shown here).

3.2.3. Quantum Critical Point (QCP) for the correlated system
The Mott metal–insulator phase transition for the strongly corre-

lated system with the variation of Coulombian interaction (U) versus
the thermodynamic parameter (𝛽) is shown in Fig. 13. The figure shows
that QCP is located at UC = 23.65 eV and 𝛽C = 2.96 (eV)−1. It has
been observed two critical values of Coulombian parameters, UC1

(T) =
7.40 eV at which insulating behavior disappears and UC2

(T) = 12.30 eV
at which metallic behavior disappears.

The region in between these two widom lines and above the critical
point is called crossover region. Four different distinct regions have
been observed in U𝛽-plane due to correlation hysteresis. The param-
agnetic insulating regions on the right side of UC2

(T) widom line and
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Fig. 11. (Color online) (a) The spectral density with quasi-particle peak vs. frequency of La0.40Ca0.60VO3 system with U = 3.0 eV and 𝛽 = 6 (eV)−1. The corresponding logistic
regression curve (inset upper left) and the curvature of log10

(
𝜒2) vs. log10(𝛼) (inset upper right) to find the optimal values of 𝛼 for the real representation of data.

Fig. 12. (Color online) (a) The spectral function A(𝜔) of sample frequencies vs. log10(𝛼) for its optimal value (b) The normalized deviation (ND) of Real and Imaginary part of
Green’s function vs. 𝛼 with U =3.0 eV and 𝛽 = 6 (eV)−1 for La0.40Ca0.60VO3 system, and (c) The auto-correlation (AC) of Real and Imaginary part of Green’s function vs. Frequency
index difference(𝛥𝑛).

Fig. 13. (Color online) The Metal-Insulator phase transition is used for finding the
elevated temperature quantum critical point, C in the U-𝛽 plane. At low temperature
regime, there are two bifurcation points, UC1

and UC2
.

the Fermi liquid (metallic) regions on the left side of the UC1
(T) widom

line. The crossover region divides U𝛽-plane into bad metallic region
for which the material exhibit anomalously large resistivity and on the
other hand a bad insulating region for which the resistivity decreases
on increasing temperature. On increasing Coulombian interaction U,
a smooth transition from a metal towards an insulator is observed,
the change is most rapid within the crossover region. The metallic
phase is thermodynamically stable for U ≤ UC, but remains a well-
defined metastable solution of the DMFT equations for UC1

≤ U ≤ UC2
(co-existence region).

3.3. Transport properties of La1−xCaxVO3

We used the BoltzTraP algorithm to solve the linearized Boltzmann
transport equation (BTE) and compute the transport behaviors of sys-
tems with the DFT based frameworks using a 1500 k-point mesh for
Brillouin zone integration. Using optimized systems and appropriate
convergence criteria, we have computed Seebeck coefficients (S), Hall
coefficients(R𝐻 ), electrical conductivity (𝜎∕𝜏), thermal conductivity
(𝜅), thermoelectric figure of merit (ZT), thermoelectric power factor
(TPF) and so on.

The sharp variation of Seebeck coefficient (S) at around chemical
potential, 𝜇 ∼ −2 eV dynamically as shown in Fig. 14 (a), reflecting
the changing carrier concentration with the various amounts of Ca2+
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Fig. 14. (Color online) (a) The variation of Seebeck Coefficient (S) at room temperature with respect to the chemical potential 𝜇, (b) The variation of Seebeck coefficient with
temperature (T) for a constant chemical potential (𝜇), and (c) The variation of Hall coefficient (RH) vs. temperature (T) for a constant chemical potential (𝜇) for La1−xCaxVO3
superlattice system.

Fig. 15. (Color online) (a) The variation of electrical conductivity (𝜎∕𝜏) at room temperature with respect to the chemical potential 𝜇 at room temperature (b) The Figure of
merit (ZT) at room temperature with chemical potential (𝜇), and (c) The comparison of TPF vs. chemical potential (𝜇) for La1−xCaxVO3 superlattice system.

Fig. 16. (Color online) (a) The variation of electrical conductivity (𝜎∕𝜏) with respect to temperature, (b) The Figure of merit (ZT) with temperature, and (c) The comparison of
TPF vs. temperature at a constant chemical potential (𝜇 = 0.82 eV) for La1−xCaxVO3 superlattice system.

Fig. 17. (Color online) (a) The Figure of merit vs. the thermal conductivity (𝜅) for various samples at room temperature. (b) The corresponding variation of TPF vs. thermal
conductivity (𝜅), and (c) The Figure of merit vs. Seebeck coefficient (S) at room temperature.

ion substitution in the superlattice. The Seebeck coefficient is roughly
proportional to temperature in general, indicating that the materials

are metallic, but the fluctuation is unique for the 40% Ca-doped sys-
tem illustrated in Fig. 14 (b). The classical Hall coefficient (R𝐻 ) is
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Fig. 18. (Color online) (a) The real part of dielectric function vs. the photon energy (b) The comparison of Eloss function vs. photon energy, and (c) The comparison of absorbance
vs. photon energy for La1−xCaxVO3 system.

Table 3
The electrical conductivity 𝜎∕𝜏

(
1

Ωm s

)
, thermal conductivity 𝜅(W/m K s), Hall

coefficient R𝐻 (m3∕C), Seebeck coefficient S (V/K), magnetic susceptibility 𝜒 (m3∕mol),
specific heat capacity C (J/mol K), figure of merit(ZT), and thermoelectric power factor
(TPF) at room temperature.

Physical CaVO3 LaVO3 La0.40Ca0.60VO3 Other works
parameters

𝜎∕𝜏 4.55 × 1020 4.40 × 1020 2.00 × 1020 [71,72]
𝜅 2.75 × 1015 3.90 × 1015 1.50 × 1015
R𝐻 −2.07 × 10−10 −2.15 × 10−10 −1.73 × 10−10 [73,74]
S −1.66 × 10−6 −2.49 × 10−6 −11.47 × 10−6
𝜒 6.00 × 10−10 5.84 × 10−10 8.23 × 10−9
C 0.888 1.24 12.31
ZT 0.003 0.007 0.012
TPF 9.16 × 108 4.24 × 1010 1.02 × 1010

related to the material’s carrier density, n = 1
eRH

[71,72]. The Hall
coefficient in the metallic phase is less than in the non-metallic phase
and negative [75], indicating that the number of carriers increases
dramatically while material changes from the non-metallic phase to
the metallic phase [75]. As seen in Fig. 14(c), R𝐻 is temperature
independent according to the theory of weakly correlated systems.
At low temperatures, however, the reported Hall coefficient in the
compound is hole-like, with a substantial positive value of R𝐻 [73,74].
The different signs of the Hall coefficient and Seebeck coefficient, as
well as the temperature dependence of the latter, indicate two types
of carriers: n-type and p-type. The electrical conductivity (𝜎∕𝜏) and
thermal conductivity (𝜅) change with Ca-doping levels. The variation
of electrical conductivity with the change in chemical potential is
illustrated in Fig. 15(a), and a similar pattern is followed by thermal
conductivity (𝜅) (not shown here). The value of the figure of merit (ZT)
is 1.88 at about chemical potential 𝜇 = −1.5 eV, as shown in Fig. 15(b)
for the La0.40Ca0.60VO3, showing that this superlattice is a promising
candidate for a thermoelectric material [76].

The computed values of various thermoelectric calculations for the
pristine and the superstructure vanadate systems are tabulated as in
Table 3 at room temperature. Similarly, the Seebeck coefficient and
the thermoelectric power factor (TPF) (Fig. 15(c)) support the same
conclusion as the curve for ZT vs. chemical potential. Fig. 16(a), (b)
and (c) illustrate the variation of electrical conductivity, Figure of
merit (ZT), Seebeck coefficient (S), and thermoelectric power factor
(TPF) with absolute temperature scale with a constant 𝜇 = 0.82 eV for
La1−xCaxVO3 systems.

We have also examined the variation of ZT and TPF with thermal
conductivity (𝜅) as in (Fig. 17(a),(b)) and its variation with Seebeck
coefficient (S) as in (Fig. 17(c)). These superlattices exhibit a better
Seebeck coefficient (S), low thermal conductivity (𝜅), and a better
Figure of merit (ZT) and thermoelectric power factor(TPF), indicating
that the sample with 60% of Ca, is a good candidate for thermoelectric
applications [77].

3.4. Optical properties of La1−xCaxVO3

The optically induced behaviors of materials are studied by knowing
the optical response of the materials. The variation of real part of
dielectric function, energy loss, absorptivity with respect to photon
energy for various concentration of Ca2+ ions in the supercell are
plotted as in (Fig. 18(a),(b),(c)). From these graphs 60% Ca-doped
specimen shows the unique response and found to be active within
the IR and visible regions, indicating that this material is useful for
photo-induced applications.

The variation of real part of refractive index vs. photon energy for
various doping levels of superstructures is shown in Fig. 19(a). The
real part of optical conductivity vs. photon energy curves Fig. 19(b),
indicating that the optical conductivity, fairly larger for infrared and
visible electromagnetic radiation for 60% Ca2+ substituted system, but
other two superstructures show the maxima values at around 8–9 eV
(UV radiation) with a optical gap at the start. In Fig. 19(c) shows
the f-sum rules of transition, which measures the total optical weight,
contributing to the effective number of oscillators or electrons during
the absorption or emission of electromagnetic radiation. The sum rules
is consistent with the optical conductivity to arbitrary frequencies.
The optical conductivity from the result of CT-QMC data with MaxEnt
analytic continuation over a wide range of U and 𝛽 are computed. The
optical conductivity at half-filling, demonstrates insulating behavior
below roughly 𝛽 ≈ 15 (eV)−1 with U = 3eV Fig. 20(a). The Drude peak at
around zero frequency indicates the metallic phase and the appearance
of other peaks other than Drude peak indicate other transition [78] the
increase in conductivity is primarily associated with narrowing of the
𝜔 = 0 peak.

Indeed, the quasiparticle contribution to the conductivity is ac-
counted as the Drude peak in the spectrum at low frequency. Its width
accounts for the scattering rate of the charge carriers, whereas its total
weight accounts for their effective mass. The mass enhancement due to
dynamical correlations can be assessed by comparing the weight with
the value obtained in DFT. In fact, the correlations effect reduce the
Drude weight, and in a Mott insulator its value vanishes [79].

Without disorder our calculations reproduce conventional DMFT
results [20,34] where optical conductivity is characterized by the usual
Drude peak at low frequencies and wide maximum at about 𝜔 ∼
U, which corresponds to optical transitions to upper Hubbard band.
The peak of the Drude peak diminishes and disappears as the value
of U increases at Mott transition. Introduction of disorder leads to
qualitative change of the frequency dependence of optical conductivity.
The optical conductivity of Hubbard–Anderson model at half-filling for
different stoichiometric composition of La/Ca ratios are significantly
affected as in Fig. 20(b). The redistribution of the optical conductivities
are estimated for various set of values of U and 𝛽 as in Fig. 20(c). It is
seen that the lower the values of U and 𝛽 the Drude peaks are observed
at very close to 𝜔 ≈ 0 otherwise it is shifted and diminished for the
higher values.
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Fig. 19. (Color online) (a) The comparison of refractive indices vs. photon energy (b) The comparison of the real part of conductivity 𝜎(𝜔) vs. photon energy, and (c) The
comparison of optical weight N𝑒𝑓𝑓 (𝜔) vs. photon energy (eV)for La1−xCaxVO3 system.

Fig. 20. (Color online) (a) The comparison of the variation of optical conductivity 𝜎(𝜔) vs. frequency (𝜔) with a constant U for La0.40Ca0.60VO3 system (b) The variation of optical
conductivity 𝜎(𝜔) vs. frequency (𝜔) with various proportion of Ca-atom substitutions for U = 10eV and 𝛽 = 15 (eV)−1 of La1−xCaxVO3 systems, and (c) The comparison of the
variation of optical conductivity 𝜎(𝜔) vs. frequency (𝜔) with different set of U and 𝛽 values on the for La0.40Ca0.60VO3 system.

4. Conclusions

The cohesive and formation energy calculations reveal that the
pristine and their superstructure are structurally and chemically stable
and viable for synthesis in laboratory. The electronic structure, thermo-
electric transport, and optical behaviors of the site substituted vanadate
systems are investigated using DFT+DMFT along with the maximum
entropy model. The typical MIT for La0.40Ca0.60VO3 and La0.60Ca0.40VO3
systems occur at (U = 5 eV and 𝛽 = 10 (eV)−1) and (U = 5 eV and 𝛽 =
7 (eV)−1), respectively.

At U = 2.95 eV and 𝛽 = 23.58 (eV)−1, the Mott quantum critical
point (QCP) at an elevated temperature is attained for the La0.40Ca0.60
VO3 system. The specimen of 60% Ca-doped system is found to be
optically active uniquely in the visible spectrum of electromagnetic
radiation. The electrical and thermal conductivities are estimated to be
2.11 (Ω m s)−1 and 1.51 W∕(m K s), respectively, assuming a chemical
potential of 𝜇 = - 0.14 eV using the BoltzTraP codes.

The calculated figure of merit (ZT) is ∼ 1.78 at 𝜇 = −1.44 eV,
and the thermoelectric power factor (TPF) is ∼ 2 × 1012 μW∕(cmK2)
of the La0.40Ca0.60VO3 system is comparatively higher than those of
other compositions, indicating the potential thermoelectric candidate.
The frequency dependence of optical conductivity 𝜎(𝜔) (Drude weight)
and optical spectral weight (f-sumrule) is consistent with the metal–
insulator transition estimated by DMFT and the maximum entropy
model. Finally, the studied samples are suitable candidate for optically
induced Mottronics devices, resistive memory devices, neuromorphic
devices and thermoelectric devices.
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Abstract 

The conventional density functional theory (DFT) and dynamical mean field theory (DMFT) is 

used to study the structural, electronic and the Mott-Hubbard metal-insulator phase transition of 

the pristine and superstructures, La(1-x)SrxTiO3 (x = 0, 0.20, 0.80, 1). The electrical and thermal 

conductivities, Seebeck coefficient, Figure of merit are calculated using the BoltzTraP codes. 

The present study reveals that the direct band gap of 2.20 eV and indirect band gap ~2.0 eV at 

the Γ point in the Brillouin zone of SrTiO3 is upgraded to 3.423eV by using modified Beck-

Johnson (mBJ) interaction potential. The metal-insulator transition (MIT) of LaTiO3 and the 

superlattice La(1-x)SrxTiO3 have been investigated by using conventional density functional 

theory (DFT) and dynamical mean field theory (DMFT). The Mott-Hubbard metal-insulator 

transitions for pristine LaTiO3 for a Coulombian parameter, U = 2.5 eV and the thermodynamic 

parameter  = 6 (eV)
-1

 are consistent with the experimental results. A typical set of these 

correlation parameters for MIT La0.20Sr0.80TiO3 and La0.80Sr0.20TiO3 systems are found to be  

U = 3.5 eV and   = 10(eV)
-1

 and U = 3.2 eV and   = 10 (eV)
-1

 respectively. The characteristic 

sharp quasi-particle peak for a sample of La0.80Sr0.20TiO3 superlattice systems is obtained 

correlation parameter U = 3.0 eV and   = 6(eV)
-1

. A thermoelectric phase transition is observed 

for Seebeck Coefficient at temperature 300 K at near chemical potential,  = 1eV of SrTiO3. 

The corresponding figure of merit (ZT) with chemical potential ( ) appears to be unity at near  

 = 1eV. 

 

Keywords: DFT, DMFT, MIT, Superlattice, TMOs. 

 

1. INTRODUCTION 

The complex transition metal oxides (TMOs) are 

the promising smart materials for the scientific and 

technological innovations as well as theoretical 

investigation of material world. The TMOs are 

complex strongly correlated materials with various 

degrees of freedom (dof), such as charge, spin, 

orbital, valley and lattice interactions. The 

heterostructures and nanostructures of such 

compounds have exotic and novel properties highly 

useful for Mottronics applications [1, 2]. 

In general, these materials are found in a simple 

cubic perovskite ABO3 type structures, where the A 

and B cations are arranged on a simple cubic 

lattice, and the O anions lie on the face centers 

nearest to the cations (B = transition metals) as 

shown in Fig. 1. 

The cations (A = earlier transition metals or rare 

earths) are at the centers of the oxygen, O 

octahedral, while the A cations lie at the larger 12-

fold coordinated sites [3-6]. The bonding between 

La and TiO2 is mainly ionic, and the TiO2 entity is 

bound covalently in the LaTiO3 system. 

The density functional theory (DFT) along with the 

dynamical mean field theory (DMFT) is employed 

for figuring out the realistic electronic structure of 

strongly correlated system. The spectral density of 

distribution (spectral function) is obtained using the 

maximum entropy model for the La-atom 

substituted on Sr-site La(1-x)SrxTiO3 supercell have 
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been studied using various impurity solvers 

including quantum Monte Carlo (QMC) [7]. 

 

 
(a) 

 

     
(b) 

 

Fig. 1: (color online) The crystal structures of cubic 
phase of pristine (a) LaTiO3 and (b) SrTiO3 systems. 

 

The strong electron correlation and other 

anomalous electronic properties in the metallic 

phase transition (MIT) are of great interest. The 

Mott transition in La(1-x)SrxTiO3 system is studied 

experimentally employing filling control method, 

through the appropriate doping of the holes or 

electrons to the system and band control method 

through the site substitution of Sr-ion with La-ion 

to the system [4,8-10].  

The transition metal oxides have narrow conduction 

bands due to weak orbital overlap, which leads to 

localized electrons with low carrier mobilities. 

Transition metal oxides have recently been 

considered as thermoelectric (TE) materials that 

can operate at high temperature and they have their 

transport properties with high Seebeck coefficients 

(S) and low thermal conductivity (Ƙ). We have 

computed the thermal conductivity Ƙ, electrical 

conductivity (σ/τ), Seebeck coefficients (S), and 

Figure of merit (ZT) etc. for the SrTiO3 and LaTiO3 

[11, 12]. 

The Mottness (the resistive switching) behaviours 

of TMOs are highly applicable for designing novel 

devices, including sensing, signal conversion, non-

volatile memory, artificial neurons and so on. 

Those oxides devices have far more better over the 

conventional semiconductor devices in terms of 

efficiency, durability, additional functionality and 

future downsizing to the nanoscale structures [13, 

14].  

 

2. METHODOLOGY AND COMPUTATIONAL 

DETAILS 

2.1 Theoretical Backgrounds: 

The electronic structure and transport properties of 

Mott-insulator LaTiO3 and band-insulator SrTiO3 

and their superlattices systems have been 

investigated by using density functional theory 

(DFT) based quantum mechanical approach [15-

17]. 

The optimized cubic phase of SrTiO3 and LaTiO3 

are taken for the GGA, GGA+U+J, SOC and DOS 

calculations by solving self consistent Kohn-Sham 

equation for the many-body system as given by, 

 

 (1) 

 

Where the effective Kohn-Sham potential is 

expressed as, 

 
 

The electronic structure and other properties of 

these materials are also examined by using 

statistical method, such as the density of states 

(DOS) per unit energy range as given by  

      
 

                   (3) 
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with the allowed wavevector in the n
th
 band energy 

range,                is just the volume of a 

k-space primitive cell, divided by the volume per 

allowed wave vector,  

      

  . 

The transport coefficients of the TMOs are 

investigated for the optimized systems by using 

BoltzTraP code, a patching software of WIEN2k 

framework, which implements the linearized 

Boltzmann Transport Equation (BTE) [18] as given 

by,  
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 with         
 

   
      

      
 is the Fermi-Dirac 

distribution for electron and  

 

         
 

 

     

   
 is the group velocity of the 

carriers. 

 

From the first-principle, the Seebeck coefficient (S) 

and figure of merit (ZT) are calculated as, 

 

    ZT=
σ     

 

   
  (5) 

Where , 

 

     σ        
 

 
 σ        
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is the electrical conductivity tensor, 
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 is the thermal conductivity tensor, 

 

         
 

   σ       
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    (8) 

 

is the thermoelectric Seebeck coefficients,  

And, 

 

 σ       
  

 
 τ                               (9) 

 

is the kernel of all transport coefficients, that is 

necessary for calculating the Figure of merit. 

Where         are tensor indices,           are 

the volume of the unit cell, chemical potential and 

number of K-points implemented respectively.  

Furthermore, the dynamical mean field theory 

(DMFT) can be applied for realistic picture of 

electronic system by using the Hubbard 

Hamiltonian for strongly correlated system as,  

 

   

          
σ     

σ
    σ             

σ     
σ      

σ     
σ

     σσ 

 (10)  

 

Where,     
σ      

σ  creates (annihilates) an electron 

with spin   and orbital index l at lattice site i. 

       is the hopping amplitude between lattice sites 

i and j and orbitals l and m. 

       denotes a general local Coulomb interaction 

[19-21].  

Mapping onto the Anderson impurity model 

Hamiltonian for DMFT calculation as 

                
σ     

σ
  σ              

σ    
σ    σ

       

            
σ     

σ      
σ     

σ
     σσ  (11) 

 

Where     
σ      

σ   are creation and annihilation 

operators for non-interacting conduction electrons 

at wave vector k, which have a dispersion       and 

hybridize with the localized interacting electrons 

   
σ 

 via       .  

The equation with the modeled Hamiltonian (11) 

can be solved by various kinds of impurity solvers, 

such as CT-QMC, DMRG, NCA, IPT etc. 

The interacting Green function and hence the self 

energy,      can be calculated by using the Dyson 

equation as,  

 

                        (12)  

 

The spectral function, which is associated with the 

imaginary part of Green function at a given 

momentum is a Dirac  - function [22-25] as, 

        
 

 
                    (13) 
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And, the total local spectral function coincides with 

the Bethe density of states (DOS). 

Turning on correlations, the spectral function has a 

Lorentzian profile as, 

 

        
 

 
 

      

                               
  (14) 

 

The real part of the self-energy shows a shift of the 

non-interacting excitations, whereas the imaginary 

part of self-energy indicates the broadening of the 

quasiparticles excitations. Since, the self-energy 

strongly depends on the frequency and in the case 

of the Mott insulator, it will lead to a notable 

transfer of spectral weights. 

The maximum likelihood of spectral function, 

A( ), is obtained by maximizing the probability 

using Bayesian theorem[26] as,  

 

P[A   |G   ]  
            

       
            

 

 
  

  (15) 

 

The Green function,      is data obtained from 

the DMFT calculation using CT-QMC-

hybridization technique as the impurity solver. 

The reliable features of the spectral function, 

such as height and width of the central peak, and 

the overall weight and position of the Hubbard 

bands are obtained by using the maximum 

entropy method with the optimized value of 

adjustable parameter,   that will have the 

required information of the system concerned. 

The algorithm first computes the solution to min 

        for a large range of  . The location of 

the optimal value of   can be found by plotting a 

graph between log10 ( 
 ) as a function of log10( ),  

which gives the maximum likelihood of the 

required information lies somewhere in the 

portion of information fitting region of the 

logistic regression curve (sigmoid curve). 

2.2 Computational Details and Experimental 

Information 

The electronic structure, density of states (DOS), 

electronic charge density distribution and transport 

behaviours the cubical TMO systems are studied 

using the full potential-linearized augmented plane 

wave (FP-LAPW) with local orbitals (lo) based on 

DFT frameworks. The Kohn-Sham equations have 

been solved by the method of self-consistent total 

energy calculations within the generalized gradient 

approximation (GGA) developed by three scientists 

Perdew, Burke and Ernzerhof [26, 27] for 

approximating the electronic exchange and 

correlation effects. 

We have employed the various schemes, such as 

GGA+U, GGA+U+J, GGA+SOC, GGA+mBJ etc. 

for improving the underestimated electronic 

structure based on the conventional density 

functional theory [28,29]. 

Despite the whole story of DFT calculation, we 

have employed the dynamical mean field theory 

(DMFT) with the continuous time quantum Monte 

Carlo (CT-QMC) -hybridization technique as the 

impurity solver for computing the realistic picture 

of electronic structure of TMOs, so as to explore 

the Mott-Hubbard metal-insulator transition 

[30,31]. The statistical inferences are implemented 

by applying Maximum Entropy Model for 

obtaining the spectral density distribution from 

DMFT data [32, 33]. 

The Mott-Hubbard band splitting of strongly 

correlated system have been investigated by using 

dynamical mean field theory (DMFT)  

The theoretical study of MIT is done using the 

density functional theory (DFT) and the dynamical 

mean field theory (DMFT) [34, 35]. A band 

controlled transition metal oxide system, La(1-x) 

SrxTiO3, which are reconstructed by site 

substitution of extended pristine superlattice of 

cubic perovskite, SrTiO3. The MIT phase transition 

are investigated for the strongly correlated 

parameter, U and the thermodynamic parameter,   

through DFT + DMFT [36, 37]. 

In the present study, we have used Monk-horst pack 

of 7 7 7 k-mesh grid for the pristine TMOs unit 

cell. The k-mesh grid of 13    2 for both of the 

superstructures is used for DFT calculation with the 

energy and charge convergence criteria for the 

entire systems are 10
-5

 eV and 10
-3

 e respectively. 

And the force convergence criterion is 0.05 eV/
0
A 

used for the entire calculation. 

Furthermore, the BoltzTraP codes are used for 

computing the thermal conductivity, electrical 

conductivity, Seebeck coefficients and figure of 

merit (ZT) etc. of the La1-xSrxTiO3 superlattices. 

The transport properties of interfaces of LaTiO3 and 

SrTiO3 i.e. Mott and band insulators have shown 

high mobility of electron gas due to charge 

redistribution of substitutional dopant such as La or 

Sr, by charge transfer, crystal polarity etc. [38]. All 

the heterostructures are grown on SrTiO3 (100) 

substrates preannealed at 900 
0
C and LaTiO3 films 

were grown using pulsed laser deposition at a 

substrate temperature of 500 
0
C and an oxygen 
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background pressure of 10
-6

 Torr. using 

polycrystalline La2Ti2O7 target. All of the 

heterostructures grown found to be metallic on 

measuring the transport and Hall measurement of 

the system upto 5 T of magnetic field [39]. 

 

3. RESULTS AND DISCUSSION 

3.1 Structural Stability and Optimization  

The optimized parameters for the given TMOs 

(systems) are obtained through energy 

minimization technique using first-principle 

method.  

The cubic phase of SrTiO3, which belongs to the 

space group pm-3m is known to be a band 

insulating material. The cubic unit cell contains one 

molecule with the Sr-atom sitting at the origin (0.0, 

0.0, 0.0)a, the Ti-atom at the body center (0.5, 0.5, 

0.5)a and the three O-atoms at the three face centers 

(0.5, 0.5, 0.0)a, (0.0, 0.5, 0.5)a, and (0.5, 0.0, 0.5)a; 

the lattice constant is a = 7.297 bohr. Similarly, the 

cubic phase unit cell of LaTiO3 contains one 

molecule with the La-atom sitting at the origin (0.0, 

0.0, 0.0)a, the Ti-atom at the body center (0.5, 0.5, 

0.5)a and the three O-atoms at the three face centers 

(0.5, 0.5, 0.0)a, (0.0, 0.5, 0.5)a, and (0.5, 0.0, 0.5)a; 

the lattice constant is a = 7.100 bohr (1 bohr = 

0.529 Å) [40,41]. 

In this study the convergence parameters, such as 

K-points, rKmax and Gmax values for SrTiO3 are 

obtained as 500, 7.0 and 17.0 respectively along 

with RMT-values 2.50 for Sr-atom, 1.87 for Ti-

atom and 1.69 for O-atoms respectively. Similarly, 

the convergence parameters, such as K-points, 

rKmax and Gmax values for LaTiO3 are obtained as 

500, 7.5 and 18.0 respectively along with RMT-

values 2.50 for Sr-atom, 1.82 for Ti-atom and 1.65 

for O-atoms respectively.  

The crystal structure of SrTiO3 and LaTiO3 (inset) 

with their lattice parameters optimization curves is 

shown in Fig. 2. 

The optimized unitcell of LaTiO3 is promoted to 

1 1 5 supercell, so as to study the effect of the 

site substitution of Sr-atom on LaTiO3 supercell on 

the electronic structure and transport properties of 

La(1-x)SrxTiO3 superlattice system[42-44]. The 

superlattice, La0.80Sr0.20TiO3 system of space group 

p4/mm with lattice parameters, a = b =3.592 
0
A and 

c = 18.126 
0
A with RMT values for La-, Sr-, Ti-, O- 

are found to be 2.50, 2.36, 1.65 and 1.49 

respectively. For superlattice, La0.20Sr0.80TiO3 

system of space group p4/mm with lattice 

parameters, a = b =3.853 
0
A and c = 19.445 

0
A with 

RMT values for La-, Sr-, Ti-, O- are found to be 

2.50, 2.50, 1.77 and 1.60 respectively. 

  

         
  (a) (b) 

 

Fig. 2: (color online) The lattice parameter optimization curves of the cubic phases of (a) LaTiO3 and (b) SrTiO3 
systems (crystal structures in inset). 

 

3.2 Electronic band structure and Density of 

States (DOS)  

The optimized pristine SrTiO3 and LaTiO3 systems 

have been taken through self-consistent calculation 

for investigating their electronic structure and 

transport properties  [45-47]. The ground state 

calculation was performed through the energy 

minimization technique for the given system. The 

calculated energy band structure for cubic phases 

SrTiO3 is shown in Fig. 3(a). 

In the case of LaTiO3 system Fig. 3(b), it is 

observed that the band at around the Fermi-level is 
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mostly contributed by eg and t2g orbitals of 

transition metals (Ti). The crystal field and the 

electrostatic interaction between the V-cation and 

the non-bonding O-2p electrons that produces the 

splitting of d-orbitals [48]. 

 

          
  (a) (b) 

 

Fig. 3: (color online) The band structure plotted between the total energy versus the various symmetry points for 
SrTiO3 (left) and LaTiO3 (right) unit cell. 

 

There are three doubly degenerate valence bands are 

derived mainly from the oxygen 2p orbital which are 

separated by a direct gap of 2.20 eV (at the Γ point) 

from the transition-metal d-derived (Ti) conduction 

band. This band gap is corrected to 3.423 eV by 

applying the modified Beck-Johnson interaction 

potential. It is somewhat lower than the experimental 

band gap of 3.75 eV for SrTiO3 [49, 50]. 

The fatbandstrutures of the Ti-atom of LaTiO3 

system is shown in Fig. 4. 

The bandstructure of LaTiO3 is shifted by 

introducing the Coulomb interaction U and it is 

shifted further with higher value of U and Hund’s 

exchange interactions, J and along with spin-orbit 

coupling, (SOC) as in Fig. 5 (a),(b). 

It has been revealed that the introduction of 

modified Beck-Johnson interaction potential with 

GGA calculation for the strongly correlated system, 

SrTiO3 increases the band gap [49- 51]. 

 

        
  (a) (b) 

 

Fig. 4: (color online) Fatbandstrutures of (a) Ti-t2g-orbitals on (left) and (b) Ti-eg-orbitals on (right) of LaTiO3
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 (a) (b) 

 

Fig. 5: (a) (color online) The shifting of band of LaTiO3 with, U =2.11eV and J 0.20 =eV  (b) The effect of spin-orbit 
coupling (SOC) in LaTiO3 system. 

 

The electronic bandstructure of superlattice, La0.80 

Sr0.20TiO3 reveals that the system is metallic and the 

introduction of Coulombian interaction, U and 

exchange interaction, J along with spin-orbit 

coupling (SOC) seems to be the important 

parameters for determining the electronic structures 

of the materials as shown in Fig. 6. 

 

         
 (a) (b) 

 

Fig. 6: (a) (color online) Bandstructure of the La0.80Sr0.20TiO3 system  without U and J   
(b) Bandstructure of same system with U =2.11 eV, J =0.25 eV and SOC. 

 

The density of states (DOS) is essentially the 

number of different states at a particular energy 

level that electrons are allowed to occupy i.e the 

number of electronic states per unit volume per unit 

energy is a useful computational tools to find the 

electronic structures of materials in the ground 

states [14,15]. In order to find the constituent 

atomic contribution in the electronic structure and 

magnetic behaviors of the system, the partial 

density of states (PDOS) have been employed with 

consideration of the spin polarization, so as to 

calculate the contribution on electronic structure of 

individual atom. The DOS in the vicinity of the 

Fermi level within the band structure of LaTiO3 

were attributed mostly to these octahedral hybrid 

orbitals. In Fig. 7  (a) The DOS of SrTiO3 with mBJ 

interaction is consistent with the experimental 

result  [49-51]. 
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Fig. 7: (color online) The DOS of La0.20Sr0.80TiO3  system for both up and down spin channels. 

 

The symmetrical distribution of DOS for both 

channels of the superstructures indicate that these 

systems are non-magnetic or paramagnetic in 

behaviour. 

3.3 Charge Density Distribution and Fermi 

Surface of the system 

The charge density 3D plot with 2D contour plot (in 

inset) of LaTiO3 are illustrated Fig. 8(a), and 8(b) 

respectively.  

The strong covalent bondings between Ti- and O- 

atoms have been observed due to the overlap 

(hybridization) of O-2p and Ti-3d orbitals, which is 

in good agreement with the previously published 

papers of perovskites compounds [52,53]. The 2D-

contour plot shows that the chemical bonding is 

mainly takes place nearest neighboring atoms. 

The 3D-electron density distribution map for 

LaTiO3 as shown in Fig. 8(a), with the planes (011) 

confirms that the electron density distribution is 

mainly localized near the ionic cores as expected, 

the high peaks of 3D plots shows the contribution 

of Ti-atoms, which is symmetric about the core of 

the atoms. 

The study of Fermi surface of the system also 

supports the results obtained through band structure 

and DOS structure of the system.  The Fermi 

surfaces around the various atomic lattice sites, 

constituted by several electron and hole orbits are 

demonstrated for the LaTiO3 systems as shown in 

Fig. 8(b). The Fermi surfaces constituted by 20-40 

band levels are shown (inset-1) and the actual 

Fermi surfaces of 30-51 band levels with the 

tentacles, called monster is shown (inset-2). 

Furthermore, the Fermi level, Ef crossing through 

the energy bands of 30-40 band levels of the system 

is demonstrated in Fig. 8(b) [54, 55].  

 

        
 (a) (b) 

 

Fig. 8: (color online) (a) The 3D charge density plot along with the 2D contour plot (inset) of LaTiO3 in (011) plane (b) 
The Fermi level crossing through energy bands of 30-40 band levels of the LaTiO3 system with its Fermi surface and 

the actual Fermi surfaces of 30-51 band levels with the tentacles (inset). 
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3.4 Electronic Structure by DMFT 

The conventional DFT calculation is not able to 

predict the realistic picture of electronic structure 

for strongly correlated materials, so we have 

employed the dynamical mean field theory (DMFT) 

with continuous time quantum Monte Carlo (CT-

QMC) hybridization technique as the impurity 

solver for finding the electronic structure of the 

transition metal oxides [56-59]. 

The characteristic variation of Green function of 

imaginary time, (τ    ) with the variation of 

Coulombian interaction (U) for the thermodynamic 

parameter,  =6(eV)
-1

 is shown in Fig. 9(a) and the 

corresponding Fourier transform of G( ) for the 

DMFT data showing the MIT with kinks at near 

minimum frequency as  shown in Fig.9(b). 

 

           
 (a) (b) 

 

Fig. 9: (color online) (a) The variation of Green function vs. imaginary time with various values of U  (b) the 
corresponding spectral density vs. frequency showing the Mott-Hubbard splitting with U = 4.0 eV. 

 

The complete metal-insulating phase transition is 

observed for U = 2.5 eV and   = 6(eV)
-1

 for LaTiO3 

as shown in Fig. 10(a).  

Similarly, the characteristic variation of the Green 

function of frequency, clearly supports the metallic 

and insulating phases of the materials as shown in 

Fig. 10(a).  The oscillation of self energy,      

oscillation with frequency is shown in Fig. 10(b) 

showing that there is no change in self energy, 
     with the variation of the Coulombian 

parameter, U.  

 

    
 (a) (b) 

 

Fig. 10: (color online) (a)The variation of spectral density, A    vs. frequency for various U values  
(b) The self-energy vs. frequency. 
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Furthermore, the spectral density, A( ), which is 

obtained from the Green function, G( ) of 

superlattice, La0.80Sr0.20TiO3 system using the 

Maximum Entropy model of data analysis 

algorithm. The metallic phase with quasi-particle 

peak for the superlattice, La0.80Sr0.20TiO3 is obtained 

for U = 3.0eV and   = 6(eV)
-1

 as shown in 

Fig.11(a). Furthermore, on increasing the 

Coulombian parameter, U for a constant   = 10 

(eV)
-1

 , the system undergoes metal-insulator 

transition as shown in Fig. 11(b). 

The maximum likelihood of the spectral function 

A( ), having a realistic features of central peak, 

height, width and the overall weight, is obtained by 

using the optimal value of the adjustable parameter, 

 [60]. 

The cross validation error is done for obtaining a good 

and reliable spectral function with the maximum 

entropy method. The location of the optimal   can be 

found by choosing its value from the information 

fitting region of the logistic regression (sigmoid) 

curve as shown (inset) Fig.11 (b).  

 

     
 (a) (b) 

 

Fig. 11: (color online) (a) Green function of frequency vs. frequency showing the quasi-particle peak for 
La0.80Sr0.20TiO3. The logistic regression curve or sigmoid curve (inset), which is the cross validation error analysis of 

calculation. (b) The metal insulator phase transition for U = 3.5 eV and   = 10 eV
-1

 for superlattice, La0.20Sr0.80TiO3 and 
the logistic regression curve along with the curvature of it (inset). 

 

3.5 Transport properties of SrTiO3 and LaTiO3 

The various properties of materials, such as the 

transport properties are also associated with the 

electrons and lattice interactions. Here, the density 

functional theory (DFT) have employed for 

investigating electrical, thermal, and thermoelectric 

behaviours of TMOs based on the BoltzTrap 

module [11,61]. The ever-increasing computing 

power has made the first principles calculation 

more and more accurate and straightforward. As the 

transport properties of the materials are electronic 

bandstructure dependent quantities, the BoltzTrap 

codes, which implements the linearized Boltzmann 

transport equation is applicable to compute various 

transport coefficients including intermetallic 

compounds, high TC superconductor and 

thermoelectric materials etc. 

The study of transport properties are highly useful 

to predict and design a new materials for diverse 

fields, such as the superconductors, transparent 

conductors, transparent insulators, inter-metallic 

phases as well as the efficient thermometric 

materials [18, 61]. 

The significant variation of electrical conductivity, 
      and thermal conductivity,     with 

temperature are observed for the different 

proportion of Sr-atom in the supercells for a 

constant chemical potential,           . But, the 

change of electrical conductivity varies slowly (not 

significantly) with temperature whereas the thermal 

conductivity varies significantly with temperature 

along with the various proportions of Sr-atoms on 

the supercells.  

The comparison of Figure of merit (ZT) vs. 

chemical potential ( ) at room temperature shows 

that the ZT~1.78 for a system with 40% of Sr-ions 

at around   = - 0.7 eV. A remarkable thermoelectric 

phase transitions are observed for Seebeck 

Coefficient at temperature, 300 K for the systems 

with higher proportion of Sr-ions.  
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 (a) (b) 

 

Fig. 12: (color online) (a) The variation of electrical conductivity with temperature (b) The variation thermal 
conductivity with temperature for different proportion of Sr-ions having the same chemical potential,           . 

 

 
 (a) (b) 

 

Fig. 13: (color online) (a) The comparison of Figure of merit (ZT) with chemical potential (μ) at room temperature for 
various proportion of Sr-ions (b) The  thermoelectric phase transition are observed for Seebeck Coefficient vs. 

chemical potential (μ) at temperature, 300 K. 

 

The ultimate study of finding these transport 

properties is to investigate the possibility of 

promising thermoelectric materials by knowing the 

Figure of merit (transport coefficient) as shown in 

Fig.13. The higher the value of ZT confirms that 

the better the potential materials for thermoelectric 

application for recycling the wastage of heat energy 

[62,63].  

 

4. CONCLUSIONS 

The electronic structure and transport properties of 

pristine LaTiO3 and SrTiO3 along with their 

superlattice system have been studied using 

conventional DFT and DMFT. 

The shifts in the energy bands of TMOs are clearly 

observed by introducing the Coulombian 

interaction (U), Hund’s exchange (J) and spin-orbit 

couplings (SOC). The calculated band gap for 

SrTiO3 is found to be 3.423 eV with mBJ 

interaction potential, which is clos e enough to the 

experimental information.  

The dynamical mean field theory (DMFT) with CT-

QMC-hybridization as impurity solver have 

employed to investigate metal-insulator (MIT) 

phase transition of pristine LaTiO3 and the 

superlattice of La(1-x)SrxTiO3 system. The 

correlation parameters for the pristine LaTiO3 for a 

distinct metal-insulator transition (MIT) are 
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obtained for U = 2.5 eV,    = 6(eV)
-1

 and J = 0.60 

eV. Whereas these parameters are found to be U = 

3.2 eV,   =10 (eV)
-1

 and J =0.60eV for the 

La0.80Sr0.20TiO3 system and U = 3.5 eV,   =10 (eV)
-

1
 and J =0.60eV for the La0.20Sr0.80TiO3 system 

respectively. The spike of the quasiparticles at 

around the Fermi level of La0.80Sr0.20TiO3 system is 

observed for U =3.0eV,  = 6(eV)
-1

, J = 0.60eV.  

The thermal conductivity varies significantly with 

the temperature but the electrical conductivity is 

observed to be remains same with temperature for a 

system. The higher value of Figure of merit, ZT 

~1.75 and 1.99 are calculated for the systems with 

40% and 60% of the Sr-ions. The thermoelectric 

phase transition with chemical potential,   are 

observed at around  ~ -1.4 eV for system with 

higher proportion of Sr-ions. Thus, the La(1-

x)SrxTiO3 systems are the potential candidates for 

the thermoelectric application at higher 

temperature. 
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ABSTRACT 

The Mott-insulator phase transition behaviour of the superstructure of strongly correlated 

system, CaxSr(1-x)VO3 (x =0, 0.33, 0.67, 1) have studied using  the conventional density 

functional theory and the dynamical mean field theory. The Mott-Hubbard metal-insulator 

phase transition of superstructures, Ca0.33Sr0.67VO3 and Ca0.67Sr0.33VO3 formed by the CaVO3 

and SrVO3 correlated metals, are obtained at U=4.5 eV with β= 6 (eV)
-1

 and U=4.5 eV with β= 

7 (eV)
-1

 respectively. The values of U and β calculated through the Maximum Entropy model 

using the Green’s function data, are consistent with the experimental results. The value of 

Seebeck coefficient (S) of superstructure Ca0.33Sr0.67VO3 and Ca0.67Sr0.33VO3 are found to be 

+0.0011[V/K] and -0.0011[V/K] within the chemical potential             to   
         . The figures of merit (ZT) are found to be 0.97 at room temperature for these 

systems. The variation of electrical and thermal conductivities has also been discussed. 

 

Keywords: Complex TMOs, DFT, DMFT, Superstructures, Strongly Correlated System. 

 

1. INTRODUCTION 

The superstructure of perovskite materials have 

gained a lot of interest due to their promising 

applications for the electronic and transport 

properties as well as from its fundamental aspects. 

The transition metal oxides (TMOs) in the 

perovskites (ABO3) geometry are smart materials 

found abundantly on the earth crusts. These 

materials are used for numerous applications in the 

field of electrical, electronics, medical, defense 

technology and etc. [1, 2]. The modern technology 

assisted human civilizations through scientific 

revolution are being upgraded by exploring the 

smart materials. One of the categories of promising 

smart materials for the future is regarded as the 

TMOs in their nano-structures and superstructures 

[3]. The present study focused on the structural, 

electronic and transport properties of energetically 

stable superstructures Ca0.33Sr0.67VO3 and 

Ca0.67Sr0.33VO3. 

The pristine SrVO3 is found in cubic phase, belongs 

to the space-group Pm-3m with the Ca-atom sitting 

at the body center ( ½ , ½ , ½ )a. The transition 

metal, V-atom is sitting at the origin ( 0.0 , 0.0 ,  

0.0 )a and the three O-atoms siting at the three face 

centers with Wyckoff’s coordinates ( ½ , ½ , 0.0)a, 

(0.0, ½ , ½ )a, and ( ½ , 0.0, ½ )a[4].  

Similarly, the pristine CaVO3 system in cubic phase 

belonging to the space-group Pm-3m with V-atom 

at the body center ( ½ , ½, ½ )a. The Ca-atom is 

sitting at the origin (0.0, 0.0, 0.0 )a and the three O-

atoms sitting with Wyckoff’s coordinates at ( 0.0 , 

½ , 0.0)a, (0.0, 0.0 , ½ )a, and ( ½ , 0.0, 0.0 )a[4]. 

The stable crystal structures for the pristine CaVO3 

and the superstructure, Ca0.33Sr0.67VO3 are shown in 

fig.1 (a), (b). 

The study of  metal-to-insulator transition (MIT) 

caused by a strong electron correlation along 

with anomalous electronic properties in the 

metallic phase near the Mott transition,  

provide the various information regarding 

application in Mottronics, such as the volume 

resistive switching action, Mott FET, quantum 

gates etc. [5]. 
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Though, MIT of the compounds can be studied 

through the hole or electron doping to the system 

either by band control or filling control methods 

[6]. Here, we used band controlling method to 

explain the MIT of experimentally synthesized 

compounds, Ca0.33Sr0.67VO3 by substituting Ca-ion 

in place of Sr-ion within the framework of 1  1  2 

supercell of CaVO3 as shown in Fig. 1. 

 

 
(a) 

 
(b) 

    

Fig.1: (a) (color online) The crystal structure of the pristine CaVO3 at which V-ion is octahedrally co-ordinated by 
oxygen ligands (left) (b) the superstructure, Ca0.33Sr0.67VO3  (right) 

 

The Mott transition behaviours of such systems are 

also studied using the density functional theory 

(DFT) and the dynamical mean field theory 

(DMFT) by various groups [7, 8]. A simple 

transition metal oxide system Ca1−xSrxVO3 with a 

3d
1
 electronic configuration and a cubic perovskite 

lattice structure with the orthorhombically distorted 

SrVO3 upon increasing the Ca-doping have been 

investigated using LDA+DMFT [9-11].  

In the present study, the stable structures, electronic 

properties are studied through conventional DFT 

and the MIT phase transition of pristine TMOs and 

their superstructures are studied through DMFT. 

The transport properties are also investigated 

through BoltzTrap frameworks (explained 

elsewhere). The materials under study are highly 

applicable for electrical, electronic, memory, and 

energy devices. The superstructure and 

nanostructure are of great interest of their Mottness, 

high efficiency of power conversion and high ZT 

factors. The Mott transition phenomena is useful 

for designing a leaky integrate and fire (LIF) 

artificial neurons [12-17], for neurocomputing, 

artificial neural network, machine learning etc. 

Though, the MIT has various applications in 

different purposes, there is lack of systematic 

theoretical study compare to the experimental 

study. So, we are motivated to go more insight into 

the newly reconstructed superstructures for 

exploring MIT and thermoelectric properties. 

Furthermore, the transition metal oxides have 

narrow conduction bands due to weak orbital 

overlap, which leads to localized electrons with low 

carrier mobilities. Transition metal oxides have 

recently been considered as thermoelectric (TE) 

materials that can operate at high temperature and 

they have their transport properties with high 

Seebeck coefficients (S) and low thermal 

conductivity (Ƙ) and hence the higher value of 

figure of merit (ZT).  

We have computed the thermal conductivity Ƙ, 

electrical conductivity (σ/τ), Seebeck coefficients 

(S), and Figure of merit (ZT) for the designed 

superstructure [18] using semi-classical linearized 

Boltzmann transport equation. 

  

2. THEORETICAL, COMPUTATIONAL 

DETAILS AND EXPERIMENTAL 

INFORMATION 

2.1 Theoretical Details: 

The electronic structure and transport properties of 

correlated electronic system are investigated 

employing ab-initio approaches through the full 

potential linearized augmented plane wave (FP-

LAPW) method with local orbitals (lo) [19, 20]. 

The optimized cubic phases of CaVO3 and SrVO3 

and their superstructure framework are taken 

through the self-consistent calculation based on 

Kohn-Sham equation as given by, 

 

--- (1) 



Electronic and Transport Properties of Sr-site Substituted: CaxSr(1-x)VO3 

8 

Where the effective Kohn-Sham potential is 

expressed as, 

                        

      
              --- (2) 

With,  is the exchange  

correlation potential with the probability density, 

 
The optimized value of the lattice parameter, a is 

calculated using the concept of Birch-Murnaghan 

equation of state as given by, 

 

           
     

  
   

  

 
 

 
   

 

  
    

  

 
 

 
   

 

     
  

 
 

 
   --- (3) 

 

Where, B0 is the bulk modulus of elasticity at 

equilibrium (pressure =0), V0 is the equilibrium 

volume per atom/unit cell,   
   

  

  
 

   
 and E0 is 

the total energy at equilibrium are treated as fitting 

parameters [20,21]. All the calculations were 

performed using the optimized parameters.  

The theoretical prediction of transport coefficients 

of the TMOs are investigated for the optimized 

systems by using BoltzTraP code, a patching 

module of WIEN2k framework, which implements 

the linearized Boltzmann Transport Equation (BTE) 

[18, 22] as given by,  

 
        

  
          

        

  
 

 

 
   

 

 
           

        

   
          

  
 
          

 --- (4) 

 

with         
 

   
      

      
 is the Fermi-Dirac 

distribution for electron and          
 

 

     

   
 is the 

group velocity of the carriers. 

 

For the figure of merit (ZT), the following equation 

is employed, 

 

ZT=
σ β  β

 

   
  --- (5) 

 

Where, σ β      is the electrical conductivity 

tensor,   β      is the thermal conductivity tensor, 

  β      is the thermoelectric Seebeck coefficients, 

Where       β are tensor indices,         are the 

chemical potential and number of K-points 

implemented respectively [22].  

Furthermore, the actual metal-insulator transition 

can be understood by using the dynamical mean 

field theory (DMFT), which starts from the 

Hubbard Hamiltonian [23-25] for single site 

interaction of opposite spin electrons as, 

 

     β  
  β  β            --- (6) 

 

Where,   β  is tight-binding hopping amplitude 

between the lattice sites       β ,   
      are the 

creation (annihilation) operators of electrons on 

localized orbitals on site,   and      
    is the 

localized occupation number on site,  .  

The DMFT maps the lattice problem (Hubbard 

Hamiltonian) of Eq. (6) onto a self-consistent 

auxiliary impurity problem, which is here solved 

numerically by the quantum Monte Carlo (QMC) 

technique, combined with the maximum entropy 

method [26], this technique allows us to calculate 

spectral functions. 

The DMFT self-consistency cycle starts with an 

initial guess for the hybridization function, 

         
    

 

      
   

or bath Green's function, 

 

                           --- (7) 

 

which determines the initial “bath” for the modified 

quantum impurity model. 

Where,    is the hybridization amplitude,    is the 

bath energy level and       is the Matsubara 

frequency associated with the imaginary time,  τ . 

Using one of the quantum impurity solvers with the 

imaginary-time Green's function, 

 

  τ     τ  τ  
       --- (8) 
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or its Fourier transform        and the Matsubara 

self-energy is, 

         
                 --- (9) 

are computed. This is actually the Fourier transform 

of Dyson equation, which computes the new bath 

Green’s function, for the next iterative self-

consistent cycle [27-29]. The Green’s function is 

then used for calculating the spectral function 

A(k, ), which is the imaginary part of the single-

particle Green’s function and therefore contains full 

information about the temporal and spatial 

evolution of a single electron/hole in the interacting 

many-electron system. 

        
 

 
          --- (10) 

The spectral function A( ) is analogous to the 

density of states(DOS) of conventional DFT.  

2.2 Computational Details 

The first-principles based approach has been used 

to deal with the structural, electronic properties of 

TMOs and their superstructures, employed on 

FPLAPW [30, 31]. The transport properties of the 

superstructures are calculated by solving the 

Boltzmann transport equation using BoltzTrap 

codes. 

The conventional DFT is used for bandstructure 

and DOS calculation, which is used for the DMFT 

calculations. For the DFT calculation we have 

employed generalized gradient approximation  

(GGA) with the correlation functional as proposed 

by Perdew, Burke and Ernzerhof (PBE) exchange 

energy scheme [21,32]. 

The optimized parameters for the pristine systems 

and superstructures used for the present study are 

listed in the table 1.    

 

Table 1: The required values of lattice parameters, K-points, rKmax, Gmax and RMT*  of the 

compounds with their space group used for the calculation. 

S.N. Name of 

system 

Space 

group 

Optimized 

lattice 

constant 

K-points rKmax Gmax RMT 

1. CaVO3 pm-3m 

(221) 

3.65 Å 800 3.97 Å 14 Ca = 2.42, V = 

1.79 and O = 1.62 

2. SrVO3 pm-3m 

(221) 

3.86 Å 750 3.97 Å 16 Sr = 2.46, V = 

1.83 and O = 1.65 

3. Ca0.33Sr0.67VO3 P4/mmm 

(123) 

a = b = 

3.96 
0
A and 

c = 7.93 Å 

800 3.97 Å 16 Ca = 2.50, Sr = 

2.50, V = 1.95 

and O = 1.77 

4. Ca0.67Sr0.33VO3 P4/mmm 

(123) 

a = b = 

3.95
0
A and c 

= 7.91 Å 

750 3.95 Å 15 Ca = 2.50, Sr = 

2.50, V = 1.95 

and O = 1.77 

*RMT = Muffin-Tin radius of the elements 

(All the values are consistent with the experimental results) 

 

The Monk-horst pack of 11 11 5 k-mesh grid is 

used for the superstructures. The DMFT 

calculations are performed for various sets of 

coulombian interaction, U and the 

thermodynamical parameter, β in order to identify 

the critical value of MIT for each of the 

superstructures [33-35]. The energy and charge 

convergence criteria for the entire system are 10
-5

 

eV and 10
-3

 e with force convergence 0.05 eV/ 
0
A. 

2.3 Experimental Information 

The single crystals of superstructures, 

Ca1−xSrxVO3 (x = 0, 0.25, 0.5, 1) have grown for 

studying optical conductivity using a triple 

spectrometer, Photometrics and the optical 

reflectivity measurements using a Michelson-

type Fourier-transform infrared spectrometer 

[36]. The spectra of SrVO3 and CaVO3 are also 

studied with bulk-sensitive high-resolution PES 

and XAS [37]. The Mott–Hubbard insulating gap 

for different values of U for vanadates and 

titanates system were also studied from the 

various groups [38-40].  

These experimental facts motivate us to perform the 

theoretical study to go more insight into the 

electronic and transport properties used for various 

applications in Mottronics. 
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3. RESULTS AND DISCUSSION  

3.1 Structural Stability 

The structural stability of the compounds CaVO3, 

SrVO3 are calculated through energy minimization 

process. The value of the optimized lattice 

parameter for pristine CaVO3 and SrVO3 are found 

to be consistent with the experimental results [41, 

42]. The reconstructed superstructure, CaxSr(1-x)VO3 

(x =0.33, 0.67) using the base of 1 1 2 supercell 

of SrVO3 and the site substitution of Sr-atoms by 

Ca-atoms on the supercell have been studied for 

their various properties.  

These superstructures with space-group P4/mmm, 

are also examined their stability through energy 

minimization process. The optimized lattice 

parameters of the superstructures, Ca0.33Sr0.67VO3 

and Ca0.67Sr0.33VO3 are obtained and tabulated as in 

table-1. 

The optimized structure of the sample CaVO3 

and Ca0.67Sr0.33VO3 are shown in inset along with 

the energy vs. lattice parameter plot as shown in 

Fig. 2. 

The lattice parameters of the superstructures are yet 

to be verified by experimentation.  

 

 
(a) 

 
(b) 

 

Fig. 2: (color online) The crystal structures (inset) and lattice parameter optimization curves for  
(a) CaVO3 system (b) Ca0.33Sr0.67VO3 system. 

 

3.2 Electronic Structure of CaxSr(1-x)VO3 System 

3.2.1 The Band structure and DOS 

The bandstructure and the DOS plots  of CaVO3 

and SrVO3 systems are found to be well agreed 

with the previously calculated theoretical and 

experimental results. Both of these systems are 

correlated metals [45]. 

The combined plot of bandstructure and DOS of 

Ca0.33Sr0.67VO3 and Ca0.67Sr0.33VO3 are shown in 

Fig. 3 (a) and (b) indicating that these 

superstructures are also found to be correlated 

metal from the conventional DFT calculation.   

 

 
(a) 

 
(b) 

Fig. 3: (color online) The comparison of bandstructure and DOS for spin up channels of  
(a) Ca0.33Sr0.67VO3 system, and (b) Ca0.67Sr0.33VO3 system. 
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Furthermore, the asymmetric distribution of DOS in 

spin up and spin down channels (Fig. 4) for the both 

superstructures Ca0.33Sr0.67VO3 and Ca0.67Sr0.33VO3 

indicating that they show magnetism in ferromagnetic 

orderings. The magnetic moments are found to be 

1.47  
 

 and 0.78  
 

 for Ca0.33Sr0.67VO3  and  

Ca0.67Sr0.33VO3 systems respectively. 

 

 
(a) 

 
(b) 

 

Fig. 4: (color online) The DOS plots for  (a) Ca0.33Sr0.67VO3 and (b) Ca0.67Sr0.33VO3  systems. 

 

3.2.2 The Charge Density Map and Fermi 

Surface of the CaxSr(1-x)VO3: 

The charge density contour plot shows that the 

Ca0.33Sr0.67VO3 system have a strong covalent 

bonding between V and O-atoms which is mainly 

due to p-d hybridization of O-2p and V-3d orbitals 

as shown in Fig. 5(a) [46-49]. 

The Fermi surface plot (in inset) with band crossing 

by Fermi level of superstructures also supports the 

electronic structure calculations as shown in Fig. 

5(b) [50, 51].  

 

 
(a) 

 
(b) 

 

Fig. 5: (color online) (a) The 2D-contour plot of charge density distributions showing the bonding between 
neighboring atoms (b) The Fermi-surface (in inset) showing band crossing of Fermi level with 30-65 band levels. 

 

3.3 The Dynamical Mean Field Theory (DMFT) 

calculation: 

The Mott-Hubbard metal-insulator transition 

phenomena of the strongly correlated system are 

investigated using the numerical simulation of the 

data obtained from the conventional DFT 

calculation.  

In general, the conventional DFT (GGA) 

underestimates the electronic bandstructure of 

strongly correlated system. Thus, we have used the 

dynamical mean field theory (DMFT) along with 

the DFT for the realistic calculation of electronic 

structure of superstructures [52 - 54]. From the 

DMFT calculations, the value of U and β required 

for Mott-Hubbard band splitting are calculated with 

the help the Green’s function vs. imaginary time 

and its Fourier transform plots as shown in Fig. 

6(a), (b).  
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(a) 

 
(b) 

 

Fig. 6: (color online) (a) The variation of Green’s function       with imaginary time  
(b) The plot of Fourier transform of Green’s function,       [54]. 

 

The characteristic variation of Green function of 

imaginary time,    τ with the imaginary time (τ) 

for various values of U, for the superstructure of 

CaxSr(1-x)VO3 system is shown in Fig. 6(a) and the 

corresponding variation of spectral density, A( ) 

with the frequency ( ) is shown in Fig. 6(b), which 

is obtained by using the maximum entropy method 

of data analysis algorithm[ 55,56 ].  

Moreover, Fig. 6 shows that the Mott-Hubbard 

band splitting starts from U =4.5 eV for the value 

of β =6 (eV)
-1

. The corresponding spectral density 

plot of    τ  for the superstructure, Ca0.33Sr0.67VO3 

with β =6 (eV)
-1

 and various values of U is shown 

in Fig.7 (a).  

 

 
(a) 

 
(b) 

 

Fig. 7: (color online) (a) The spectral density vs. frequency for showing metal-insulator transition (MIT) with the 
variation of U for   =6 (eV)

-1
.  (b) The plot of real and imaginary part of retarded Green’s function vs. frequency with 

U = 4.5 eV and   =6 (eV)
-1

. 

 

The Mott-Hubbard splitting of Ca0.67Sr0.33VO3 

system is obtained at U = 4.5 eV with β = 7(eV)
-

1
(not shown in the graph). 

Similarly, the corresponding real and imaginary 

part of retarded Green’s function of frequency is 

shown in Fig. 7(b). In the Fermi liquid regime, the 

real part of the self energy leads to the shift of the 

non-interacting excitations, whereas the imaginary 

part is responsible for the broadening of the 

quasiparticle excitations. As the self-energy 

strongly depends on the frequency and in the case 

of Mott insulator, it will lead to a notable transfer of 

spectral weights.  

The validity of spectral function, A( ) obtained 

from the maximum entropy model is checked 

through cross validation error (logistic regression 

analysis) as shown in fig. 8(a), (b) [56, 57]. 

From the sigmoid curve of logistic regression, the 

optimized value of   lies in the information-fitting 

region indicating that the data obtained by our 

calculation is realistic and information are close to 

the experimental results [58]. 
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(a) 

 
(b) 

 

Fig. 8: (color online) (a) The logistic regression curve (sigmoid curve) for the optimized value of   (b) The error of 
logistic regression curve obtained by the curvature of the log10 

  ( ) versus         . 

 

3.4 Transport properties of for CaxSr(1-x)VO3 

system:  

The transport properties of the superstructure are 

calculated using semiclassical linearized form of 

BTE through BoltzTrap frameworks implemented 

on ab-initio codes [59]. The graph showing the 

comparison of (a) Electrical conductivity (σ/τ) and 

(b) Thermal conductivity ( ) at room temperature 

are shown in fig. 9 (a), (b) for the superstructures, 

Ca0.33Sr0.67VO3 and Ca0.67Sr0.33VO3 with blue and 

red colors respectively. And the variation of 

Seebeck coefficient (S) with respect to the chemical 

potential, (μ) at room temperature for 

Ca0.33Sr0.67VO3 and Ca0.67Sr0.33VO3 systems are 

shown in Fig. 10 (a) with blue and red colors 

respectively [18, 58, 59].  
 

 
 (a) (b) 
 

Fig. 9: (color online) (a) The variation of electrical conductivity (σ/ ) vs. (μ) (b) The variation of thermal conductivity 
( ) vs. (μ) for Ca0.33Sr0.67VO3 and Ca0.67Sr0.33VO3  with blue and red colors respectively [59, 60]. 

 

From the study of thermoelectric properties the 

figure of merit (ZT) factor for the superstructure 

Ca0.33Sr0.67VO3 with blue color and 

Ca0.67Sr0.33VO3 with red color are nearly equal to 

unity (  1) at near from             to 

            Fig. 10(b). 

 

 
 (a) (b) 
 

Fig. 10: (color online) (a) Variation of Seebeck coefficient (S) with chemical potential (μ)   
(b) Figure of merit (ZT) at room temperature with chemical potential (μ) for superstructures,  

Ca0.33Sr0.67VO3 and Ca0.67Sr0.33VO3 with blue and red curves respectively [60-63]. 
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The similar kind of thermoelectric properties are 

observed for both the superstructures, which can be 

used for the Mottronics applications.  

 

4. CONCLUSIONS  

The stability of the pristine and their superstructure 

are examined through energy minimization method. 

From the calculations, the lattice parameters for the 

stable superstructures, Ca0.33Sr0.67VO3 is found to 

be, a=b=3.96 A
0
 and c=7.93 A

0
 and for 

Ca0.67Sr0.33VO3 is found to be, a = b = 3.95 
0
A and c 

= 7.91 A
0
. The Mott-Hubbard metal-insulator 

transition for their superstructure, Ca0.33Sr0.67VO3 

and Ca0.67Sr0.33VO3  are obtained at U = 4.5eV with 

β = 6(eV)
-1

 and U = 4.5eV with β = 7(eV)
-1

 

respectively, through DFT and DMFT with the 

continuous time quantum Monte Carlo (CT-QMC)– 

hybridization method. This clearly indicates that 

both compounds are useful for Mottronics 

application. Furthermore, the ZT factor of the 

superstructures are approximately unity (~1). The 

estimated values of Seebeck coefficients and 

transport coefficients for the superstructure 

framework reveal that they can be used as the 

promising candidates for thermoelectric materials.  
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Abstract. We assess the continuous-time quantum Monte Carlo (CT-QMC) technique with hybridization expansion for solving
the electronic structure of the strongly correlated system LaxSr1−xVO3 . The impurity solver method implemented here shows the
fair agreement with the other available Monte Carlo techniques. From the study, it is found that the CT-QMC technique clearly
distinguishes metallic phase, quasiparticle phase and insulating phases of the system depending upon the strength of the correlation.
In case of La0.33Sr0.67VO3 system the metal-insulator transition is found to be at U = 4.5 eV for β = 6(eV )−1 . The value of U
depends with the value of β , and also the value of Hund’s coupling (J) and bandwidth (W). This technique allows the particle to
exchange with the reservoir of the particles and the impurity sites, which is accounted numerically to treat the temporal fluctuation
of the fermionic systems termed as dynamical mean field theory (DMFT). This theory is used to explain the phenomena of Mott-
Hubbard metal insulator transition of the materials which are applicable for designing the Mottronics, Neuromorphic computing,
Quantum computing and resistive memory devices.
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INTRODUCTION

The strongly correlated systems, having Mott-Hubbard
metal-insulator transition (MIT), are of great interest be-
cause of their application in Mottronics, Neuromorphic
computing, Quantum computing and volume resistive
memory devices [1]. The properties of such materials
are depending on tunable parameters like Coulomb inter-
action (U), thermodynamic parameter (β ), Hund’s cou-
pling (J), and bandwidth (W) [2]. In particular the MIT
phenomena is explained through dynamical mean-field
theory in addition to the density functional theory (DFT),
which accounts the temporal fluctuations in many-body
system at which spatial fluctuation is negligible [3]. Here,
we describe CT-QMC technique with hybridization ex-
pansion as the impurity solver of DMFT equation to study
MIT for strongly correlated system, LaxSr1−xVO3. The
strongly correlated systems have incoherent electronic
property, which is mainly due to the electron-electron in-
teraction on the lattice sites. MIT mainly causes due to

charge and spin degree of freedom, and orbital orderings.
These are the parameters, which also explain the nature of
Anderson localization, Jahn-Teller distortion and the un-
predictable incoherent metallic behaviours near the Mott
metal-insulator phase transition. The orbital degree of
freedom essentially important to understand the nature of
d-orbital ordering associated to behavior of MIT [2, 3,
4]. Controlling the parameters U, J and β through filling
control, bandwidth control and dimensionality control
can tune these properties. For this, one can adopt the
DFT plus the DMFT approach as well as experimental
approach [5]. Kim, M. et al. used DMFT combining
with ab initio density functional methods with the gen-
eralized gradient approximation (GGA) to account the
itinerancy and localization of electrons [6]. Streltsov et
al. also used the DMFT to predict the Hubbard satellite,
which splits the conduction band of a metal and hence
explain the Mott insulator [7]. Rubtsov et al. devel-
oped CT-QMC algorithm to study the interactions and
superexchange of fermions, which is successfully imple-
mented in multi-band model on non-local spin-flip terms
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[8]. Dirks et al. implemented the CT-QMC to obtain
the precise and unbiased imaginary time data and the
corresponding physical observables are obtained through
analytic continuation using Maximum entropy model [9].
Chatterjee et al. explain how amplitudes of Friedel oscil-
lations and the screening charge decrease with increasing
the interaction, which is finally ceases in the Mott insu-
lator regime with finite residual screening charges using
CT-QMC [10]. Similarly, this technique used to study the
realistic calculation of strongly correlated materials hav-
ing d- and f- electrons by using a set of SU(2)-symmetric
Kanamori Hamiltonian by Parragh et al. [11]. Kowal-
ski et al. developed CT-QMC hybridization algorithm to
study the splitting of d-orbitals and local Coulomb in-
teractions, which is extremely useful to explain the Mott
insulating behavior [12]. Experimentally, the angle re-
solved photoemission spectroscopy (ARPES) was used to
probe the presence of Hubbard bands [13]. Here, in this
communication we review the theoretical background of
the solution of DMFT equation implementing CT-QMC
technique with hybridization expansion to explain the
phenomena of Mott-Hubbard kinetics in superstructure
of strongly correlated systems LaxSr1−xVO3 [14, 15, 16,
17, 18, 19]. The process of implementation of recon-
structing data from CT-QMC through maximum entropy
model, which is useful to predict Mott phase transition
of TMOs, has been discussed [20, 21, 22, 23, 24, 25,
26, 27]. We believe present study helps to understand
the properties of field driven MIT which is applicable
for designing the Mottronics, Neuromorphic computing,
Quantum computing, other resistive memory devices [28,
29, 30, 31, 32, 33, 34].

METHODOLOGY AND
COMPUTATIONAL DETAILS

We discuss the theoretical background of Monte Carlo
technique, the kernel of the CT-QMC through which
computer generates a series of pseudo random num-
bers. These pseudo random numbers are then used to
either simulate naturally random processes, such as elec-
tronic fluctuation in lattice sites [35, 36]. The explana-
tions of theory related to CT-QMC for estimating Mott-
Hubbard MIT phase and implementation of technique to
the LaxSr1−xVO3 has been discussed. Further compu-
tational detail and codes used for the generation of data
were also be discussed. The Mott-Hubbard MIT in a
solid, in fact arise due to quasi-particles behaviours of
electrons, which can be characterized by (a) the pres-
ence or absence of spontaneously broken symmetry (b)
the gapped or gapless low energy neutral particle exci-
tations (c) the presence or absence of topological phase
transitions [37]. The Mott transition problem of strongly
correlated electronic system is directly addressed by the

DMFT framework for such materials [38]. The single
site Hubbard Hamiltonian for representing an interacting
system is,

H =−t ∑
ij,σ

c†
iσ cjσ +U∑

i
ni↑ni↓, (1)

The non-local part of interaction is,

Hnon−local =−t ∑
ij,σ

(
c†

iσ cjσ + c†
jσ ciσ

)
(2)

And the local part of interaction on site i is

Hlocal = U∑
i

c†
i↑ci↑c†

i↓ci↓ (3)

Considering the fermionic cases on site i, we must real-
ize that the hopping term does not conserve the particles
number at the site. The single-site lattice model (Hubbard
model) is then mapped onto a self-consistent quantum
impurity model (Anderson impurity model) representing
the interaction on real crystal lattice site i as in Fig. 1.
The impurity Hamiltonian is the basis of DMFT in which
the various kinds of impurity solvers including CT-QMC
method are implemented [39].

FIGURE 1. (Color online) The local field interaction for a fcc
lattice. In the limit of infinite dimension d → ∞ or Z → ∞ , the
local field hi surrounding a single atom can be described by an
effective field hMF with no spatial but only the fluctuations of the
electronic system [40]

The Anderson impurity model:

The Anderson impurity Hamiltonian representing the
many-body system is,

H = ∑σ=↑,↓ ε0(k) a†
σ aσ +Una↑na↓

+∑k,σ [Vk,σ (k)c
†
k,σ cσ +h.c.]

+∑k,σ εk,σ (k)c
†
k,σ ck,σ (4)

15 R. K. Rai et al.
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Where, ε0(k) is the energy level of the impurity, a†
σ

(corr. aσ ) is the creation (corr. annihilation) operator
for an electron with spin σ on the impurity, εk,σ (k) is
the energy spectrum of the bath c†

σ (corr. cσ ) is the cre-
ation (corr. annihilation) operator for an electron with
spin σ and momentum k in the bath and Vk,σ (k) is the
hybridization parameter(coupling constant) [41]. The
partition function associated with the impurity and its
fermionic bath is,

Z = Tr[exp−βH ] (5)

A very successful way to analyze the system using the
numerical technique with the imaginary time formalism,
the partition function is the path integral over Grassman
variables [42] a†

σ and aσ expressed as,

Z=

∫
D
[
a†

σ ,aσ
]

exp(−Seff) (6)

Where, Seff is the effective action associated with the
lattice Hubbard model Hamiltonian, which is solved by
mapping onto a single-site impurity Anderson model
Hamiltonian Eq. (4).

Seff =−∑σ
∫ β

0 dτdτ ′a†
σ (τ)G−1

0σ (τ − τ ′)aσ (τ ′)

+
∫ β

0 dτUna↑(τ)na↓(τ) (7)

The non-interacting (U = 0) Green’s function

G−1
0σ (iων) = iων − ε0 −∆σ (iων) (8)

According to Matsubara, the hybridization part of inter-
action is,

∆σ (iων) = ∑
k

|Vkσ(k)|2

iων − εkσ (k)
(9)

Which describes the transition between the bath and the
various orbitals [43].

Evaluating the partition function with
Monte Carlo sampling:

The varieties of quantum Monte Carlo (QMC) methods
are the most useful tools for the numerical study of many-
body systems with strong correlated fermionic system
[44]. Here, we are focusing our discussion on the CT-
QMC algorithm for fermions. This algorithm is a family
of stochastic process for solving the Anderson impurity
model at finite temperature. These methods consist of a

Hamiltonian involving a finite number of states and hy-
bridization process, which allows particle exchange with
the fermionic bath of these particles. They are important
both in their own right and as a crucial ingredient in the
dynamical mean field method of approximating the prop-
erties of interacting fermions on an infinite dimensional
lattice sites [45]. The principle behind all of these algo-
rithms is the same, which is stemming from earlier work
on diagrammatic Monte Carlo [46]. In all cases, we need
to implement the Monte Carlo Integration, in which the
integral of a function can be converted to a discrete sum
of the form,

∫ b

a
f(x)dx =

b− a
N

N

∑
i=1

f
(

a+ i
b− a

N

)
+O

(
1
N

)
(10)

There are other higher order numerical integrators such
as Trapezoidal rule, Simpson rule etc. The Monte Carlo
technique constitutes the sampling, errors, Markov chains
and Metropolis-Hastings arguments for obtaining the re-
sult [47]. In fact, the Monte Carlo is a method computes
the sums for a probability distribution, p(x) for a sampling
function f(x) of the given configuration space C [40].

∑
x

p(x)f(x),

where, p(x) > 0,

∑
x

p(x) = 1 (11)

The variable, x = (τ,σ , ...) represents the set of vari-
ables under study.

Continuous time Partition Function
Expansions in Configuration Space:

The continuous-time partition function expansions for
Monte-Carlo sampling with a typical infinite series on
imaginary time parameters is,

Z =
∞

∑
n=0

∫∫∫ β

0
dτ1..dτnp(τ1,τ2, ...,τn) (12)

This is the partition function representing the sum of
the expansion orders from zero to infinity over n slices of
imaginary time steps τ1, ...τn, which is integrated over the
probability densities, p(τ1, ...τn) from τ = 0 to β , imagi-
nary time intervals [48]. We need to sample terms with
the weight, which is associated with the infinite configu-
rations C (moves in the phase space) of this integral, con-
tributing to the partition function. As for examples, let us
start to write down some of the lowest orders of the inte-
gral explicitly. The first order calculation of the partition
function of single parameter is,

16 R. K. Rai et al.
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Z1 =
∫ β

0
dτ1p(τ1) (13)

The integrand is described uniquely by a set of imag-
inary time {(τ1)}, so that we can sample Eq. (12) up to
first order using Monte Carlo technique [49], which gen-
erates a uniformly distributed random numbers of imagi-
nary time, τ1 in the interval (0, β ), we may write,

Z1 = limN→∞
1
N

β

∑
0

p(τj) (14)

Using analogy, the second order calculation is obtained
by the another set of imaginary time {(τ1,τ2)} and gen-
erating uniformly distributed value pairs (τ1,τ2) in the in-
terval (0, β ), we may write,

Z1 = limN→∞
1
N

β

∑
0

p(τj,τ2) (15)

We need to sample the integral up to some finite or-
der n max (say) and then truncate it. For sampling, the
various terms, we employ Metropolis’ algorithm [50] to
accept or reject the possible transitions. The number of
Monte Carlo samples may have only the Monte Carlo er-
ror, which scales as 1√

N
with the samples [51]].

Let us define all the possible orders of configuration
space C as,

C ={ {..} ,{τ1},{τ1,τ2}, ...,{τ1, ...,τn} }
Which is the set of continuous imaginary time variables

τ j. We should consider that the configurations are time-
ordered, i.e.τ1 < τ2 < ... < τn Each configuration con-
tributes some value to the whole partition function. To
avoid the sign problems, the expansion coefficients above
are taken to be positive [52] otherwise sampling will be
difficult.

Markov Chain Transition (move):

We use the Markov chain Monte Carlo method for sam-
pling the configurations C that contributes to the value of
the partition function Z. Assuming, x0 be the initial con-
figuration (or zeroth order configuration), we need to pro-
ceed with random walk from a present configuration, x to
a new one y(x j) in phase space as,

x0 → x1 → x2 → ...→ xn+1.... (16)

We have implemented the diagrammatic Monte Carlo
codes by raising of the order for updating the transition,
xn → xn+1 i.e. the insertion of an additional vertex (τ j)

(adding link), or, lowering of the order, i.e. removal of an
additional vertex (τ1 ) (removal of link), or a local change
on the same site with the same order (τ j → τ ′j), like a spin-
flip or the change of a τ [53] as in Fig. 2. For summing
up all the probabilities, the Markov chain must reach a
stationary distribution. We must make sure that the sys-
tem be thermalized as well as the successive points in the
Markov chain are clearly correlated. The autocorrelation
effects must be taken into account while computing the
Monte Carlo statistical errors [45]. To create a Markov
chain of diagrams (moves) by assuming any two "moves",
we can purpose the following moves: (i) Insertion of a
link (anti-link): we choose a random imaginary time and
insert a vertex with a spin randomly up or down with the
imaginary time step, τi. (ii) Removal of a link: choosing
a random vertex of imaginary time step τi and remove it.

FIGURE 2. (Color online) Insertion and removal of vertices
(interactions) update are illustrated in the above diagrams. The
sampling process samples configurations according to their con-
tribution to the partition function [54]

Starting from an arbitrary distribution of Markov chain
process will converge exponentially to a stationary distri-
bution p(x) if two the following two conditions are satis-
fied: (i) Ergodicity: any configuration x is reachable from
any other configuration y in a finite number of Markov
steps. That is to say,
∀xy∃n : (Wn)xy 6= 0
(ii) Detailed balance: The probability Wxy of transi-

tioning from configuration x with probability density p(x)
to configuration y with weight p(y) satisfies the detailed
balance condition,

∫

c
Wxyp(x) = p(y) (17)

This probability needs to fulfill the detailed balance
condition to perform our updates using the Metropo-
lis algorithm. Assuming that we have a configuration
x = {(τ1), ...,(τn)} and try to insert a time vertex (τn+1)
to obtain a configuration y = {(τ1), ...,(τn),(τn+1)}, we
have to guarantee the detailed balance condition. The

17 R. K. Rai et al.
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transition probability density Wx,y of going from state x
to state y is,

Wx,y = Wprop(x → y)Aacc(x → y) (18)

Where, Wprop(x → y) is the proposal probability den-
sity and Aacc(x → y) is the acceptance probability density
of moving from x to y respectively.

Similarly, the transition probability Wy,x of going from
state y to x is,

Wy,x = Wprop(y → x)Aacc(y → x) (19)

Furthermore, the proposal probability density Wprop(x→
y) of inserting a time vertex (τn+1) is given by the proba-
bility of picking the imaginary time location τn+1:

Wprop(x → y) =
dτ
β

(20)

On the other hand, the proposal probability of remov-
ing a time vertex is just the one of selecting that particular
vertex out of the n+1 available vertices:

Wprop(y → x) =
1

n+1
(21)

Choosing the acceptance probabilities Aacc(x → y) and
Aacc(y → x) such that

Wx,y

Wy,x
=

dτ
β

n+1
1

Aacc(x → y)
Aacc(y → x)

=
p(y)
p(x)

Aacc(x → y)
Aacc(y → x)

=
p(y)
p(x)

1/(n+1)
dτ/β

(22)

Applying Metropolis’ algorithm to fulfill detailed balance
we obtain the acceptance ratio as,

Aacc = min
[
1, p(y)Wprop(y→x)

p(x)Wprop(x→y)

]

= min
[
1, 1

n+1
β
dτ

p(y)
p(x)

]
(23)

The configuration probability densities ratio p(y)/p(x)
is infinitesimally small, the transition rate from configu-
ration x to y remains finite [55]. The partition function is
computed through the CT-QMC hybridization algorithm
for various configuration with weight ω(C) . From which,
we compute the Green’s function of imaginary time or
frequency.

Hybridization-expansion CT-QMC:

For this calculation, we have to focus on the simplest An-
derson impurity model that can easily be generalized as
the generic multi-orbital problems. To derive an expan-
sion around the atomic limit, which could be understood
as the expansion in the hybridization technique [56]. The
effective action as the sum of an "atomic" term having all
the local terms and a term with the hybridization to the
bath as given by,

Seff = Sloc +∑σ
∫ β

0 dτdτ ′
c†

σ (τ)∆σ (τ − τ ′
)dσ (τ

′
)

= Sloc +∑σ Sσ
hyb (24)

From Eq.(6), we get,

Z=
∫

D
[
a†

σ ,aσ

]
exp(−Sloc +∑σ Sσ

hyb)

=
∫

D
[
a†

σ ,aσ

]
exp(−Sloc)

[
podσ

(−1)n
σ

nσ !

(
Sσ

hyb

)n]
(25)

Using the idea of path integral QMC with stochastic
series expansion [58], we may write,

Z = ∑∞
n↑,n↓=0

〈
Tr∏σ

(−1)n
σ

nσ !

(
Sσ

hyb

)n〉
loc

(26)

Z = ∑∞
n↑,n↓=0

∫ β
0 dτσ

1 ...dτ ′σ
n↑

∫ β
0 dτσ ′

1 ...dτ ′σ ′
n↓

∏σ
(−1)n

σ
nσ !

∏nσ
i=1 ∆σ

(
τσ

i − τ ′σ
i

)

×Tr

[
e−βHlocTr

n↑
∏
i=1

c†
↑ (τ

σ
i )c↑

(
τ
′σ
i

) nσ ′

∏
i=1

c†
↓

(
τσ ′

i

)
c†
↓

(
τ
′σ ′
i

)]

(27)
Which is the sum over many continuous variables and the
product of hybridization functions times the trace involv-
ing spin up and spins down operators.

∴ Z =
∫

C
ω(C)≈ ΣMC

C sign(ωC) (28)

Where ω(C) is the weights of configurations C in the
limit N → ∞ gives the probability,

p(C) =
1
Z

ω(C) (29)

∴ Z =
1
Z

∫

C
ω(C)f(C)∼ 1

Z
ΣMC

C f(C)sign(ω(C)) (30)

The weight of the configuration is computed as,
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ω(C) = Tr× e−βHlocTr∏n↑
i=1 a†

↑
(
τσ

i

)
a↑
(

τ ′σ
i

)

∏n↓
i=1 a†

↓

(
τσ ′

i

)
a↓

(
τ ′σ ′

i

)

×∏
σ

(−1)n
σ

nσ !

nσ

∏
i=1

∆σ (τσ
i − τσ

i ) (31)

Unfortunately, these calculations have alternating signs
problems (-ve sign problem) For evaluating the partition
function, we start from a imaginary time step diagram and
sum of the possible permutations of the fluctuations.

Computing Green’s Function from Partition
Function:

The impurity Green’s function could also be regarded as
8the logarithmic derivative of Z w. r. to the hybridization,
∆(τ) as given by,

Gσ (τ) =− 1
β

δ logZ
δ∆σ (−τ)

[
∵ G(τ) =−δ logZ

δ∆(τ)

]
(32)

G↑(τ) =− 1
Zβ

∫

C

δdet∆↑C

δ∆↑(−τ)
× (−1)n↑+n↓det∆↓CTrC

(33)
Each configuration give contributions for a discrete set

of imaginary times:

Gσ (τ)∼− 1
Zβ ∑MC

C ∑k,l δ (τσ
k − τ ′σ

l + τ)×
[
∆−1

σC

]
k,l

× sign(ω(C)) (34)

In fact, these contributions can be computed by con-
sidering a very fine imaginary time slices. This creates a
high frequency noise in Matsubara frequencies. To com-
pute single particle Green’s function in Legendre repre-
sentation, we consider the single-particle imaginary time
Green’s function G(τ) defined on the interval [0, β ] [57,
58]. Expanding G(τ) in terms of the Legendre polynomi-
als Pl(x) , Fig.3 (left) which are considered to be the basis
for expressing the function defined over an interval [-1, 1]
to calculate the imaginary-time Green’s function as,

G(τ) = ∑
l≥0

√
2l+1
β

Pł[x(τ)]Gl (35)

Where, x(τ) = 2τ
β − 1 and Gl is the Legendre coeffi-

cients that decays very quickly, which may be defined as,

Gl =
√

2l+1
∫ β

0
dτG(τ)Pl[x(τ)] (36)

The number of Legendre coefficients considered to be
important for the accurate representation of a given ob-
servable under consideration and is difficult to infer from
looking at the coefficients themselves. Recently, it has
been proposed to improve this method by employing the
Kernel polynomial method with model independent ba-
sis, what is termed as intermediate representation (IR)
basis [59]. Truncating the Legendre coefficients that are
zero within their error bars can reduce the Matsubara fre-
quency noise. The imaginary part of Green’s function of
Matsubara frequency vs. Matsubara frequency is shown
in Fig.3 (right), which is one of the typical outcomes of
this method of calculation.

Green’s Functions, Self-Energy and Spectral
Function:

The dynamical equation of motion (Dyson equation):

G−1
σ (iων) = G−1

0 (iων)−Σσ (iων)

= iων +µ − εk −Σσ (iων) (37)

Where, Σσ (iων) self-energy of Matsubara frequency
and ων =

[
(2ν+1)π

β

]
is the Matsubara frequency [60].

In the DMFT limit, the self-energy Σσ becomes a lo-
cal quantity and the lattice Green’s function retains its
momentum-dependence via the non-interacting lattice
dispersion εk.

The momentum dependent lattice Green’s function in
the DMFT limit is,

Gσ (k, iων) =
1

iων +µ − εk −Σσ (iων)
(38)

Which leads to the equation for the effective Weiss
field,

G−1
0 (iων) = Σσ (iων)+G−1

σ (iων)

= Σσ (iων)+
[∫ D(ε)

iων+µ−εk−Σσ (iων )

]−1
(39)

Where, D(ε) is the non-interacting density of states of the
original lattice. And the imaginary time (thermal) Green
function,

Gij,σ (τ) =−〈Tciσ (τ)c†
jσ ′(0)〉 → Σσ (iων) (40)

Where T is the time-ordering operator w.r.to t or τ and
ciσ = exp(iHτ)cilexp(−iHτ) in both cases [61, 62]. The
Fourier transform G(iων) of Gij,σ (τ) and the Matsubara
self-energy are computed as,

Σσ (iων) = G−1
0 (iων)−G−1

σ (iων) (41)

This is the most expensive part of the calculation,
which actually provides the new Green’s function, G0
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FIGURE 3. (Color online) First five orders of Legendre’s polynomials of x (left). A typical outcome of calculation of Green’s
function of Matsubara frequency (right).

for the next iteration of self-consistency calculation [63,
64]. In the non-interacting system, the spectral function
at a given momentum is a Dirac δ -function at ω = εk,

A(k,ω) = δ (ω − εk) (42)

The possible excitation of the system is encoded in the
interacting Green’s function on the real axis as given by,

GR(k,ω) =
1

ω +µ − ε(k)+ΣR(k,ω)
(43)

with the corresponding spectral function is,

A(k,ω) =− 1
π

Im
[
GR(k,ω)

]
(44)

In the infinite coordination limit, the momentum de-
pendence of the self-energy Σ(k,ω)≃ Σ(ω) .The solution
of a quantum many body systems may be obtained as the
solution of a quantum impurity model subject to an ap-
propriately defined self-consistency condition. Thus, the
spectral function simply be expressed as,

A(ω) =− 1
π

Im
[
GR(ω)

]
(45)

The usual bandstructure (spaghetti plot) is replaced by
a plot of the above spectral function, which can be com-
pared with the experimental results of angular-resolved
photoemission spectroscopy (ARPES) [13, 65]. Turn-
ing on correlations, the spectral function has a Lorentzian
profile as,

A(k,ω) =

− 1
π

ImΣR(k,ω)

[ω+µ−ε(k)+ReΣR(k,ω)]
2
+[ΣR(k,ω)]

2 (46)

The imaginary part of the self-energy introduces a
broadening of the original Delta-function like excitation,
whereas the real part is responsible for a shift of exci-
tation energies. The program can treat data that can be
expressed as the periodic imaginary time Green’s function
as,

G(iων)=
∫ ∞

−∞
eiων G(τ)dτ =

∫ ∞

−∞

dω
2π

(
A(ω)

iωn −ω

)
(47)

Or,

G(τ) =
∫ ∞

−∞

dω
2π

(
e−ωτ A(ω)

1± e−βω

)
, (48)

Where ων is the Matsubara frequency. The Green’s
function G(τ) or G(ω) as QMC data, we further apply
analytic continuation method to obtain the real-frequency
data, A(ω) using Maximum entropy model. The Maxi-
mum entropy model algorithm [66, 67, 68] is based on
the Bayes theorem as given by,

P(A|G) =
P(G|A)P(A)

P(G)
∝ e

(
− χ2

2 −αS
)

, (49)

Where,

χ2 = ∑
i

(Gi − Ḡi)
2

σ2
i

. (50)

with Ḡ = KA And the differential entropy of informa-
tion is,

S =−
∫ dω

2π
A(ω) ln

A(ω)

D(ω)
(51)

Where D(ω), is called the default model. For maximizing
the posterior probability, we need to choose the optimal
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value of α using the Bayesian inference [24, 68] as,

P(α|G) ∝
P(α)

ZS
α

∫
DA eαS− χ2

2 , (52)

The value of α is then taken as the most probable one. To
find the maximum, one needs a guess for the prior P(α).

FIGURE 4. (Color online) The maximum a posteriory ΘMAP is
obtained through the Bayesian statistical inferences [24]

The maximum posterior probability is regarded as the
realistic representation of data for the real materials. It
is estimated through Bayesian theorem out of the given
conditional probabilities by maximizing the entropy of
information as shown in Fig.4. We have used density
functional theory to calculate the density of states (DOS),
which is the input data for DMFT calculation. DMFT
generates the Green’s function data in imaginary time or
Matsubara frequency through CT-QMC algorithm with
hybridization expansion, which is considered to be a
rough data. The real frequency data (spectral density)
are computed from the Green’s function data using Max-
imum Entropy model, which is equivalent to the experi-
mental observation. By analyzing spectral density, MIT
is predicted with the adjustment parameters U, β and J
values.

RESULTS AND DISCUSSION

The electronic structure of LaxSr1−xVO3 (0 < x <1) sys-
tem has been studied through the conventional DFT along
with the DMFT. This system is the typical examples of the
extended transition metal oxide system with a 3d1 elec-
tronic configuration. The supercell of SrVO3 is recon-
structed within the frameworks of 1× 1× 2 for the ab-
initio calculation. With the k-mesh grid, the Monk-horst
pack of 11×11×5, the convergence criteria are chosen to
be 10−3e, 10−5 eV and 0.05 eV/ 0A respectively [69, 70,
71]. The optimized lattice parameter 4.12 0A and crystal
structure for the sample is in Fig. 5. The conventional

DFT results for DOS and Band structure of LaxSr1−xVO3
show the sample is metallic as in Fig.6, which is in agree-
ment with others works [72]. The outcomes of the nu-
merical simulation are discussed here as the followings:

FIGURE 5. (Color online)(a) Lattice parameter optimization
curve with crystal structure of LaxSr1−xVO3
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FIGURE 6. (Color online) The electronic structure (DOS and
Bandstructure) of LaxSr1−xVO3

The characteristic QMC data, such as G(τ) or G(ω) are
obtained through CT-QMC with hybridization techniques
as shown in Fig. 7-10 for LaxSr1−xVO3 system. These
data are used for analyzing Mott-Hubbard metal insula-
tor transition at first hand. In general, the QMC data are
noisy, incomplete and over-sampled one, so we need to
use analytic continuation (reconstruction of data) to ob-
tain the real frequency data for comparing the experimen-
tal results. We have used Maximum Entropy model based
upon the Bayesian statistical inferences for the analytic
continuation [73, 74]. In fact, it gives the spectral func-
tion A(ω) along with the error estimation of calculation.

The real frequency spectral function A(ω) is com-
puted using the QMC data through Maximum entropy
model (MEM), which works on the Bayesian statistical
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FIGURE 7. (Color online) The Green’s Function vs. imaginary
time (τ) of La0.67Sr0.33VO3 with various U values
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inferences [75, 76]. The metal insulator transition for

FIGURE 9. (Color online) The self-energy vs. frequency (ω)
for U = 3.5 eV and various β values

La0.33Sr0.67VO3 system is computed for U = 4.5 eV, and
as in Fig. 11 which may vary with other parameters such
as Hund’s coupling (J) and bandwidth (W) as well.

The optimal value of hyperparameter or adjustable pa-
rameter (α) is crucial to represent the real data of the ma-
terials. For choosing the optimal value of α we use the
logistic regression method for the reconstruction of data
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FIGURE 10. (Color online) The spectral function vs. frequency
(ω) for U = 3.5 eV and various β values of La0.33Sr0.67VO3
system.

0
0.5

1
1.5

2
2.5

u = 2.0 eV, β =6

0

0.7

1.4

2.1

S
p

e
c
tr

a
l 
D

e
n

s
it

y
, 
A

 (
ω
)

u = 3.2 eV, β = 6

-6 -4 -2 0 2 4 6

Frequency, (ω)

0

0.4

0.8

1.2

1.6

u = 4.5 eV, β = 6

Metallic Phase

Quasi-particle Phase

Insulating Phase

FIGURE 11. (Color online)The variation of spectral function
A(ω) with U values for the optimal value of α

-4 -2 0 2 4

Frequency (ω)

0

0.5

1

1.5

2

2.5

S
p

e
c
tr

a
l 
D

e
n

s
it

y
 A

(ω
)

J = 0.20 eV

J = 0.25 eV

J = 0.55 eV

J = 0.65 eV

FIGURE 12. (Color online) The distribution of spectral func-
tion A(ω) with the various values of J.

A(ω) from the QMC data G(τ). The lower part of the
information-fitting region as in Fig. 13 are chosen to be
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optimal value of α , which is determined by the maximum
value of the curvature of log10χ2 vs. γlog10α curve [77].
We may also use sample frequencies for predicting the
optimal values of α as in Fig. 14. The statistical error
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FIGURE 15. (Color online) The normalized deviation (ND) of
real part of ∆G for the data computed with MEM

FIGURE 16. (Color online) The autocorrelation (AC) of real
part of ∆G for the data computed with MEM.

FIGURE 17. (Color online) The normalized deviation (ND) of
imaginary part of ∆G for the data computed with MEM.

FIGURE 18. (Color online) The autocorrelation (AC) of imag-
inary part of ∆G for the data computed with MEM.

such as the normalized deviation of real and imaginary
parts of the uncertainty of Green’s function of frequency
∆G and its auto correlation are computed within the per-
missible standard error bar Fig. 15-18 [78, 79, 80, 81, 82,
83].

23 R. K. Rai et al.



JNPS, 7 (3), 2021 A Continuous Time Quantum Monte Carlo ...

CONCLUSIONS

We review the theoretical concept of DFT +DMFT ap-
proximation to calculate the electronic properties of strongly
correlated system through CT-QMC algorithm as an im-
purity solver. Implementation of Maximum Entropy
model for the real frequency data (spectral function)
to investigate the Mott-Hubbard MIT is also discussed.
From the calculation, the lattice parameters of optimized
LaxSr1−xVO3 are a = 4.12 0A, b = 4.12 0A and c =
7.930A. The electronic band structure from conventional
DFT shows metallic behavior of the sample. However,
after the application of DMFT with CT-QMC hybridiza-
tion expansion it turns out to be a Mott insulator at U =
4.5 eV, and β = 6(eV)−1. The optimal value of adjustable
parameter α is obtained through logistic regression. Sta-
tistical error confirms that present calculation are within
the permissible error bar limit.
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